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ELECTRON TUBES 

Volume I 

( 1935-1941) 

PREFACE 
The wealth of material on the general subject of vacuum tubes and 

thermionics which was originally published during the years 1935-1948 
has required more than one volume for its presentation even though a 
very stringent selection process has been followed by the editors. 
Accordingly, two volumes are being published at this time. 

This book, ELECTRON TUBES, Volume I, is the ninth volume in 
the RCA Technical Book Series and the first devoted exclusively to 
tubes. It covers the period 1935-1941; the companion book, ELEC­
TRON TUBES, Volume II, carries the series through 1948. 

Papers are presented in four sections: gP-neral; transmitting; re­
ceiving; and special. As additional sources of reference, the appendices 
contain a bibliography on vacuum tubes, thermionics, and related sub­
jects and a reference list of Application Notes. The bibliography has 
been included to insure that applicable material on tubes is available 
in this volume-at least in reference form. Papers concerning tubes 
which relate to specific applications or fields such as television, fac­
simile, UHF, or frequency modulation, are listed in the bibliography; 
they are covered, however, in other volumes of the Technical Book 
Series. 

* * * 
RCA Review gratefully acknowledges the courtesy of the Institute 

of Radio Engineers ( Proc. I.R.E.), the American Institute of Electrical 
Engineers (Elec. Eng.), the American Institute of Physics (Phys. Rev. 
and Physics), the Society of Motion Picture Engineers ( Jour.Soc. 
Mot.Pk.Eng.) and the McGraw-Hill Publishing Company (Elec­
tronics) in granting 1to RCA Review permission to republish material 
by RCA authors which has appeared in their publications. The appre­
ciation of RCA Review is also extended to all authors whose papers 
appear herein. 

* * * 
Since the days of the earliest discoveries of Fleming and De Forest, 

electron tubes have been one of the foundations upon which the entire 



strncture of modem radio, electronics and television has been built. 
Progress in tube design and technique has often controlled the rate 
of advance in various app!Jcations in the communications, entertain­
ment and industrial fields. 

ELECTRON TUBES, Volume I, is, therefore, being published for 
scientists, engineers and others whose work involves the design of 
tubes ,>r their application with the sim·ere hope that the material here 
as,;embled may serve as a useful background text and basic reference 
source tu help speed new tube developments and thmi advance the 
sckrn:e and art of radio-electronics. 

The Manager, RCA Review 
RCA Laboratories, 
Princeton, New Jersey 
March 4, 1949 
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THIN FILM FIELD EMISSION*t 

BY 

LOUIS MALTER 

RCA Manufacturing Company, Iuc., 
Camden, N .• J. 

Summary - Aluminttm, oxidized cleetrolytically, and subsequently 
treated with caesium and oxygen possesses new and interesting properties 
when subjected to electron bombardment in the presence of an adjacent 
collector electrode whose potential is held positive with respeet to the 
aluminum. True secondary electron emission from the treated surf ace 
resu,lts in the establishment of a positive charge on the surface and a 
polarization of the oxide film. This positive charge acting through the thin 
ozide film produces a high gradient, resulting in the emission of electrons 
through the surface. The emission increases with collector voltage and 
beam currents, obeying power laws, but ezhibits saturation tendencies. The 
removal of the primary beam does not result in the immediate cessation of 
the field emission, but rather in a slow decay which is due to the fact that 
the surface charge takes an appreciable time to leak away. Similar time 
lags are noticed when the beam is first applied, particularly if the collector 
voltage has been reversed while the beam impinges on the surface. 'The 
surfaces are also light sensitive, in that light causes a decrease in the field 
emission and a speeding up of decay. Attempts were made to demonstrate 
this effect for other surfaces, but, with a few ezceptions, the results were 
negative. 

INTRODUCTION 

T HIS paper constitutes a more extended report of a letter pub­
lished recently1 under the title "Anamalous Secondary Electron 
Emission." Considerable criticism of this name for the phe­

nomenon involved has arisen as not being descriptive of its apparent 
nature and, consequently, the above title suggested by Dr. J. A. Becker 
has been adopted. 

In a search for a surface possessing a high secondary emission ratio, 
a considerable number of composite surfaces of various types were 
investigated. In the case of aluminum oxide treated with caesium and 
oxygen in a manner to be described below, it was found that a primary 
electron beam impinging upon the surface caused a current flow to a 
positive collector which, in certain cases, was several thousand times 
as great as the primary current. The phenomenon differed from that 
in the case of normal secondary emission in that the collector current 

• Decimal Classification: R138. 
t Reprinted from Phys. Rev,, July 1, 1936. 
1 Malter, Phys. Rev., 49, 478 (1936) 
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2 ELE:C1'RON 1'UBE8, Volume I 

was dependent upon the collector potential and primary current density. 
It exhibited very marked time lag chararteristirs and was also affected 
by light. 

EXPERIMENTAL PROCEDURE 

A. Tuue anil circuit 

A diagram of the tube employed, togPther with the accompanying 
circuit is shown in Fig. 1. 

The cathode was of the barium oxide-strontium oxide type. The 
electron gun parts were made of tantalum. The electrodes on the walls 
of the tube were platinum formed by the reduction of Hanovia plati­
nizing solution. The regions around the "side contacts" were coated 
with silver formed by the reduction of Hanovia silver paste. 

The platinum film consisted of two portions, the first serving as 
the so-called "second anode" of the electron gun. The second portion 
served to collect the electrons emitted from the target. If a single 

Fig. 1-Schematic diagram of apparatus. 

film is used as both second anode and collector, a change in collector 
voltage (VJ causes a murh greater change in beam spot size than if 
two separate films are employed as shown. This precaution was neces­
sary in view of the dependence of the rollector current upon beam 
spot size. 

The caesium was produced by exploding compressed pellets of 
powdered caesium chromate and zirconium in a side tube. 

Two pairs of deflecting coils (not shown in Fig. 1), mounted just 
beyond the first anode (at right angles to each other), served to posi­
tion the beam on the target. 

B. Formation of the oxide film 
The aluminum oxide waR formed by making the aluminum the 

a.node in a bath wherein the cathode was a platinum foil. Various 
composition baths were tried. Satisfactory results were obtained with 
a standard solution of borax and boric acid. 
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It has been shown2 that for times of formation in excess of a few 
minutes the thickness of the oxide film formed is practically inde­
pendent of the time and the bath employed. The thickness is given by 
the relation 

D=17.0V, 

where D is the oxide thickness in A and V is the applied potential in 
volts. However, the resistance of the film does depend upon these 
factors. No real study of the effect of the nature of the bath upon the 
film properties appears to have been made. 

If at any time during the oxidation process, the applied voltage is 
gradually reduced, it is found that plots of the logarithm of the applied 
voltage against the logarithm of the current through the film yield 
curves of the form shown in Fig. 2. It is seen that below a certain 
voltage the curve is linear. Gtintherschulze and Betz I have shown that 
over this linear region the current is purely electronic, whereas above 
this point ions move through the oxide lattice and contribute to an 
increase in its thiekness. The portion of the current lying below the 
extended linear portion of the curve is electronic, whereas that above 
is ionic. 

The prepared aluminum foil was mounted on a nickel plate for 
support and its edges were painted with willemite in order to permit 
the position of the beam to be seen by the fluorescence excited. Equally 
spaced circles were scratched lightly on the willemite in order that it 
pe possible to determine the size of the spot. For intense beams (in 
excess of 3 to 4 microamperes) a faint blue fluorescence appeared on 
the oxide surface, permitting of a direct determination of the position 
and diameter of the electron beam. 

The tube was pumped and baked at 475°C until the pressure 
dropped below 10--r. mm of Hg. After cooling, the parts of the electron 
gun were outgassed by means of high frequency and the oxide cathode 
activated Ro a1-1 to be thermionically emissive.4 

Caesium was now introduced into the tube and the tube then 
baked at 200°C for ten minutes. After cooling, oxygen was admitted 
into the tube to a pressure of 1 mm of Hg and pumped out after a few 
seconds. This treatment was sufficient to bring about the appearance 
of the thin film field emission, or enhance it in cases where it was 
present prior to any treatment. 

2 Guntherschulze and Betz, Zeits. f. Elektrochemie 37, 8-9 (1931). 
a Gfintherschulze and Betz, Zeits. f. Physik 92, 367 (1934). 
4 Dushman, Rev. Mod. Phys. 2, 381 (1980). 
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It was found impos­
sible to secure completely 
reproducible results. In 
an effort to determine the 

0 

o.s- possible reason for this, 
all chemicals used were 
recrystallized and the 
water redistilled, and, in 
addition, the purest ob­
tainable aluminum was 
secured from the Rhein­
ische Blattmetall A.G.5 

However, their material 
was no better in this re­
spect than the available 
commercial "electrolytic 
condenser" aluminum. 

0.2 

a.or 

02 

,OI 

Fig. 2--Current voltage charact.eristic of 
aluminum oxide film after formation in 
saturated borax and boric acid bath for 

one hour. 

EXPERIMENTAL RESULTS 

Except where noted the measurement given were obtained from a 
tube having aluminum with an oxide thickness of 2000A. While the 
exact results obtained differ from those in other foils with the same 
oxide thickness, the essential conclusions and laws are the same, the 
actual magnitudes only being affected. 

A. Va.riation of ooUector voltage (V0 ) 

If the beam current (111), second anode voltage (Ep2 ) and spot size 
are held constant, the variation of the collector voltage (V0 ) causes a 
rapid variation in the collector current (10 ). 

The results for different values of 111 for the cases wherein (Ep2 = 
500 volts, Ep1 = 48 volts) and (Ep2 = 250 volts, Ep1 = 26 volts) have 
been plotted in logarithmic coordinates in Figs. 3 and 4. These com­
binations of Ep1 and Ep2 yield the same spot &lie. 

In general, it is seen that: 

l 0 =B(V0 ) 111• (1) 

1 Rheiniache Blattmetall A. G. GNvenbroich (Niederrhein). 
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At this point, it 
should be made clear 
that the results apply 
to only one region of 
the target. The values 
of I a obtained from 
different regions of 
this surface vary con­
siderably. However, 
if one restricts oneself 
to a particular region 
and is careful not to 
alter the surface in 

,.2------,----,----,---:::,,::117"1 
E,- = soo VOLTJ 

Ep, = '18 1/aLT.S 

2,il----.---4-~-nY~-9:,--,,,:7"( 
u 

H 

the manner to be de-

.r. = 11.s-.,,. .. 
Xi. • .s:1_,,.c 
x.,: 2,67,,MC 
x. = ,.,s.,.. .. 
I.,= o,.,.,..,.. 

o.1e1,,.. 
0,087,.M• 

scribed below, the re- LoG,. V. 
sults are reproducible. In these measurements as well as in those that 
follow (except where noted) all the data were obtained at the spot 
on the surface which yielded largest collector currents. 

B. Variation of beam current 
A series of readings were taken, everything being held constant 

except lb. The results for Ep2 = 500 volts, Ep1 = 48 volts, and different 
values of Ve are plotted in Fig. 5. All of these curves are "repeats." 
It is found that if lb is increased in steps, and corresponding values of 
la obtained, a curve is obtained which does not repeat itself at low 
values of lb. However, after the first run, all succeeding curves do 
r'epeat themselves. These stabilized lb, Ia points, which are plotted in 

Er, =2so VoLT.s 

Ep, ~ 26 VOLTS 

Fig. 8 (above) and Fig. 4 (below)-Varia­
tion of collector current with collector poten­
tial for different values of beam current. 

Spot size held constant. 

Fig. 5, and the curves 
obtained, are the "re­
peats" referred to 
above. 

To illustrate the 
nature of this devia­
tion for the initial 
run at low values of 
I b• three successive 
runs are plotted in 
Fig. 6. The circles 
are the first run, the 
crosses and triangles 
the second and third, 
respectively. It ia 
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seen that after the 3.2,,----.....----...-----.-----,-----, 
first run, the succeed­
ing runs lie along the 
same line. Tim natur<! 
of the polarization 
and time lap- pffects 
whir:h give rise to the 
deviations in the first 
run will reC'eive more 
detailed consideration 

2.'ft----+----+---r--+--;.<----1,.,,__ __ 

H' . 
,i ..s /.61----+:,,,C.....-:>"f----"-"'l--~-'-----l 

below. 

Returning to a 
consideration of Fig. o.a . ."I 

8 + LotJ,10 I, 
5, it is seen that ex­
cept for low values of 
V0 and lb, the curves 
are all straight lines of 
sented by: 

Fig. 5-Variation of collector current with 
beam current for different values of collector 

voltage. Spot size held constant. 

the same slope. These results can be repre-

(2) 

log10 Pas a function of Vr is plotted in Fig. 7. If V 0 < 70 volts, 

p = 0,145 X 1Q0.023Vr, (8) 

By substituting (3) in (2), there results: 

Ir= 0.145 X 1Q0,23Vc(Ib)O,Tl. (4) 

3.2.----.----...---.----.....-----. This relation holds 

0 

'i ,.,-------~-----..._---I 
-.I f l:pz = SOO VOLTS 
t- Ep, ,. 'fB VOLT.5 

~ Ve = 67.S Vo~ 

• F11UT lh/N 

4 Sno,.r, 1',111 
)( '7'11111.P 1i111rt 

I 
-~1.:----.10:---.,.-1o. ,----,_'2------,.,...---...! 

8,. Lo•,0 I1, 

Fig. 6-Demonatration of variation between 
fir11t and succeeding runs wherein beam current 

is varied. 

for all values of 11> and 
I O except for those be­
yond the linear re­
gions of the curves of 
Figs. 5 and 6. 
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Fig. 7-Plot of intercepts of collector current 
-beam current characteristics as a function 

of collector voltage. 

C. Va.riatio-n of spot 
size 

In order to see 
whether Eqs. (1) and 
( 4) could be expressed 
in terms of current 
density, a series of 
runs were taken at 
different spot sizes, 
the spot sizes being 
determined by deflect­
ing the spot onto the 
willemite. Because of 
a slight misalignment 
of the fl.rat anode, the 
spot was oval instead 
of circular. This 
made the determina­
tion of the spot size 
quite inaccurate, but 
it was felt that an 

approximation of the current density law could certainly be obtained. 
In Fig. 8, the values of / 0 / A and I bl A for various values of I b are 

plotted on logarithmic scale, where A is the spot size. When consider­
ation is taken of the large error in the determination of A, it seems 
that the best representation of the results is a straight line drawn 
among the widely scattered points. We have thus: 

log 106 1,/A = 1.92 + 0.78 log 10° lb/A. 

The fact that the 
slope is practically the 
same as that for Eq. 
( 4) indicates that the 
linear relationship ex­
pressed in Eq. (5) is 

s 

'2 1-t'!c 

Ii 
.• ! 

• 

ID 

a reasonable repre- a 
sentation. 

' .. . 

E,. • .soo VO&.T'$ 

V1 a U VOLT'.$ 

•I.• ,a a,..• 
• r. • ,1.,... 
• I, • OSS,.,.tea /. 

? 
/ 

. /' 
/ . 

6• Loe;,.~ 

•• OIJ , 

(5) 

V 
/ 

V• 

• " "' Fig, 8-Variation of collector current divided 
by spot size with beam current density. 
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The agreement between Eqs. (4) and (5) is very good and conse­
quently Eq. ( 4) may be generalized into the form: 

A(],/ A) = 0.145 (10)0 0~3VcA0.71 (lb/ A)0.71 (6) 

and since Eq. (4) was derived at Ep2 = 500 volts, Ep1 = 48 volts, for 
wh.ich values A =0.72 cm2 ; we can insert this value of A in Eq. (6) 
and obtain: 

Jc= 0.160 (10) 0.0281'cJ B0.71, (7) 

where 

Eq. (7) is the law representing the collector current as a function 
of beam current, spot size, and collector voltage for the oxide thick­
ness employed and over the surface region investigated. In general, 
the law is of the form: 

(8) 

where a, p, and i' are functions of the oxide thickness and formation 
conditions. This law does not apply if V0 and 10 are above or below 
certain values. Possible reasons for this will be discussed below. 

D. Decay cha.ra.cteristics 

If lb is suddenly reduced to zero by increasing the negative voltage 
on the grid of the electron gun, it is found that 10 does not immediately 
vanish but decreases rapidly at first, and then more slowly, and finally 
approaches a zero value asymptotically. 

Samples of the decay characteristics for the same surface for 
which the preceding gain studies were made are shown in Fig. 9. 
Decay characteristics are extremely erratic in that small motions of 
the spot position cause large changes in the rate of decay. However, 
in general it is true that the greater the gain, the slower the absolute 
decay but the more rapid the relative decay. To show the extreme 
variability of the decay characteristics another curve is shown in 
Fig. 10. This is the decay characteristic for an entirely different sur­
face, formed at the same voltage as the one previously described. The 
gains from this surface were slightly higher than from the one 
studied. Unfortunately, before further measurements could be made, 
this surface was destroyed by overheating with high frequency. The 
decay time for this surface was of an entirely different order of 
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:10.-----.---r---T----,--------
Ep,:: soo VOLTS 
Ep, = ~e vo~TS 

Fig. 9-Typical decay characteristic after re­
moval of primary beam. 

magnitude, being 
measured in minutes 
rather than seconds. 
Current to the collec­
tor could be detected 
after 24 hours. 

It has been found 
that if log [- log (10 / 

lc0)/T] is plotted 
a g a i n s t log I 01 a 
straight line is ob­
tained. ( T is the de­
cay time). The case 
corresponding to Fig. 
10 is shown in Fig. 
11. The small num­
bers adjacent to the 
points represent the 

corresponding decay time in minutes. This linearity indicates that 
the neutralization of the surface charge is due primarily to the field 
emission itself. 

If at any time during the decay the lead to the collector is opened 
momentarily, it is found on closing the circuit that 10 has dropped to 
practically zero. If 
V0 is reduced at any 200°.....--...:1;-----'2i--_ _,3.___ __ .,,:....-_...:s-:....-_..x.. _ __, 

time during the decay, 
the rate of decrease 
of / 0 is not affected 
unless V0 is reduced 
below some definite 
value, this value being 
lower the longer the 
decay period that has 
elapsed. 

A more detailed 
consideration of the 
significance of decay 
characteristics will be 
given after the theory 
of the effect. 

/ocj----1-----l Era = soo VOLTS 

Ep, = 7S VOLTS 

Ve = 135 VOLT$ 

I.,, :: o.os _,A,(a 

I t--+-.:;:::i,-...,J1'1o!ll!.,-.n....a.a.::,a.~-4--~---J 
c::s 

o~~-t--+---+---=t--=-1---+-~ 
! 

0 60 0 
M,,..uT~.s 

Fig. 10-Example of very slow decay. 
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E. "Building-up" characteristics 
If, at any time, lb is first cut off by an increase in the grid bias, 

and then after le has dropped to a negligible value, lb is suddenly 
restored to its original value, le returns to its final value very rapidly. 
If, in'!tead of biasing off lb, V0 is reduced to zero and then restored 
to its original value, le also returns to its original value very rapidly. 

If, however, instead of reducing Ve to zero with r,, unchanged, V 0 

is actually reversed in direction so that the collector is negative with 
respect to the target, upon restoring Vr to its original positive value, 
the building-up takes on new and interesting forms. Some of these 
results are shown in Fig. 12 for cases wherein Ve= 22.5 volts and 
45 volts. It is seen 
that the lower the 
values of lb and V0, 

the slower the build­
ing up. A curious 
feature is the fact 
that 10 remains con­
stant for a consider­
able time before be­
ginning its rise, 
particularly for low 
values of l,, and V, .. 

If, instead of re­
versing V,., a negative 
voltage ( V 8 ) different 
from V0 is applied to 
the collector and then 

0~---+----.~---1-.,£.--~----1 

_.,l-~---+-~LoUl.~----l-----1 

'6 + Le» ,o Ic 
-Q ..r . 0 

the collector voltage Fig. 11-Illustration of linear relation obeyed by 
is restored to its orig- persistent emission. 
inal Vr value, the building-up curves are altered. In Fig. 13 are plotted 
the building-up characteristics for V R = 0, -- 22.5, - 45 and - 67.5 
volts, for the case where Ve = 67.5 volts. As V.u is made smaller in 
absolute value, the building-up becomes more rapid. An interpreta­
tion of the various building-up curves will be given below. 

F. Scintillations and alteration of cha,ra,cteristics 
If Va and lb are increased beyond certain points, scintillations are 

observed on the aluminum oxide surface, their number and frequency 
increasing as V0 and 1,, are raised. These scintillations alter the sur­
face characteristics and, consequently, in the preceding experimental 
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work, care was taken 
to keep them at a 
minimum. Their com­
plete elimination is 
impossible except for 
very low values of V0• 

Scintillations are un­
doubtedly due to mo­
mentary ruptures of 
the oxide film. 

'•:, .$'00 OLTI 

E,, • '96 VOLTS 

c • fS' Vo,r.f 
• •1.7J"' ..... 

Continued scintil­
lation causes a slow 
decrease in the gain 
characteristics, but a 
very rapid alteration 
in the decay charac­
teristics. Continuous 
and rapid scintilla­
tions finally cause the 
complete disappear­
ance of the thin film 

Fig. lZL-Building-up curves obtained after re­
versal of collector potential with beam impinging 

on target. 

emission. A surface formed at 12 volts was run with V0 = 90 Volts. 

l:r, • Soo Vou·• 
Er, • '98 VoLT• 
z. • o . .r.r ..,.. .. 
V~ = '17.J' Vo1,T.r 

20!'----,1,,!,00,-.-t""'oo~---,,3~00,---4,,.IOOL..---,#J.0.,...---~ 

.S1tCOMOS 
Fig. 13 - Building-up curves when 
collector potentials. are reversed to 
different negative values and subse­
quently restored to same postiive 

value. 

Under these conditions, the sur­
face was covered with a uni­
formly dense distribution of 
pin-points of scintillation. 
After one-half hour these scin­
tillations had completely dis­
appeared, but so had the thin 
film emission. 

G. Light effects 

It was noted that the 1:1hi11-
ing of light upon the surface 
always causes a marked de­
crease in 10 • In addition, light 
causes a marked increase in the 
rate of decay after I.,, is cut off. 
The effects upon gain and decay 
were most marked for tubes 
with the longest decay. In cer­
tain cases a decrease in 1. of 
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200 microamperes was observed when a flashlight was shone upon the 
surface. The same light impinging upon a caesiated silver oxide surface 
resulted in a current yield of only 10 microamperes. Thus when used 
in this way the device is many times more "photosensitive" than 
the best surface heretofore known. 

DISCUSSION OF EXPERIMENTAL RESULTS AND PROPOSED DESCRIPTION 

OF THE PHENOMENON 

In the case of normal secondary electron em1ss10n, the primary 
electron reacts with the conduction electrons of the substance being 
bombarded in the presence of the force fields of the atoms or ions 
constituting the latter, resulting, in certain cases, in the transfer of 
sufficient backward momentum to conduction electrons to permit of 
their escape through the surface. The theory for the case of the 
uniform metallic lattice has been treated by Frohlich.6 

Thin film field emission appears to be due to an entirely different 
mechanism. The phenomenon appears to be dosely related to one 
described by Giintherschulze7 wherein extremely fine particles of 
aluminum oxide (among other substances) sprinkled on a semicon­
ductor which serves as the cathode in a gas discharge, emit a copious 
stream of electrons with velocities corresponding to the cathode-anode 
difference of potential. In this case, according to Gttntherschulze, 
positive ions lodge on the sides of the oxide particles away from the 
semiconductor and build up a positive charge thereon. If the gradient 
across any of the particles becomes sufficiently· great, electrons will be 
extracted from the underlying semiconductor. The effect disappears 
after several hours, apparently due to the mechanical rupture of the 
oxide particles by the high fields and high current densities present, 
with a consequent destruction of their insulating structure. 

In the case of the thin film field emission the primary electrons 
impinging upon the treated aluminum oxide surface cause the release 
of true (i.e., normal) secondary electrons therefrom, these being 
attracted to the collector electrode. If the secondary emission ratio is 
greater than unity, more electrons will leave the surface than impinge 
upon it. Because of the high resistance of the oxide film, a positive 
charge is built up on the surface, this charge ultimately causing the 
extraction of electrons from the aluminum and aluminum oxide because 
of the intense gradients established. Thus in this case the emitted true 

• Fr!Shlich, Ann. d. Physik 13, 229 (1982). 
7 GO.ntherschulze, Zeits. f. Physik 86, 778 (1933). 



THIN FILM FIELD EMISSION 13 

secondary electrons take the place of the arriving positive ions in 
Giintherschulze's experiment. 

Concomitant with the building up of the surface charge, the oxide 
becomes polarized, the polarization as well as the surface charge per­
sisting after the removal of the primary beam. Evidence for the 
persistent polarization of aluminum oxide has been found by Gilnther­
schulze and Betz.8 In addition, space charges are established within 
the oxide, the sign of the charge depending upon the sign of the 
collector. 

This picture enables the various manifestations of the phenomenon 
to be explained in a very convincing manner. These will be considered 
in turn. 

1. 

The reason for the special treatment required with caesium and 
oxygen is made clear. This treatment serves to form a thin, noncon­
ducting film on the surface of the aluminum oxide whose true secondary 
emission ratio is considerably greater than unity, resulting in the 
rapid building up of the positive charge on the surface when bom­
barded with primary electrons. It is believed that the layer of caesium 
oxide is monomolecular. This belief is founded upon the following 
evidence: 

(1) The amount of caesium beyond a certain minimum amount 
does not appear to affect the magnitude of the phenomenon. 

(2) No change can be detected in the appearance of the oxide 
surface. In the case of silver oxide, on the other hand, the reduction 
of the oxide to appreciable depths by means of caesium is shown by 
the decided change in appearance. 

(3) Tqe heat of formation of aluminum oxide is so high that it 
cannot be reduced by metallic caesium. It is quite likely, however, 
that the heat of adsorption of caesium on aluminum oxide exceeds the 
heat of formation of the oxide. 

The mere formation of the caesium layer on the surface, while it 
enhances the true secondary emission, does not by itself result in the 
appearance of the anomalous effect. This is due to the fact that the 
pure caesium film on the surfaces is conducting and thus prevents 
the positive charge from being established. 

2. 
The relation between collector current, beam current and collector 

voltage is expressed by Eqs. (1) and ( 4). It is of interest to note 

• Gilntherachulze and Bet.s, Zeits. f. Physik 73, 680 (1982). 
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that Eq. (1) is of the same form as the relation between voltage and 
current for the composition material "Thyrite."9 For thi11 material the 
current is given by: 

I=BVm, (9) 

where B and m are constants which depend upon the proportions and 
nature of the constituents. Thyrite is composed of particles of carbo­
rundum coated with silica imbedded in a highly resistive matrix. 
Giintherschulze has ascribed the non-ohmic characteristic to the estab­
lishment of high gradients across the particles with a resultant "cold 
emission" through the particles. This view is borne out by the fact 
that the "cold emission" through the oxide films in this experiment, 
i.e., the thin film field emission, obeys a law of the same type. 

The identity in form of the Thyrite law, Eq. (9), and the thin 
film field emission law, Eq. (1), indicates that in the case of this 
effect, the potential of the front surface of the aluminum oxide surface 
with respect to the underlying aluminum (denoted by (V8 )) is pro­
portional to V,,, i.e., 

8. 
The time lags which are a feature of this effect are immediately 

explained by this picture. If the beam is turned on or increased, it 
takes an appreciable length of time for the region being bombarded 
to come to equilibrium under the opposing actions of the charging due 
to the true secondary emission and discharging due to leakage through 
the film, as well as for the polarization of the oxide and internal space 
charge to assume equilibrium values. 

The time lag of the space charge is apparently very m"uch greater 
than that of the surface charge. This belief is borne out by the experi­
ments in which V0 was reversed with the beam on. On restoring V0 to 
its original direction, the surface charge undoubtedly reassumes its 
original positive value in a time no greater than the building up re­
quired when V0 is not reversed, but merely reduced to zero. Yet, the 
reversal of V0 greatly increases the building-up time. This increase 
can be due only to the fact that the field effective in extracting the 
electrons is weakened by the presence of negative space charge pro­
duced while the collector potential was reversed. 

The persistence of the surface charge when the beam is cut off 
is demonstrated by the slow deca.y of 10• Only a small portion of the 

• McEachron, U. S. Patent #1,822,742, 
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field emission serves to neutralize the surface charge. This is also 
borne out by the virtual disappearance of collector current after a 
momentary opening of the collector circuit. 

4. 

The scintillations which appear for intense beams and high collector 
voltages are due to a violent breakdown of the oxide film. It was 
thought at first that this rupture would occur only if the surface target 
potential exceeded the formation voltage of the film. However, it was 
soon found that scintillations occurred when the collector voltage was 
less than the formation voltage. It was then believed that scintillations 
should not occur if the target surface potential were less than the 
critical potential Vb in the formation curve. (See Fig. 3.) It would 
appear that if the surface potential exceeded Vb there would be a 
tendency for ions to move through the film. However, since there is 
no electrolytic bath to supply the loss of ions at the outer surface, a 
rupture would occur. However, it was found that scintillations occurred 
when the collector voltage was considerably less than Vb• Apparently 
the breakdown is due to there being weak spots in the oxide film. 
When the sample is in the bath, any tendency to breakdown is over­
come by the oxidizing action of the bath. This cannot, of course, occur 
in the vacuum tube. It is probable that invisible breakdowns occur 
down to very small values of V0 • Recently, Zauscher10 has established 
a relation between film thickness and breakdown voltage for a film in 
air. For small thicknesses ( < 4000A), the relationship is given by: 

Breakdown Voltage= 8 X 105d, 

where d, the film thickness, is measured in cm. 
Thus for the 2000A film studied above, the breakdown voltage is 

16 volts, whereas Vb is 78 volts and the formation voltage 116 volts. 
The deviations from the laws as expressed in Eqs. (1) and (4) at 

high values of V0 may be due to Vs exceeding some definite value which 
may be the critical value of Zauscher's relation. 

The fact that the deviation from linearity at the upper ends of 
Fig. 8 occur for approximately the same value of / c and appear to be 
independent of V0 indicates that Vs is a function of le! A only. 

5. 

The sensitiveness of the treated surface to light appears to be 
explainable only by the ad hoc hypothesis that the aluminum oxide is 

18 Zauscher, Ann. d. Physik 28, 597 (1986). 
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photo-conductive. Light falling upon the oxide causes a decrease in 
its effective resistance. When the electron beam and light are simul­
taneously impinging upon the surface, the surface equilibrium potential 
will take on a smaller value than with the light absent. The light also 
cause.;; an increase in decay rates by permitting the surface charge to 
}Pak away more rapidly through the lessened effective resistance of 
the oxide film. 

THIN FILM FIELD EMISSION FROM OTHER SURFACES 

Giintherschulze and Fricke11 obtained field emission from a number 
of substances in a gas discharge where the positive surface charge was 
produced by positive ions. A set-up similar to theirs was employed in 
which finely powdered material was rubbed onto an aquadag surface. 
The tube was treated with caesium and oxygen in the same manner 
as for aluminum oxide surfaces. The materials were then bombarded 
by an electron beam with an adjacent collector highly positive with 
respect td the aquadag. Field emission would be demonstrated by the 
presence of scintillations. The following materials were tried in this 
way: Ta20 11, MgO, CaC03, Al20 3, Zn2Si04, willemite, BeC03, Si 0 2, 

Zr02 , and Th02 , all of these materials having yielded positive results 
in the experiments of Giintherschulze and Fricke. Scintillations were 
observed in the cases of Al20 3, Si02, MgO, and willemite. The non­
occurrence of scintillations for the other materials does not indicate 
that field emission did not occur, but simply that the gradients estab­
lished were not sufficient to cause breakdown. The coverage of the 
materials used was too small to enable the demonstration of any field 
effects as regards the collector current. 

In addition, a number of other oxides were tried in tubes, but the 
results were generally negative. However, E. R. Piore, of the Elec­
tronic Research Laboratory of the RCA Manufacturing Company, 
obtained a pronounced field effect from Be oxidized in a glow discharge, 
then caesiated, and finally heated to dull redness inside the tube by 
means of high frequency induction. He has also observed the phe­
nomenon with hot activated barium and strontium oxide cathodes. 

The reason for the appearance of the phenomenon only in the case 
of a few out of a host of oxides tried can be accounted for on the basis 
of the possible chemical interactions between caesium and oxides. If 
an oxide is capable of reduction by the caesium, then the introduction 
of caesium into the tube will cause the destruction of the resistive 

11 Giintherschulze and Fricke, Zeits. f. Pbysik 86, 821 (1983). 
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properties of the oxide film. This will, of course, prevent the appear­
ance of the field effect. In Table I, column one shows the oxide studied, 
column two its method of preparation, column three the heat of for­
mation of the oxide per unit atom of oxygen, and column four the 
results achieved in an attempt to obtain field emission. 

Table I.· Field emission from various oxides. 

1 2 8 4 
HEAT OF FOR- RESULTS 
MATION PER FOR ANOM• 

UNIT OXYGEN ALOUS 
OXIDE MODE OF PREPARATION ATOM (Cal.) EFFECT 

Al.O, Electrolytically in borax plus boric 126,700 Positive 
acid bath 

BeO Glow discharge in oxygen ? " 
CaO " " " " 151,900 Negative 
CbO Electrolytically in . IN H2SO, ? " 
Ag.O Glow discharge in oxygen 7,000 " 
CuO " " " " 37,000 " 

and heating in air 
NiO Glow discharge in oxygen 57,900 " 

and heating in air 
Ta.o. Electrolytically in IN H.so. 60,300 " 
wo. " " " 65,700 " 
ZrO " " " 86,800 " 

Since the heat of formation of Cs20 is 82,700 calories, only the 
oxides of Al, Ca, Mg, Si, and Zr in the above list should show the 
field effect. The result is believed to be negative in the case of Ca 
because of the low resistance of the oxide. 

An attempt to evaporate Si02 from a carbon cup subjected to in­
tense electron bombardment, as described by O'Brien,12 failed because 
of the reduction of the Si02 by the carbon, with the consequent profuse 
evolution of CO resulting in a gas discharge. No further attempt was 
made to evaporate quartz. However, the previously described experi­
ment with the quartz powder indicates that it should yield field emission. 

The Zr yielded a negative result, although from the figures cited 
a positive result should have appeared. However, in heating the tube 
to 200°C to promote the distribution of the caesium, apparently the 
heat of formation of the zirconium oxide dropped below that of the 
caesium oxide. This is evidenced by the decided change in color of 
the zirconium oxide during caesiation. 

This change in the appearance of the oxide upon caesiation oc­
curred whenever :field emission failed to occur. The aluminum oxide, 

It O'Brien, Rev. Sci. Inst. 5, 125 (1984). 
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on the other hand, :-;hows no change in appearance under the same 
eooclitions. This is evidence in favor of the belief that the caeRium 
on the aluminum oxide is in th(' form of a monatomic )ayer. 
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EFFECTS OF SPACE CHARGE IN THE GRID-ANODE 
REGION OF VACUUM TUBES*t 

BY 

BERNARD SALZBERG AND A. V. HAEFF 

RC'A Manufacturing Company, Inc., UCA Radiotron Division, 
Harrison, New Jersey 

Summar11-The effects of space charge in the region between grid and 
a,node of a vacuum tube, for the case where the planes of the grid and plate 
are para,llel, are determined from the results of a simple analysis. The main 
effects of the space charge are (a) to introduce departures J rom the lineal' 
potential distribution of the electi·ostatic case; ( b) to s~t an upper limit, 
under eertain conditions, for the anode current: (c) to introduce 111,atabtlities 
and hysteresis phenomena in the behavior of the tube: and (d) to increase 
the electron transit time in this region. 

Four modes of potenti,al distributton which may exist in this region are 
treated: (1) Neither potenti,al minimum nor virtual cathode exist; (2) 
potential minimtim exists; (3) space-charge-limited virtual cathode exists; 
and ( 4) temperature-limited virtual cathode e:rists (negative anode poten­
tials). For each c;f the various states of operation, rxpressions are derived 
for the distribution of potential and electric intensity throughout the region; 
the time of fiight of electrons from grid to anode, and frnm grid to the plane 
of zero potential: and the location and magnitude of the mimmum potential. 
An expression is also derived for the dependence of thr anode current on the 
space current, grid-anode distance, grid voltage, and anode voltage. Curves 
are plotted from these expressions, and it is shown how the behavior of a 
large variety of practical tubes can be predirted and explained with thei,· 
aid. The assumptions which underlie th 0 theory are stated, and the effects 
of the neglected phenoinena a,•e discussed qualitativel11. 

Anode-current vs. anode-voltagP and anode-current vs. space-current 
,.urves representing observations made on a specwlly constructed tetrode are 
presented by way of experimental verification of the theoretical results. 

,For purposes of i'lustl'ation, application is made of these results to 
elucidate the theory of the type of power-amplifier tube which employs a, 
1ninimum potential, formed in front of the anode as a result of the spa,ee 
charge of the electron.CJ, to minimize the pa,ssage of secondary electrons from 
anode to grid. In addition, it is shown how thr decrease of anode current 
with increasing space current, which occurs when a space-charge-limited 
virtual cathode is formed in the gl'id-arwde reqion, may be utilized to pro­
vide negative transconductance amplifiers and osrillators. 

I. INTRODUCTION 

T HE effects of space charge in the region between grid and 
anode are of fundamental importance in any complete theory 
of vacuum-tube behavior. This is particularly true for the type 

of tube in which the anode is preceded by a grid electrode operated at 
a positive potential. Among such tubes, we may mention the Bark­
hausen-Kurz triode oscillator, in which the grid is operated at a high 
positive potential and the anode is either negative or only slightly 
positive; the common tetrode r-f and a•f amplifiers, in which the screen 

• Decimal Olaseifteation: R188.1. 
t Reprinted from RCA Rtl'View, Janu~ry, 1988. 
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' 
grid is operated at a relatively high positive potential, and the anode 
potential is caused to vary from a high positive potential to a smaller 
positive potential, which may be less than the screen-grid potential; 
and more recent types of power-amplifier tubes, such as the RCA 6L6, 
in which a minimum potential which occurs in the space between 
screen grid and anode at relatively low anode potentials is employed 
to minimize the passage of secondary electrons (liberated at the 
anode) to the screen grid.1.2. a. 4 

In this paper we wish to investigate theoretically, somewhat more 
completely than has been done hitherto, the properties of the grid­
anode region.* The theory is also applicable, with suitable modifica­
tions, to the region between two grids, a problem which has also 
received some attention.5 To this end, we postulate an idealized situa­
tion in which electrons pass through the interstices of a plane-accel­
erator grid, the effective potential of which is V8 , towards a parallel­
plane anode separated a distance a from the grid and operated at a 
potential V11• We assume that all of the electrons have been emitted 
from the cathode with zero velocity, and that they pass through the 
grid with a uniform velocity corresponding to the potential V8• In 
general, we cannot assume that all of these electrons will pass on to 
the anode, for the potential distribution in the grid-anode region may 
be such that some, or even all of the electrons, will be turned back 
towards the grid at some intermediate point in this region. These 
returning electrons may be expected to execute excursions about the 
grid, a portion being absorbed on each passage through the grid.8• 7• 8• 9 

In view of the uncertainty of the exact fractional absorption of the 
electrons by the grid on each complete passage, and to simplify mat­
ters, we shall assume that only two groups of electrons contribute 
to the space current: one group consists of the electrons which 
initially pass through the grid towards the anode, corresponding to 
a current I0 ; and the second group consists of the electrons which may 
be turned back at an intermediate point in the grid-anode region, 
corresponding to a current I0-IA. Generally speaking, we are interested 
in the dependence of the anode current upon Va, V8 , a, and 10 ; the 
time of flight of the electrons; the distribution of potential and electric 
intensity throughout the region between the grid and anode; and the 
location and magnitude of the minimum potential· which may occur 
in this region. 

As stated above, the problem is only an approximation to the actual 

1, 1. a,'· etc. Numbers refer to bibliography. 
• While we were preparing the results of our investigation for publi­

cation, our attention was called to four recent papers dealing with this 
subject. (Bibliography 18, 14, 15 and 16). 
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case. The complete treatment of the problem would require taking 
into account such things as the Maxwellian velocity distribution of 
emitted electrons; the tangential velocities of the electrons due to 
grid-wire deflections; the distribution of velocities of the electrons 
which pass through the grid, due to the variation of the potential in 
the plane of the grid; the presence of secondary electrons liberated 
at the anode and accelerator grid; multiple passages of electrons 
about the grid, etc. However, the solution of the problem set forth 
will ordinarily suffice for a first-order answer, since the effects of 
these neglected factors can frequently be inferred, at least, from the 
physics of the situation. 

II. THEORY 

The equation which must be solved to determine the properties we 
seek is: 

together with 

and 

d2V 
--=41rp 
dx2 

(p negative) 

½ mv2 =eV 

l=pv 

(1) 

(2) 

(3) 

In this problem we do not concern ourselves with the effects of 
variations of the potential with time. Consequently we may assume 
that both forward-moving and returning electrons always have the 
same velocity at any one point, and thus that the total space charge 
in the grid-anode region depends only upon the absolute values of 
the corresponding forward and· return currents. For these reasons, 
we may define the ·quantities used in (1), (2) and (3) as 

V = potential at any distance, x 
x = distance from grid 
p = charge density at x 
e = electron charge 

m = mass of electron 
v = absolute value of velocity at x 
I = sum of the absolute values of the current densities at x 

Further on we shall have occasion to introduce the following additional 
symbols: 

E = electric intensity at x 

H = l61r ( ~ )'Ai I 0 , where I 0 is the current density corre-
2e sponding to the forward-moving elec­

trons ,. = transit time for an electron passing from grid to anode 
T' = transit time for· an electron passing from grid to point 

of zero potential 
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Fig. 1-Potential 
distribution be­
tween grid and 
anode typical of 
the case when 
nPither potential 
minimum nor vir­
tual cathode ex­
ist. All of the 
?lectrons which 
pass through the 
~rid are collected 
at the anode. 

ANOOC 

Fig. 2-Potential 
distribution illus­
trating the condi­
tions which exist 
when a potential 
minimum is 
formed in the 
~rid-anode re­
gion. All of the 
electrons which 
pass through the 
grid are collected 
at the anode. 
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Fig. 3-This po­
tential distribu­
tion represents 
the case when a 
space-charge-lim­
ited virtual cath­
ode exists. Only 
part of the elec­
trons which pass 
through the grid 
are collected at 
the anode; the 
others are re­
turned towards 
the grid at the 
virtual cathode. 
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Fig. 4-This po­
tential distribu­
tion illustrates 
the case when a 
temperature• lim­
ited virtual cath­
ode exists. All of 
the electrons 
which pass 
through the grid 
are subsequently 
returned towards 
the grid at the 
virtual cathode. 

The boundary conditions for the various states of operation are 
given in Figures 1, 2, 3, and 4, which depict typical potential dis­
tributions for these states of operation. 

By combining (1), (2) and (8), and performing the first integra­
tion of (1) from any point x1, to another point x, we get for the electric 
intensity at x, 

(4) 



EFFECTS OF SPACE CHARGE IN GRID-ANODE REGION 23 

A second integration gives 

3H1 

- (x - :i:1 ) = ± [E12 -HVi'" + HV16 ]"' • [HV16 -2(E11 -HV1~)J -
4 

The time of flight of an electron from :i:1 to x is 

T-TJ = rx 
lx1 

From (1), (2) and (3) 

so that ( 6) becomes 

~ =( m 

2e 

dx 

V1' 

(5) 

(6) 

T-Ti=-
1- rx dE ·dx=-1-· (E-E1) (7) 

411' / } Xi dx 411' I 

These general equations will now be applied to the various special 
states of operation. 

I-Neither Potential Minimum Nor Virtual Cathode Exist.-This 
mode of operation is depicted in Figure 1. The situation is inter­
mediate between the case when no electrons are present in the grid­
anode region, for which condition the potential distribution is linear, 
and the case when enough electrons are present in this region so that 
the electric intensity is zero at the grid or anode. In this mode, all 
of the electrons which pass through the grid are collected at the 
anode. 

Usually, / 0, a, V 11, and V4 are specified, and it is required to deter­
mine the distribution of the electric intensity and potential through­
out the region and the time of flight of an electron from grid to anode. 
To start with, we must find E 11• This can be done by substituting the 
conditions that V = V,. when x = a, and E =::;. E 11 and V = V 11 when 
x = 0 in ( 5) . Thus, 

8H2a 
--= ± [E,2-H (V11"'-V11"')]"' • [HV11"'-2(E,'-HV11"')]-

4 . 
E 11 [8HV11"' -2E,S] (8) 

This equation allows the determination of E11 in terms of / 0, a, V11, 

and V ,.. To put the equation into somewhat more convenient form for 
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plotting, divide both sides by H3l'Vg314• We get an expression involving 
the dimensionless parameters, P,, and Q11 : 

(Sa) 

Va 
A curve of PIJ vs. - for various values of Q11 may now be obtained 

v.,, 
very simply from (Sa). This is shown in Figure 5. 

For any given set of the four variables, Q, can be located in Figure 

V 
5. For values of - 0 greater than unity, Q11 will range for this case, 

v, 
VIJ 

from zero to positive values; for values of - which lie between unity 
Vu 

and zero, Q" will range from zero to negative values. 

The potential distribution can now be determined by means of (5) 
by substituting the condition that E 1 = E 11 and V1 = V0 when x1 = O. 
Doing this, and rearranging, there results 

-Q, fS-Q,8] (9) 

This will be recognized as being similar to (Sa) except that P 
replaces P IJ' and V replaces V cz• Therefore, the same data can be utilized 

V 
to study the variation of - with P, (to which the distance from the 

v.,, 
grid,~. is proportional) for various values of Q11• Figure 5 thus repre­
sents, also, generalized potential distribution curves. 

The electric intensity at any point may be determined by means of 
(4) by substituting the condition that E1 = E, when V1 = V11• This 
gives, after so~e rearrangement, 

(10) 
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With the aid of (Sa) and (9), (10) can be used to study the varia­
tion of Q ('Yhich is proportional to the electric intensity at any 

Va 
point, x) as a function of P, for various values of-. 

Vu 

The time of flight, T, of an electron passing from grid to anode 
is, from (7) 

0 

1 
-r=-- (E0 -E17 ) 

4.,,.1,, 
(7a) 

-1.a 1.2 I. 4.0 

-YYvt 
Fig. 5-Generalized potential distribution in the grid-anode region. This 
plot may be used to determine the particular mode in which the tube is 
operating, the anode current, and the electric intensity and potential dis­
tribution within the grid-anode region. Here, 

J.'t. ( amp. )* . a (cm) 
cm2 

P. = 654 • ---------
V,* (volts) % 

Equation (7a) can be put into more convenient form for plotting 
by making use of ( 4). After some rearrangement this gives 

(11) 

3a 
-- represents the time of transit of an 
V,* 
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electron in a space-charge-limited diode, the electrodes of which coin­
cide with the grid and anode, and for 'fhich the electric intensity at the 

cathode is zero and the anode voltage is Vu. "'fhe ratio --~- is plotted in 
To 

Figure 6, the necessary data for the curves being obtained from Fig­
ure 5. 

It is of interest to note that when / 0 -+ 0, the limiting case for 
which the potential distribution is linear, (11) becomes 

(r)1=0= (: )¼ ::½( v. )• 
- + 1 (lla) 
V" 

u -
,e l~a=-1 

P0 :I IT-"ra=----1 
1.6 

-~ 1~2 

L._._ '---o •.4 

\:2 " " 2-li" 0 

'( I 2 

' 
.. 
It ""-1.0 

l I • K R .. = 2 fi 
I . -n: I --.___ 

Po=~o.el, 2[2" 
2 2 7', :..--• I 6 

1--
I 1--,:4.c 2 l {2\.L4'.:lp ~[:'<: ~" - 2 ,j2 
... ~ ~ .. ~~4 .2 2 

L.,e; r:'•'1 -·· -- - ... -P0 ::0 

-:_ ~~0-2 -- --•- - - --- -

I - .2 ·08 •04 0 0,4 oe 1.2 16 2,0 2,4 2.e 3,2 J,6 4, 0 
v½, 

Fig. 6--Dependence of transit time upon anode voltage for various values 
of parameter P •. .,. is the transit time for electrons which travel from the 
grid to the anode. T' is the electron transit time from grid to virtual cathode. 

3a (cm) 
.,.. (sec) --------- is the electron transit time in a space-

5.95-107 V.* (volts)% 
charge-limited diode. 

The other limiting cases for the potential distributions under consid- · 
era ti on here occur when E 11 = 0, representing a potential minimum at 
the grid, or when Ea= 0, representing a potential minimum at the 
anode. In the first case 

Sa. 
(llb) 
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while in the second caae 

30, 
(llc) 

2-Potcutial Minimum E:ri.<;fa.-This mode of operation is shown 
in Figure 2. The situation existing here is intermediate between the 
case when enough spare current flows through the grid so that the 
electric intensity is zero at the grid or anode, and the case when the 
conditions are such that the electric intensity and the potential are 
just zero at either electrode or in the intervening region. In this 
mode, alfio, all of the electrons which pass through the grid are col­
lected by the anode. 

Here again, / 0 , a., V O and Va are usually specified, and it is required 
to find the distribution of the electric intensity and potential through­
out the region, the time of flight of an electron from grid to anode, 
and the value and location of the minimum potential. 

We start by su hstituting the condition that V = V q and E = E t1 

when .r - 0, and V - V,, and :r - a in (5). 'This leads to an expres-

V., 
sion identical with (Sa); the variation with - of P., for various 

v(I 
values of Q0 is shown in Figure 5. For this mode Q0 ranges between 

v,. 
O and - 1 for all values of -, as shown in Figure 5. It is important 

vo 
Vu 

to note that for one value of - there can be two values of Q0, cor-
Vo 

responding to one value of P 0 • We shall discuss this peculiarity fur­
ther on. 

In the sti.me way, the expression for the potential distribution can 

V 
be shown to be formally identical to (9), and the variation of - with 

v, 
P for various values of QQ can also be studied from Figure 5. For 

V 
this mode of operation, - passes through a minimum, representing 

Vo 
the potential minimum. 

The expression for the electric intensity is derivable, again, from 
( 4) ; this is identical with ( 10). Now E is negative to the left of the 
potential minimum, zero at the potential minimum, and positive to the 
right of the potential minimum. 
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The time of flight, -r, of an electron from grid to anode is again 

r 
given by (11), and the ratio - is also plotted in Figure 6. It is of 

r o 

interest to note that for the limiting condition, when V0 = 0, (11) 
gives 

3a 1 

(lld) 

The ratio of (lla) to (lld) gives us an estimate of the increase 
of the transit time for two important limiting cases which may be 
encountered. This is 

l (12) 

Thus when Va= v 11, the transit time for the case when a zero­
potential minimum is just formed is three times larger than the transit 
time for very low values of anode current. 

It is of considerable interest, in any consideration of this particu­
lar mode of operation, to determine the value and location of the 
minimum potential. This may be done indirectly by making use of 

V 
Figure 5. Alternately, an implicit expression for the value of - 0 may 

v, 
be derived from ( 4) and ( 5) . This is 

P.=±[1-( :: r J [1+2( :: r }C( :: r 
( ;: ) % ]~. [ ( ;: ) ~ + 2 ( :: ) ~ ] (18) 

V V 
The variation of - 0 with - 11

, for several values of P11 is shown in 
v, v, 

Figure 7. 

In the same way, by making use of (4) and (5), the location of 
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Ve 
the minimum potential can be expressed in terms of - and Pa• i.e., 

Vu 

C 1 
-=-· [1+2 ( :: )*] .[1-( :: )* ]* (14) 

C Va 
The dependence of - on -, for various values of Pa is shown in 

Figur,, 8. 
a l'u 

Figures 7-11 are of the greatest importance in delineating the prop­
erties of the grid-anode region. We shall make extensive use of these 
curves in our discussion. 

,. 0 
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Fig. 7-Variation of the magnitude of the potential minimum with anode 
potential for several values of the parameter P •• 

Before proceeding to the next case, let us consider what happens 
when, with Va, Vg, and a fixed, the current density / 0 is increased from 
zero until the potential minini.um which is formed in the grid-anode 
region descends to the vahiuero. Figure 9, plotted from (13), shows 

Ve Va 
the variation of - with Pa2 for various values of-. The rate of 

V11 V11 

change of the minimum potential with respect to space current is 
given by the slope of these curves. Differentiating Pa in (18) with 

respect to ( ;: ) ¾ , considering ( ; : ) ¾ fixed, and equating the 
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derivative to zero tells us that (P0 ) max occurs when 

Va 

-=-------
(15) 

Substituting (15) in (13), we find that the maximum current 
(density) which can b~ passed is 

1 
Ua)mnx =--. 

91ra~ 
(13a) 

The value of the potential minimum for this maximum current is given 
by (15). Equation (15) is plotted as a dotted line in Figure 7. Figure 

11 is a plot of(~:). Pa2 vs. Pa2 and shows the anode current increasing 

directly with the space current until the maximum value, given by 
(13a), is reached. At this point the potential minimum descends 
abruptly to zero, and a new state of operation sets in. 

3-Space-Chal'gc-Limitcd Virtual Cathode E:rists.-This state of 
operation is shown in Figure 3. The situation existing here is such 
that at some plane in the reg-ion between the two electrodes, or possibly 
in the plane at either electrode, the electric intensity and the potential 
are zero. Such a point may be called a space-charge-limited virtual 
cathode, since it turns out that it behaves in many respects like a space­
charge-limited thermionic cathode. It is pertinent to call attention to 
the difference between the virtual cathode of the present case and the 
potential minimum of the preceding case. In general, the potential 
minimum merely calls for a zero of electric intensity, but not of poten­
tial, since all of the electrons which flow through the grid are collected 
at the anode. However, when there is a point of zero potential in the 
region between the two electrodes, some of the electrons passing 
towards the anode may be turned back towards the grid at this point. 

As a digression, we may study briefly the limiting case, when the 
anode current is exactly equal to the space current. We have, on putting 

Ve 
-=O in (13), 
V" 

(!Sb) 
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This is smaller than the current predicted by (13a), the ratio of (lSa) 
to (13b) being 

[ 1 + ( ~;) ½]3 

[ 1 + ( ;: ) ¾ ]2 
v,. 

the maximum value of this ratio occurring when - = 1. The ratio 
Vu 

Va 
is equal to unity when - = 0 or oo, The difference between (13a) and 

Vu 

(13b) is the basis of the hysteresis phenomena characteristic of the 
curves shown in Figures 5-11, and will be discussed further on. 

We return now to the general case, for which some of the electrons 
are turned back towards the grid, and assume for simplicity that such 
electrons never again re-enter the grid-anode region.* The anode cur­
rent is then, in view of (1), (2), (3), and the requisite boundary con­
ditions, given by 

1 ( 2e )* V 3;2 

111=;;· -;;: . (a~c)a 
(16) 

The total space charge in the region between the grid and the virtual 
cathode depends upon both th~ forward-moving and returning electrons, 
and since these electrons have the same velocity at any one point, we 
may write 

( : Y'· V:~a (17) 

(m) * SH"'a, 
If we divide (17) by / 0 , and put H = 1C71' - • / 0 and P 11 =--

2e 4V,11. 
aa before, we get, on rearranging, 

C 1 -=-------a 
P11(2- ;: )"' 

(18) 

C 1 
It is of interest to note that when Ia!:== 0, (18) becomes - = ---. 

a 2"'P,. 

·• The ensuing treatment can eaajly be generalized to include the mul­
tiple-passage case. See, for e:u.mple, 7, 9 of Bibliography. 
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That is, when Va= 0, the virtual cathode (if one exists) is at a distance 

a, 
c = --- cm from the grid. 

2~Pa 

In order to use (18) to plot the location of the virtual cathode a.s 
a function of 10 , a, Vu and Va, we must first derive an expression for 

I V 
_a as a function of _a and Pa. This can be done by dividing (17) by 
10 Vu 

(16) and making use of (18). There results .. 

( :: r = ( :: r . (p· - ( • -* r l (19) 

~ ~-
Equation (19) is used (a) to plot Pa vs. - for various values of-~ 

Vu I0 

Ia Va 
as shown in Figure 5 ; (b) to plot - vs. - for various values of Pa, as 

/ 0 Vu 

shown in Figure 10;* and (c) to plot ( ~: ) • Pa2 vs. Pa2 for various 

Va 
values of -, as shown in Figure 11. In addition, by making use in 

Vu 
C 

(18) of the data furnished h.v Figure 10, we are enabled to plot - vs. 

V 
~ for various values of P 4 , as shown in Figure 8. 
VD 

a. 

The potential distribution within the grid-anode region correspond-

. V ( c-:r: )t/s 
ing to any particular value of c is - = - to the left of c, and 

~ = (:=:.)'/8 to the right of c. :e corre:ponding electric intensities 
Va, Q,•C 

4 V 4 V 
are E = - - -, and E = + - -, respectively. 

3 c-:r: 3 a-c 

• Curves similar to those iriven in Figure 10 have been given by Tonks': 
hia curves however, are restricted to the virtual-cathode cal'le and do not 
portray the important hysteresis-efl'ects characteristic of the minimum­
potential case. 
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The time of flight of an electron which travels from the grid to the 
virtual cathode is simply 

T'= ( ~ )¾•_::_=_:.•To (20) 
2e Vg'•• a 

The time of flight of an electron which travels from grid to anode is 

T = ( ~) ¾ • c~ + 3 (a-C) ] 
2e Vg'-i Va¾ 

-,. . f ( :: r < -c , _ c: r J} (21) 

~4 z~ 
- .. v,,;.~ 

Fig. 8-Position of the potential minimum and virtual cathode as a function 
of the anode potential for various values of the parameter P •. 

The time of flight for each class of electrons can be plotted with the aid 
of (18), as shown in Figure 6. 

4-Temperature-Limited Vfrtual Cathode Exists (Negative Anode 
Potentials) .-This state of operation is illustrated in Figure 4. The 
situation now is such that the electric intensity is negative throughout 
the region between the two electrodes, and at some intermediate plane 
the potential is zero. The electrons which move through the interstices 
of the grid towards the plane of zero potential are gradually deceler­
ated, and finally tuJ:'.ned back at this plane toward the grid. Since the 
electric intensity at ·this plane is always finite, the potential distribution 
between c and o resembles that of a temperature-limited diode. It turns 
out, moreover, that the properties of the plane of zero potential are in 
many respects identical to that of the tei;nperature-limited cathode. 
Accordingly, we shall designate this plane as a "temperature-limited 
vlrt;ual cathode", bf analogy with the "apace-charge-limited virtual 
cathode". 
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Here Im a, VQ, and Va are specified and it is required to determine 
the distribution of the electric intensity and potential throughout this 
region, the pusition of the virtual cathode, and the time of flight of an 
electron from the grid to the virtual cathode. We shall not attempt a 
rigorous treatment, but instead we shall !Jase our analysis on the same 
assumptions as we have made for the preceding cases. 

Since the anode is negative, no eleC'trons will be collected. (This is 
a consequence of our assumptions regarding the initial velocities of the 
electrons emerging from the grid plane: in actuality there is always a 
very small anode current as a result of a distribution of initial veloci-

1.2----------------~---~ 

~o~l----l-!,-----1---....-:-4-...P._..I-!--_::~ 
Vg 

Fig. H-Variation of the magniiu<le of the potential minimum with Pa2 (to 
Va 

which the Rpace current is proportional) for several values of -
Vu 

ties.) Furthermore, since the electric intensity must be continuous, 
and since there is no charge in the region c < .1: < a, the electric inten­
sity, Ee, at the virtual cathode (and also to the right of this plane) will 

Va 
be equal to - • 

a-c 
We now make use of (4) and (5), subject to the appropriate bound­

ary conditions. In (4) we put E 1 = E 0 , E = Eu, V1 = 0, V = V 0, and 
I= 210 • There results 

(22) 

In (5) we put :c = c, x1 = 0, E 1 = E0, V1 = v;, and V = O getting, with 
the aid of (22) 

3H9c 
-:-=:;: [E,8 + (E,3 - HV1V.). (E02 + 2HV,¼)\'] (23) 
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Dividing through by 2H31~. vu31 1 and making use of our abbreviated 
symbolism, we get 

Q/ + (Q 02 - 1 J • (Qc2 + 2) ~ 
Pc=+-----------

Now, 

3H'ic Va 
PrQc=--·-----

4V9 •• (a-c) Ir• V/• 

1.0 
! I I 

: I 

1 I I 
o.e LI~ 

I 
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o., i/ 
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e 
=Pa.Q,-

a 

0 0,4 0.1 1.2 , •• 2,0 2 ... 

Fig. 10-Dependencc 

so that 

and 

__ v'Yvg 
of anode current upon anode 

values of the pa1·ameter P •. 

c Pc 3 ( :: ) 
---=1--·--
a Pa 4 Pa·Qc 

3 l ( Va ) P4 =P0 +-· -· -
4 Q~ v.,, 

potential for various 

(24) 

(24a.) 

We may now plot P0 as a function of Q0 by means of (28a). '.t'he 

v. 
corresponding value of P4 for any given value of - may then be 

v, 
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C 
found from (24a). This gives us sufficient information to plot - as a 

a 
v4 

function of - for various values of P4 : such curves are included in 
v, 

Figure 8. We are also enabled to plot, from this information, Pa vs. 
V 

-
4 for various values of QI}: this is shown in Figure 5, which may be 

v, 
used again as a generalized potential distribution plot. 

The electric intensity at any point is given by 

(25) 

The time of transit of electrons from grid to virtual cathode is, 
from (7) and (25), 

T 1 V4 

The ratio - vs. - for various values of P 4 is shown in Figure 6. The 
T 0 V,1 

limiting case, 10 -+ o, of (26) is 
2 1 

T'=T0 .-.-----

3 1-( :: ) (26a) 

III. DISCUSSION OF THEORETICAL RESULTS 

We now proceed to interpret the results of the foregoing analysis. 
In the interests of clarity we shall lead up to the general discussion of 
Figures 5-11 by providing a preliminary verbal description of the re­
sults of varying first the space current and then the anode voltage for 
several representative cases of interest. 

A-Preliminary Discussion of Seve1·al Particular Situations­

V4 
1. Effects of Varying 10 , when - = 1. 

v, 

To begin with, let us suppose that the effective grid voltage, V ,, 
the anode voltage, V11 , and the grid-anode distance, a, are fixed, and 
that it is required to determine the effects of increasing the space 
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current, 10 • This situation corresponds, for example, to the case of a 
tetrode, the screen-grid voltage and the anode voltage of which are 
fixed, and the control-grid voltage of which is varied. To fix ideas, we 

Va 
choose - = 1: a similar interpretation will hold for any other ratio. 

Vu 

When the control-grid bias is adjusted to cut off the cathode cur­
rent, the potential distribution is linear, as shown by (a) of Figure 12. 
Decreasing the bias causes electrons to flow into the grid-anode region, 
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Fig. 11-Variation of the anode current with space current for several 
Va 

values of­
V, 

and the potential is depressed, as shown by ( b) • A potential minimum 
is formed mid-way between the grid and anode. As the space current 
is increased, the potential minimum gradually descends until it reaches 
a value equal to 0.25 times the grid voltage, as shown in Figure 9. 
Up to this point the anode current increases directly with the space 
current, as shown in Figure 11. All of the electrons coming through 
the grid are collected at the anode. If, now, any additional electrons 
are permitted to pass into the grid-anode region, the potential minimum 
drops abruptly to zero, mid-way between the grid and anode. This is 
shown in Figure 9, the rate of change of the minimum potential with 
space current being infinite at this point. Since the minimum is now 
zero, some of the electrons are returned towards the rrid, thus decreas-
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ing the space charge between the potential minimum and the anode, 
and increasing the space charge between the grid and the potential 
minimum. This causes an alteration of the potential distribution, the 
minimum (now a virtual cathode) shifting abruptly towards the grid 
until it reaches a distance from the grid equal to 0.265 times the grid­
anode distance, shown by (d) of Figure 12. Thereafter, as the space 
current is increas~d, the anode current decreases gradually, in accord­
ance with Figure 11, and the virtual cathode retreats toward the grid. 
The effect of increasing the space current on the time of flight of an 

ANODE 

Fig. 12-Potential distribution 
for several values of space· 

v. 
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Fig.13-Variation of electron transit time with 
v. 

space current. - = 1. v, 

electron from grid to anode, and from grid to virtual cathode, is shown 
in Figure 13. 

It will be observed that the transit time is initially one-third that 
of a space-charge-limited diode, the electrodes of which coincide with 
the grid and anode and for which the anode voltage is Vry = Va. With 
increasing space current the transit time rises slowly until a current 
corresponding to Pa2 = 8 is reached. At this point a virtual cathode is 
formed, and the transit time rises abruptly from r = 0.500r0 to r = r0 • 

It remains constant thereafter at this value with further increase of 
space current. The transit time for the electrons which return toward 
the grid when a virtual cathode is formed is initially r' = 0.265r0, 

and decreases slowly with increasing space current, since the virtual 
cathode retreats toward the grid. The time of flight of electrons from 
grid to virtual cathode and back to grid is twice 1'. 

10 
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If the space current is now gradually decreased, the anode current 
will be found to increase, as shown in Figure 11. The operation now1 

however, docs not take place entirely along the original curve. This 
is due to the fact that, originally, operation b<>gan with a potential 
minimum; now it takes place with a virtual cathode. When the space 
current reaches a value equal to one-half of the current at the transition 
value, where the potential minimum had previously shifted abruptly 
into a virtual cathode, the anode current becomes equal to the space 
current. The virtual cathode is now ~aturated. At this point the virtual 
cathode is mid-way between the grid and the anode, as shown by (e) 

of Figure 12. The slightest further reduction of space current causes 
the virtual cathode to shift abruptly into a potential minimum, the 
value of which is 0.75 times the grid voltage, as shown by (/) of 
Figure 12. Any further reduction of space current is accompanied 
by a proportionate decrease of anode current, the potential minimum 
gradually approaching (a) of Figure 12. The effect of decreasing the 
space current on the time of flight of an electron from grid to anode, 
and from grid to virtual cathode, is also shown in Figure 13. 

The time of flight for electrons moving from grid to anode remains 
constant until the virtual cathode disappears; this occurs when the 
space current is decreased to a value corresponding to Pa2 = 4. At 
this point the transit time drops abruptly to a value -r = 0.366-r0 • With 
further decrease of space current the transit time decreases slowly 
until the limiting value -r = 0.333-r0 is reached for Pa2 -+- 0. The 
time of flight for the electrons which return from the virtual cathode 
increases slowly with decreasing space current, because the virtual 
cathode moves out slowly towards the anode. When Pa2 = 4, the virtual 
cathode disappears and the transit time for the electrons which have 
been returning for space currents slightly greater than this value, is 
-r' = 0.500-r0 • 

Va 
2. Effects of Varying/,,, when - = 0.20. 

Vu 

In the foregoing we have described in detail what occurs when the 
space current between the grid and anode is first increased, and then 
decreased. But this description was for the particular case when the 
grid and the anode voltages were equal. Similar phenomena, however, 

V 
occur for any other ratio of _a, with only slight differences. For 

Vu 
Va 

example, suppose - = 0.20. Beginning with 10 = 0, the potential 
v, 
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distribution is linear. As 10 is increased, the behavior of the grid-anode 
region is initially character:stic of the first mode of operation, i.e., 
neither potential minimum nor virtual cathode exist. Further increasa 
of / 0 finally causes a potential minimum to occur at the anode, the 
value of this potential minimum being equal to the anode potential. The 
corresponding value of P11 is given by equation (13) as P11 = 1.41, the 

vu312 amp. 
equivalent space-current density being 10 = 4.62 X 10-0 X -- --. 

a2 cm2 

Reference to Figure 11 tells us that the anode current will increase di­
rectly with space current until the space-current density reaches a value 

vu312 amp. 
I0 = 7.00 X 10-8 -- --, corresponding to a value of Pa,2 = 3.00. 

a2 cm2 

This is the maximum anode-current density which can be passed: at 
this point the potential minimum, which has decreased to a value 
0.0956 times the grid voltage, drops abruptly to zero and becomes a 
virtual cathode. The potential minimum, which had initially been 
formed at the anode, gradually recedes toward the grid until it reaches 
a distance equal to 0.776 times the grid-anode distance, given by equa­
tion (14). At this point it becomes a virtual cathode, and enables some 
of the electrons to return toward the grid. The resulting re-distribu­
tion of space charge causes the virtual cathode to shift abruptly until 
it reaches a distance equal to 0.418 times the grid-anode distance, 
given by equation (18). Any furth_er increase of I0 results in a de­
creased anode current, as shown in Figure 11, the virtual cathode 
retreating still further toward the grid. If the space current is then 
decreased, the anode current will increase, as shown in Figure 11, 
and the virtual cathode will move back toward the anode. This 
behavior will continue until the space-current density reaches a value 

Vg812 amp. 
I0 = 8.88 X 10-' X -- --, corresponding to a value of P,,,2 = 1.46. 

a2 cm2 

At this point the virtual cathode is at a distance equal to 0.719 times 
the grid-anode distance, as given by equation (18). The slightest 
further reduction of space current permits enough electrons to pass 
abruptly through the virtual-cathode barrier toward the anode so that 
the space-charge distribution is radically altered, the virtual cathode 
disappears, and the anode current rises abruptly to the full value of 
space current. (An interesting observation about this example is that" 
at this unstable point the virtual cathode does not become a potential 
minimum, but disappears.) From this point on, any further reduction 
of space current results in a proportionate reduction of anode current, 
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as shown in Figure 11, and the potential distribution becomes more 
and more linear. 

3. Effects of Varying V 0 , when Pa= 1.0. 
Let us now suppose that the grid-anode distance, a, the effective 

grid voltage, Vr,• and the space-current density, 10 , are fixed, and that it 
is required to determine the effects of varyinii the anode voltage, Va· 
This situation corresponds, for example, to the case of a tetrode, the 
screen-grid voltage and the control-grid voltage of which are fixed, 
and the anode voltage of which is varied. 

To begin with, we assume that the control-grid voltage is set at a 
value which provides a space-current density corresponding to a value 
of Pa= 1.0. When the anode voltage is negative, the anode current is 
zero, and all of the electrons are returned toward the grid at the 
temperature-limited virtual cathode. The potential distribution for 

Va - = - 0.2 is shown by (a) of Figure 14. The'position of the virtual 
v11 

cathode is given by Figure 8 as c = 0.645 a. When Va= 0, then la= 0, 
and c = 0. 707 a, as shown by ( b) of Figure 14. As Va is made more 
positive, the anode current rises as shown in Figure 10 and the space­
charge-limited virtual cathode moves toward the anode. (If there had 
been no movement of the virtual cathode, the anode current would 
rise as Va312.) This continues until Va=0.068 V0 , while the anode 
current density rises to la= 0.413 10 , and the virtual cathode moves 
to c = 0.793 a, as shown by (c) of Figure 14. The slightest further 
increase of anode voltage results in an abrupt saturation of anode 
current, the rate of change of anode current with anode voltage being 
infinite at this point, as shown by Figure 10. The virtual cathode 
disappears at this point, and the potential distribution is of the form 
shown by (c') of Figure 14, characteristic of the mode for which 
neither potential minimum nor virtual cathode exist. Further increase 
of anode voltage leaves the anode current, which is now equal to the 
space current, unaffected. However, when Va reaches 0.75 V 0 , a poten­
tial minimum appears at the anode, as shown by (d) of Figure 14. 
With increasing anode voltage this minimum recedes toward the grid, 
approaches V 11 in value, and finally disappears, as shown in Figures 7 
and 8. 

If the anode voltage is now decreased, the anode current remains 
at saturation value until Va = 0, as shown in Figure 10. The potential 
tninimum re-appears at the grid when V11 = 1.23 V11, moves toward 
the anode as v. is decreased, and reaches the anode when V0 = 0.75 V., 
a, baton At Wa point the minimum disappears. When V • = O, the 
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potential distribution is abruptly altered, and a virtual cathode is 
formed at a distance c = 0.707 a, as shown by (f), (!') of Figure 14. 

The time of flight of an electron moving from grid to anode, and 
from grid to virtual cathode, is shown for increasing and decreasing 
anode voltages in Figure 6. 

4. Effects of Varying V 0 , when P0 = \/2, Pa=- 2 \/2. 
Similar interpretations hold for any other value of the parameter 

Pa• As a matter of interest, the various forms of the potential 
distribution for the particular cases P" = v·:f and P0 = 2 \/2 are 
shown in Figures 15 and rn. For the first of these, as the anode 
voltage is increased from a negative valuC', the potential <liRtribution 

Fig. 14-Potential distribution for 
various values of anode voltage. 

P. = 1. 

GRID 
I 

ll I g 

ANODE 

Va 
j 

Fig. 15-Potential distribution for 
various valuei:, of anode voltage. 

P,, =v'2. 
passes from the state described by Case 4, which is characterized by 
a temperature-limited virtual cathode, (a), to that described by Case 
3-the space-charge-limited virtual cathode case, ( b), ( c) ; thence 
abruptly to that described by Case 2, for which a potential minimum 
is formed, (c'), (d) ; and then finally to that described by Case 1, 
for which neither potential minimum nor virtual cathode exist. The 
behavior for decreasing anode voltage is successively illustrated by 
(d), (c'), (e), (/), (g), (g'), (a) of Figure 15. The abrupt decrease 
in anode current again occurs at a lower value of Va than that required 
for the abrupt rise, as shown in Figure 10. 

B-General Discussion of Curves.-The four distinct modes of 
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potential distribution which are treated in the foregoing analysis rep­
resent a somewhat arbitrary and simplified division of the potential 
distributions which may occur in the grid-anode region. This simpli­
fication is made possible by the original assumptions that the electrons 
have all been initially emitted from the cathode with zero velocity 
and that no velocity distribution has been introdu('ec! during the passage 
of the electrons through the structure. In the rigorous treatment of 
this problem the separate analyses of the four rnodeR of potential dis­
tribution would merge into a single gen('ral analysis. However, such 
a treatment would be considerably more involved, and the main results 
at least can probably be anticipated by combining the various results 
found here for the individual states of operation on common graphs. 
This has been done in Figures 5-11. 

GRID ANODE 

Fig. 16-Potential distribution for 
various values of anode voltage. 

P. = 2 y'-2:-

Va 

Fig. 17-Anode-characteristic oscil­
logram of special pentode showing 
the hysteresis and instability phe­
nomena similar to curve marked 

P,, = 2 v'2in Figure 10. 

Figure 5 is a plot of P0 vs. -, for various values of Q11• If 10 , Ve, 
v11 

V 11, and a, are given, this plot enables one to determine the electric 

a,[',/, 

intensity at the grid, since P,,. is proportional to --0
- and Q, is pro­

V," 
E, 

portional to ----. As was pointed out in the analysis, these curves 
10"-V,"' 

also represent a generalized potential distribution plc,t if Pa is replaced 
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x~¼ Va V 
by P, which is proportional to ---. and - is replaced by -. For 

Vu'' V,, Vu 

the temperature-limited virtual cathod£> case ( negative anode poten­
tials) the scale of ordinates represents \12 P 11 instead of Pa. This results 
from the fact that all the electrons which pass through the grid toward 
the anode are turned back toward the grid at the virtual cathode, 
and the space charge corresponds to a space current of 2 Ia instead of 

I" 
I0 • The parameter Q'l is replaced by - in the space-charge-limited 

Iu 
virtual cathode case because this quantity is of greater practical sig­
nificance. However, if the electric intensity at the grid is required 
for this case, it can be found very quickly from the relation 

( / )'" Qo=- 2-+ 
It will be observed that there occurs a curious overlapping of the 

various possible states of operation in different regions of the plot. 

Va 1 
For example, for O :::i - :=:: 1 and -- .,,;; P === , /~f there may be a 

~ y~ n V • 

virtual cathode, a potential minimum, or neither potential minimum 
Va 

nor virtual cathode. Agam, for - ="= 0 and Pa ~ v 2, there may be a 
v" 

virtual cathode or a potential minimum. To put it in another way, 
the potential at any point in the region, for certain. values of la, Va, 
V,, and a, is multi-valued. Thh1 is a typical hysteresis phenomenon, 
a~d hi order to determine ,, hich of the values of potential is the cor• 
rect one it is necessary to know, as in all cases of hysteresis, the 
previous history of the region. 'l;'his point will be discussed in further 
detail in connection with the other. figures. 

Ve Va 
Figure 9 is a plot of - vs. Pa2, for various values of -. The 

V0 V 11 

curves shown in this plot indicate how the minimum potential varies 
with space current, since Pa2 is proportional to 10 • The section of the 
plot which lies to the left of the lightly-dashed line connecting the 

pomts (;: =.1, Pa'=O) and (:: =0, P112 =1) delineates the 
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operating region in which neither potential minimum nor virtual 
cathode occur. The lightly-dashed line which starts at the point 

( ;: = 0, Pa2 = 1) and passes through the point ( :: = 0.25, Pi= 8) 
is a parametric line which indicates the points at which the 
rate of change of the potential minimum with (increasing) 
space current is infinite. If the grid and anode potentials of a 
given tube are fixed and the space current is increased from 
zero, the potential minimum shifts abruptly at these points into a 
virtual cathode. The lightly-dashed line which starts at the point 

( V0 ) V0 - = 0, Pa2 = 1 and becomes asymptotic to - = 1 for very 
V6 Vg 

large values of Pl is a parametric line which indicates the points at 
which the virtual cathode shifts abruptly, with decreasing space cur­
rent, into a potential minimum. The heavily-dashed continuations of 
the individual curves represent mathematical solutions of equation 
(13) which are probably unrealizable, at least in the steady-state or 
low-frequency operation of the tube. 

These curves exhibit the instabilities and hysteresis phenomena 
which are characteristic of the grid-anode region, and again illustrate 
the necessity for a knowledge of the previous history of the operation 
of the tube in order to predict its future behavior. 

· Figure 11 is a plot of ( :: ) . Pi vs. Pa2 for various values of 

Va 
-. These curves illustrate the variation of the anode current with v, 
space current for sev~ral particular values of the ratio of anode poten­
tial to grid potential. It will be observed that if the space current is 
increased from zero, the anode current bears a linear relation to the 
space current until a maximum value, given by equation (13a), is 
reached. At this point a virtual cathode is formed and the anode cur­
rent is abruptly reduced. Thereafter, the anode current decreases con­
tinuously with increasing space current. If the space current is now 
decreased, the anode current will increase until the virtual cathode 
disappears. At this point the anode current becomes exactly equal 
to the space current, the phenomenon being an abrupt one for values 

v. Va 
of - ..,;; 1. For - ~ 1 this discontinuous phenomenon does not occur. 

f, v, 
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Further decrease of space current causes the anode current to decrease 
linearly with space current. The portions of these curves in which 
the anode current decreases with increasing space current are inti­
mately associated with the presence of a virtual cathode, and can be 
utilized to provide a negative-transconductance amplifier or oscillator. 
This matter will be elaborated upon in section D of this discussion. 

The dotted appendages of the individual curves in this graph rep­
resent mathematical solutions of equation (19) which are probably 
unrealizable in the steady-state or low-frequency operation of the tube. 
The terminations of these dotted sections upon the linear portion of 
unit slope, common to all of the curves, are given by equation (13b). 
On occasion these values have been assumed, incorrectly, as giving 
the maximum anode-current density which can be obtained.7 

Ve Va 
Figure 7 is a plot of - vs. - for various values of Pa. The 

V11 V 11 

curves shown in this plot illustrate the variation of the minimum 
potential with anode potential for several values of space current. 

( Ve Va ) 
The dotted line connecting the points - = 0, - = 0 and 

V11 V11 

( V 0 Va ) Vg = 1, Vg = 1 passes through the points on the individual 

curves at which a potential minimum is suddenly formed when the 
anode potential is increasing. The dotted line which becomes asymp-

V c 
totic to the value - = 1 passes through the points on the individual 

V11 

curves at which the virtual cathode is abruptly transformed into a 
potential minimum when the anode potential is increasing. The third 

dotted line, which starts at the point - = 0, - = 0 and ( Ve Va ) 

V11 V11 

( Ve V 4 ) passes through the point - = 0.25, - = 1 , is a parametric 
V11 V6 

line which indicates the points on the individual curves at which the 
potential minimum shifts abruptly, with decreasing anode potential, 
into a virtual cathode. 

The curve which represents the case Pa = 0 degenerates into a 

( V0 Yo ) 
point located at - = 1, - = 1 , since this ia the only value 

V, V11 



EFFECTS OF SPACE CHARGE IN GRID-ANODE REGION 47 

Va 
of the ratio - for which the electric intensity can be zero in the 

Vu 
absence of space current. The curves which represent the case P,,, = 1 
consist of two discontinuous sections, the first being a portion of the 
axis of abscissas (this corresponding to the virtual cathode), and the 
second being the curved portion which begins on the first dotted line, 
which represents the potential minimum. For this case, when the 
anode potential is increased from negative values, a virtual cathode 
is first formed which pre8ently disappears abruptly, and then for some 
greater value of anode potential, a potential minimum is formed. For 

1 
values of Pa~--, neither potential minimum nor virtual cathode 

\/2 
Va 

is formed with increasing anode voltage until - :::e: 0.888. Then a 

potential minimum is formed. 
Vu 

C Va 
Figure 8 is a plot of - vs. - for various values of Pa. These 

a V0 

curves show the position of the virtual cathode and potential minimum 
for several values of space current plotted against different anode 
potentials. The sections of the various curves which lie to the left 
of the axis of ordinates revC'al the location of the temperature-limited 
vii tual cathode. The sections of the same curves which lie to the 
right of the axis of ordinates indicate the location of the space-charge­
limited virtual cathode and potential minimum. The dashed-line por­
tions of the curves for P,, --- 1 and \/2 are mathematical solutions of 
equation (18) which are probably unrealizable in the ordinary opera­
tion of the tube. Figures 7 and 8 together give the location and mag­
nitude of the potential minimum under various operating conditions. 
This information is of considerable value to a proper understanding 
of the operation of the tube. 

la Va 
Figure 10 is a plot of - vs. - for various values of Pa• These 

lo Vu 
curves show the variation of the anode current with anode potential 
for several particular values of space current. It will be observed 
that as the anode potential is increased from zero, the anode current 
increases from zero relatively slowly at first and then more rapidly. 
This rapidity of increase of anode current is more pronounced for the 
smaller values of space current. The initial variation of anode current 

3 
with anode potential is approximately a - -power law, such as obtains 

2 



48 ELECTRON TUBES, Volume I 

in the case of an idealized diode. As the anode potential increases, 
however, the returning current (corresponding to the electrons which 
return toward the grid from the virtual cathode) decreases because 
the anode current increases. This results in a movement of the 
virtual cathode toward the anode, and thus causes a further increase 
in the anode current. The net result is similar to that which would 
exist if the cathode of the idealized diode moved toward the anode 
with increasing anode potential, i.e., the current would increase more 

3 
rapidly than predicted by the - -power law. It will be observed fur-

2 

ther that for the curves which represent the cases Pa= 1 and v2: 
the anode current saturates abruptly with increasing anode potential. 
This action indicates an instability in the plate characteristic for 
relatively low values of space current. For values of Pa greater than 
2, the saturation of anode current occurs at a finite rate, i.e., the 
saturation is a stable phenomenon. If the anode potential is decreased 
toward zero, after the saturated condition has been attained, the 
anode current does not vary with anode pote.1tial entirely as before. 
For example, in the case Pa= 2 v2, the anode current saturates with 

Va 
increasing anode potential at the value - = 2.24. With decreasing 

v11 
anode potential, the anode current remains saturated until the value 
Va - = 1.0 is reached, and thereafter follows the same law of variation 
v11 

as occurred for increasing anode potential. This "overhang" of anode 
current illustrates the hysteresis phenomena which occurs in the plate 
characteristic. 

The dashed-line portions of the curves for Pa= 1 and v2, which 
indicate a negative-resistance anode characteristic, represent mathe­
matical solutions of equation (19) which are probably unrealizable 
in the steady-state or low-frequency operation of the tube. The exist­
ence of such solutions has been used, unjustifiably, to form the basis 
of a negative-resistance explanation of Barkhausen-Kurz oscillations.T 
Such oscillations can be explained more satisfactorily by an analysis 
which takes into account, at the start, the effect of the transit time of 
the electrons. 

Before leaving the discussion of Figure 10, it should be pointed 
out that curves representing values of Pa less than 1 have been omitted 
from this plot, since the analysis indicates the physically unrealizable 
phenomenon of a saturation current "overhang" into the negative 
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V4 1 
region of -. The value P,, = -- represents the limiting case for 

v11 v2 
which, with increasing anode ,·oltage, the anode current rises gradually. 

1 
For values of Pu"==---, the anode current saturates abruptly at 

Va 
·-=0. 
v,, 

\12 

T T 1 V0 
Figure G is a plot of - and - vs. for various values of 

To To V0 

P4 • These curves· show the variation with anode potential of the 
transit time, ,., for the electrons which travel from the plane of the 
grid to the anode, and of the transit time, ,.,, for the electrons which 
travel from the plane of the grid to the virtual cathode. The curves 
illustrate the magnitude of the effect on the transit time of the elec­
trons which can occur in the presence of space charge. 

IV. EXPERIMENTAL VERIFICATION 

To obtain experimental verification, at least of a qualitative nature, 
of the main features of the theoretical results, a special pentode was 
constructed. The tube consisted of an indirectly-heated cathode having 
an area of G.3 sq cm; a control grid, the potential of which was 
varied to alter the space current between the screen grid and anode; 
and a screen grid spaced 1.5 cm from a suppressor grid located in 
front of, and very close to an anode having an area of 9 sq cm. The 
suppressor grid was connected to the anode to prevent any secondary 
electrons, which might have been emitted from the anode, from seri­
ously disturbing the space-charge conditions in the region between 
screen grid and anode. The electrodes were made slightly concave to 
minimize spreading of the electron stream, and large enough in area 
to minimize edge effects. 

Oscillograms of the anode and transfer characteristics of this tube 
were taken on a special cathode-ray curve tracer built by Mr. 0. H. 
Schade, of this laboratory.* The characteristics were determined in 
this way because the heavy currents would have damaged the tube 
if the tube performance had been observed by the usual point-by-point 
method. 

Figure 17 is an oscillpgram record of the variation of anode current 
with ~node voltage, the control-grid voltage being 150 volts and the 

• This device was described by Mr. Schade before the Rochester Con~ 
vontlon of tho I.l\,E, on November 20, 1935, 
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screen-grid voltage being 120 volts. It will be observed that the anode 
current increaR<'S uniformly, as the anode voltag<> is increased from 
zero, until th(• point markl'd "c" wh1•rc saturation is reached, and there­
after changes very slowly with further inl'rease of anode voltage. 
When the anode voltage is decreased, the anode current remains vir­
tually constant until the point "d" is reached, at which point the anode 
voltage is considerably less than at the point "c''. With further de­
crease of anode voltage, the anode current drops discontinuously and 
then decreases uniformly on the same curve as obtained with increas• 
ing anode voltage. This behavior is qualitatively similar to the theo­
retical curve marked P" = 2 v'2 of Figure 10. 

Fig. 18-Anode-characteristic oscil­
logram of special prntode showing 
the hysteresis and instabilities sim­
ilar to curve marked P. = \12 in 

Figure 10. 

Fig. 19 - Transfer-characteristic 
oscillogram of special pentode 
showing the hysteresis and insta­
bilities characteristic of the curve 

v. 
marked - = 0.4 of Figure 11. 

v. 

Figure 18 is a similar oscillogram record, the control grid now 
being at 200 volts and the screen grid at 250 volts. This characteristic 
shows an abrupt increase of the anode current at the point "b" when 
the anode voltage is increasing, and an abrupt decrease of the anode 
current at the point "e" when the anode voltage is decreasing. This 
behavior is qualitatively similar to the theoretical curve marked 
P/J = Y2 of Figure 10. The faint irregular traces which are present 
at the abrupt changes of anode current are probably mainly due to 
the unavoidable reactance of the tube connecting leads, 

Figure 19 is an oscillogram record of the variation of anode cur­
rent with control-grid voltage, to which the space current is propor­
tional. The screen grid was maintained at 300 volts and the anode at 
120 volts, This recorcl is in qualitative agreement with the curve 



EFFECTS OF SPACE CHARGE IN GRID-ANODE REGION 51 

v., 
for - = 0.4 of Figure 11. It will be observed that the anode current 

VQ 
increases uniformly, <'Xl'ept at the point "/", with increasing space 
current until a virtual cathode is almoflt formed at the value corre­
sponding to the point "a". Further incrC'ase of space current causes 
the formation of a virtual cathode between screen grid and anode, 
with an attendant sudden decreirne of anode current, as indicated by 
the point "b''. Still further increase of space current is accompanied 
by a uniform decrease of anode currPnt. (The negative slope of the 
/ 0 vs. V1 characteristic in this region represents a negative transcon­
ductance and can be utilized to form the basis of a novel type of 
amplifier and oscillator.) If the space current is now decreased, the 
anode current increaseR until the point "d" is reached, at which point 
an abrupt increase of anode current take8 place. The point "d" corre­
sponds to a lower value of space current than the point "a", in accord­
ance with theoretical expectations, and marks the sudden disappearance 
of the virtual cathode and the formation of a potential minimum. 
Further decrease of space current is accompanied by a decrease of 
anode current, the same path now being followed as for increasing 
space C'Urrent. 

The curiou8 kink in the early portion of the curve, indicated by 
the point "f", m·ay be accounted for as follows: Since the control grid 
was operated at positive potentials in order to obtain sufficient space 
current for the experiment, it is to be expected that the possibility 
of primary and secondary emission from this grid is great. At rela­
tively low values of control-grid voltage, corresponding to relatively 
low values of space current, these electrons contribute to the anode 
current. As the control-grid voltage is increased, the space current 
increases sufficiently so that the value of the potential minimum which 
has been formed in the region between screen grid and anode become/I 
less than that of the control grid. As a result the electrons emitted 
from the control grid are confronted by a potential barrier which 
they are unable to penetrate and consequently they execute excursions 
about the screen grid until captured. The slope of the la vs. V1 curve 
is greater for values of V 1 corresponding to the range between zero 
and the point "f" than for the range above "f". This is accounted for 
by the explanation given above, because for values of V1 less than 
those corresponding to "f" the electrons which are emitted from the 
control grid contribute to the anode current. Beyond this point these 
electrons do not contribute to the anode current, but instead because 
of their multiple excursions about the screen grid, they increase the 
value of space current and actually cause the anode current to increase 
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at a lower rate with control-grid voltage than before. Approximate 
calculations which have been made support this explanation, but their 
reproduction at this point would be out of place. 

V. ILLUSTRATIVE APPLICATIONS 

The theoretical results which have been presented in the foregoing 
treatment are applicable to a wide variety of vacuum-tube problems. 
For purposes of illustration, we will now discuss two such problems, 
both of considerable practical interest. 

I-The Type 61,6 Bram Power Tub~.-This tube is a quasi-pentode 
power amplifier which employR a minimum potential, deliberately 
formed in front of the anode by utilizing the Rpace charge of the 
electrons, to minimize the passage of sectmdary electrons from anode 
to screen grid. The existence, under certain conditions, of a potential 
minimum or virtual cathode in the region between screen grid and 
anode has been known for some time/ 7 M and the applicability of the 
phenomenon to the minimization of the (undesired) passage of 
secondary electrons from the anode to the grid has also been recog­
nized for some time.1 • 6 7 Recently, however, the subject has received 
considerable attention? 3 1 10 11 and it appears to us that a number 
of misconceptions which have arisen concerning the theory of opera­
tion of such a tube can be cleared up by means of the foregoing theory 
with certain modifications, of a quantitative nature, introduced by the 
factors which we explicitly neglected at the start. 

The objectives which were sought in the development of this tube 
were improvements over a-f power output tubes then available with 
regard to power output, efficiency, power sensitivity, and distortion. 
These objectives could best be attained by a high-transconductance 
tube having an anode characteristic as close as possible to that of an 
ideal pentode.4 Although the usual pentode anode characteristic ex­
hibits no trace of the secondary-emission phenomena typical of the 
conventional tetrode, it iR invariably marked by a relatively slow initial 
rise of anode current with anode voltage and by a rather gradual 
saturation of the anode current. These undesirable features can be 
charged mainly to the presence of the suppressor grid, and therefore 
it was decided to dispense with this grid and replace it, at least as 
far as its effect on preventing the flow of secondary electrons f1•om the 
anode to the screen grid was concerned, by a potential minimum. The 
ultimate result of this development was the 6L6, the anode character­
istic of which is reproduced in Figure 20. 

In general, the main features of the curves shown in this ftgure 
agree qualitatively with those of the idealized curves shown in Figure 
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10. For example, the curves corresponding to the largest values of 
space current, i.e., highest values of control-grid voltage, tend to 
saturate at higher values of anode voltage and also exhibit the abrupt 
type of saturation predicted by the theory for values of Pa less than 2. 
The smooth type of -saturation shown in Figure 10 for larger values 
of Pa, which was verified experimentally in Figure 17, is also evident 
in Figure 20. However, there are several discrepancies between the 
theoretical results for the idealized parallel-plane tube and the curves 
of Figure 20. One of these lies in the fact that none of the curves 
saturate immediately, whereas the theory indicates that for Pa less 

1 
than- -- the anode current should rise to saturation value for the 

v2 
smallest positive anode potential. This lack of agreement can be 
attributed in small part to the Maxwellian distribution of velocities 
of electron emission, and in much greater part to the angular deflec­
tion of the electrons which occurs because of the wire grid structure.9 

This effect is most pronounced at the very lowest values of space 
current: at the higher space currents, where a virtual cathode is 
formed, this effect is entirely overshadowed by the behavior predicted 
by the theory. Another discrepancy is to be observed in the curve 
for E 01 = - 30 volts, which exhibits negative anode conductance for 
anode voltages between 25 and 75 v~lts. This can doubtless be explained 
by the existence of a potential minimum, the value of which is too 
high to provide a suitable retarding field for the proper suppression 
of secondary electrons which are emitted from the anode. A further 
discrepancy. is to be observed in the fact that all of the curves have 
a finite slope in the saturation region. This is probably due in main 
part, to the penetration of the anode field through the screen grid, 
and perhaps also to the slight contribution to the anode current of 
primary and secondary electrons from the screen grid. A more serious 
discrepancy, from an academic point of view, is the relatively narrow 
area of the hysteresis loops which are to be observed in the curves 
for Ee1 = +10 volts and Ee1 = + 15 volts. This may be due to the 
edge effects introduced by the zero potential "beam-forming" plates. 

It may be well to point out here that the behavior of the initial 
portions of all of the theoretical curves of Figure 10 and also the 
corresponding portions of the experimental curves of Figures 17, 18, 
and 20, is at variance with that deduced by J. H. 0. Harries,8 shown 
in his Figure 9 as curve G A D E. Harries invokes the electron­
velocity spread at the grid to explain the actual curvature of the rising 
portion of the anode characteristic, but it appears from the theoretical 
results that the curvature can be present even in the absence of a 
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well-defined distribution of "elocities of the electrons which pass 
through the grid. Nor is the suggestion of S. Rodda11 that the work 
of Below and Schulze indicates that this curvature is due primarily 
to the angular deflection of electrons in the neighborhood of the screen 
grid valid, except (as we have mentioned above) for very low values of 
space currer•t. As Harries pointed out,11 this is because Below explicitly 
neglected the possibility of the formation of a virtual cathode.0 The 
suggestion of Bel110 that the "detailed mechanism" of the anode char­
acteristic of tubes, nRtensibly utilizing a potential minimum to mini-
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mize the passage of secondary electrons from the anode to the screen 
grid, may be due largely to the inherently steep initial rise of the 
tetrode plus the somewhat reduced secondary emission of electrons 
from the anode is interesting, but hardly satisfying as a complete 
theory. Finally, in passing, we wish to call attention to the possibili­
ties of obtaining misleading results when using long glass tubes such 
as that of the "sliding-anode" tube employed by Harries,2.3 This has 
been pointed out by I. Langmuir12, in a discussion of Lilienfeld's work. 

2-Negative-Transconductance Amplifiers and Oscillators.-To illus­
trate the application of the negative-transconductance features of Fig­
ure 11, in which the anode current decreases with increasing space 
current6, a special pentode capable of operation with negative control 
voltage was constructed. The relative spacings of the electrodes were 
K-G1: G1-G2: GirG:i: Ga-A= 0.6: 0.6: 1.0: 8. The first grid was 
used as a negative-control electrode, the second grid as a positive-
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accelerator electrode, the third grid as a positive electrode for con­
trolling the velocity of the electrons entering the G3-A region where a 
virtual cathode was formed, and the anode was used as the output 
electrode. The tube could be used as an amplifier and as an oscillator 
having several unique properties. 

For an oscillator application, a typical circuit is shown in Figure 
21. The control grid is coupled to the plate circuit by means of a large 
blocking condenser, CAai, the negative bias being supplied to the grid 
through a high resistance Rv. The grid excitation is adjusted by sliding 

G' 

c., 

:i: J~ ,,, 
.> 

"'ii'" 
rs 

l I ~1 
• 119. •119, '9, •Vo 

Fig, 21-Schematic circuit of negative-transconductance oscillator. 

the tap along the plate mductance. In this circuit the grid voltage is 
essentially in phase with the anode voltage, so that the tube oscillates 
only when the transconductance is negative. The condition for oscilla­
tion requires that the negative transconductance be greater than the 
sum of the mternal anode conductance and the external circuit con­
ductance, which includes the anode circuit proper and the reflected con­
ductance of the grid resistor. Typical operating conditions were: g,,. = 
-2500 µmhos, g,, = 500 1..tmhos, Yr= 200 µ.mhos, V" = 210 volts, la= 
55 ma, V3 = 200 volts, / 3 = 25 ma, V2 = 200 volts, /!! = 25 ma, V1 = -12 
volts, / 1 = -0.2 milliamperes, ,\ = 30 meters, V,1 = 15 volts. 

In order to obtain a larger plate swing without destroying the vir­
tual cathc>de, attd also to obtain a larger effective negative conduct11nce 
by reducing the anode conductance, an additional screen grid may be 
Placed in front of the anode. In this way the space-ch,irge conditions 
in the Ga•G, region can be adjusted independently of the output circuit 
impedance by control of the potential of the 11nreen grids Ga Jnd G,. A 
tube of this type with relative electrode ~pacings of Q.6 :0.6 :1.0 :8.0 :2.0 
showed an anode conductance of only 40 1imhos in the negative-trans­
conductance region. 
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VI. CONCLUSIONS 

The effects of space charge in the region between grid and anode 
are of fundamental importance in determinf ng the behavior of vacuum 
tubes, particularly when the anode is preceded by a. grid operated at a 
positive potential. The effects of space charge between the grid and 
anode of a parallel-plane vacuum tube havti been determined in this 
,tudy from the results of a simple analysis. The assumptions which 
underlie this analysis necessarily introduce modifications of the theory, 
but as the experimental verification indicates, these do not invalidate 
the main results, and their effects can be taken into account in a qualita­
tive way. 

The principal eft'ects of the space charge in the grid-anode region 
are: (a) to introduce departures from the linear potential-distribution 
characteristic of the electrostatic case; (b) to set an upper limit to 
the current which can be collected at the anode, the limiting current 
density being 

(Vg'ii + Va~)S 
(/11) mu.= 2.33 X 10~ X ------amp per cm~ 

a' 
where Vg and VII are the effective grid and anode voltages, respectively, 
and a is the distance between grid and anode; (c) to introduce insta­
bilities and hysteresis phenomena in the behavior of the tube; and (d) 
to increase the electron-transit time in this region. 

For the four modes of potential distribution which have been 
treated, expressions have been derived for the distribution of potential 
and electric intensity throughout the grid-anode region; the time of 
flight of electrons from grid to anode, and (when a zero-potential plane 
is formed) also from grid to this plane of zero potential; and the loca­
tion and magnitude of the minimum potential. A formula has also 
been derived for the dependence of the anode current on the space cur­
rent, grid-anode distance, grid voltage and anode voltage. These ex­
pressions have been plotted, using dimensionless parameters, in Figures 
5-11. 

The experimental verification of these theoretical results indica.te 
that the theory can be employed in a qualitative way at least, to predict 
and explain the behavior of a large variety of vacuum tubes. Thia has 
been done for the 6L6 "beam power" tube, and for amplifier and oscil .. 
lator tubes which make use of the decrease of anode current with in­
creasing space current which the theory predicts. 
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FLUCTUATIONS IN SPACE-CHARGE-LIMITED 
CURRENTS AT MODERATELY HIGH 
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E. ,J. THOMPSON, D. 0. NORTH AND W. A. HARRIS 

ltC \ Mnn11fa,•t111 mg ('.0111p111J), }JI{ , 
11,irrlsnn, NI'\\- Jerst'y 

PART I-GENERAL SURVEY 

By B. J. Thompson 

Summary-This paper is presented in five parts of which thia ill the 
first, serving as an introduction to the others which present detailed analyses 
of fluctuations in space-charge-limited currents in diodes and negative-grid 
triodes, in multi-collector t11bes, and rn tubes with appreciable collision 
ionization, and of the fluctuations in vacuum-tube amplifiers under operating 
conditiom. The purpose of this part is to present the theoretical and hill• 
torical backgrounds for the other parts. 

Previous work led to a recognition of the fact that fl tctuations in space­
cha,rge-limited currents are less than in temperature-limited currents. At­
tempts were made to explain the actual magnitude of such residual fluctua­
tions in terms of thermal agitations in the internal resistance of the tube at 
cathode temperature. Agreement between such explanation and exprri­
mental results was not observed, the observed mean-square value of fluctua­
tions being only about six-tenths of the predicted value. 

It is clear that the thermodynamic reasoning on which the thermal 
agitations argument is based cannot properly be applied to a case such as a 
vacuum tube in which the drift velocities of the electrons greatly exceed 
the thermal velocities. A mil'roscopic examination of the mechanism of 
space-charge reduction of shot effect is 1·equired, therefore. 

The ,i,umber of emitted electrons having velocities greater than any 
fixed value ff,uctuates at random. If the retarding potential (virtual cathode) 
established near the cathode by the space charge were fixed in magnitude, 
the current passing to the anode would show ff,uctuations identical with 
those observed in temperature-limited currents of the same value. Since 
this is not the case, it is apparent that the rctm·ding potential fiuctuatea 
with fluctuations in emission in such a way as to oppose the changes in 
anode current. 

The method of analysis is to determine the effect on the potential mini­
mum of a small pulse of electrons of each velocitv group from zero to infinite 
velocity, and from this effect the change in anode current. The avera,ge 
rate of emission of electrons of each velocity group is known for a given 
cathode temperature. The mean-square fluctuations in number emitted is 
proportional to the average number. From this and from the effect of elec­
trons of different velocities on the anode current, the total current fluctua­
tions may be determined by integration. 

"' Decimal Classification: R138.1. 
t Reprinted from RCA Review, January 1940 et seq. 
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It has been ol)served that ftuctuationB in positive-grid tubes exreed 
those in triodes. This difference must be due tn ff,nctuations in division 
of cw 1·c11I brtween pnsitil•r ,qrid a11d anndll. S11C'h ff,11rf11ations in division 
<'flll be ,,,,rni111ff'd /01· b11 fh<' fncf that, fnr rarh 7mlt!e nf excess emission enn­
fin<"d to ,, .~nw/{ a,-ea nf thr rathndl', thrre 11111st hr a eompe11s,,fi11g rrdue­
tion nf anode c111Tc11t r.rtn1ding ot•e1· n romiidr;alilr r11 Nt. The initial e:i:ress 
Jmlsr will f/nw C'hie(ly to the gl'id 01· to /he mwdc, while the compensating 
]it1lsr 11•ill dimdr bl'fwecn the two. 

Fl11rf11atim1H 111 a11nde r111·1·e11t ca11sed b11 coltif1io11 ionization have bren 
oliS<"i'VC'd, but ai'r of /iffle im1101·ta11ce unda prarfical conditions. Ballan­
fine's analysis is i11com7ilete becc111sc of difficulties arising from the study 
nt tltc cffect of a singlr inn. It is more convenient tn treat thc ion flow a.~ 
a co11tin11011s stream as fa done in the case of clectron currents. 

The application of the methods of approach outlined in this 1iart will 
be uii•en in the later J>CII //1 of this 1JCIJ>er. 

A-INTRODUCTION 

F EW technical probl<>ms have been the subject of so much dis­
cussion over such a long period without general agreement as 
that of the random fluctuations in plate current of a space­

charge-limited vacuum tube. Until recently this lack of agreement 
embraced experimental fact as well as theory. In this situation, it was 
natural that the theories should be nearly as numerous and as dis­
similar as the authors thereof. Now, however, it appears that there 
is something approaching general agreement on the observed facts. 
The time seems ripe, therefore, for agreement on theory. It is the 
hope of the present writer and his collaborators to present in this 
series '>f papers a reasonably complete theoretical analysis of fluctua­
tions in vacuum-tube amplifiers uncler operating conditions, and experi­
mental confirmation thereof. 

The work on which these papers are based extends over a period 
of more than ten years. While we have found ourselves in disagree­
ment with many of the papers which have appeared on this subject, 
we have delayed presenting our work in published form until repeated 
experimental verification and continued analytical refinement, together 
with the acceptance of our conclusions by others, have convinced us of 
the soundness of our results. In the course of preparation of these 
papers, we have received further assurance from the publication by 
distinguished German workers of results closely similar in part to 
ours. 

The extensive literature on the subject of current fluctuations is, to 
some extent, an indication of its importance. Vacuum-tube amplifiers 
enable us to perceive extremely minute electrical impulses, the minute­
ness being limited only by the magnitude of the inevitable extraneous 
background of "noise". This application of amplifiers is of major 
importance and "noise" is the only serious technical limitation at 
preaent. 
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The desired signal which is introduced into an amplifier is not, in 
itself, free from noise. The amplifier, however, introduces additional 
noise which often is greatly in excess of the inherent noise of the sig­
nal. It is recognized that both the circuits and the vacuum tubes of 
the amplifier contribute to the amplifier noise. In many circumstances, 
circuit noise predominates; in other cases-notably of late, television 
amplifiers-tube noise is the limiting factor. 

The extraneous background noise produced by a vacuum tube may 
be divided into three general classifications: 

1. Disturbances caused by wall charges, vibration of electrodes, 
faulty contacts, etc. These are largely confined to the lower frequencies 
and may be reduced without theoretical limit by more careful tube 
design and construction. 

2. Flicker effect, caused by random changes in surface conditions 
of the emitter. This disturbance is confined chiefly to frequencies 
below 500 cycles per second, and may be reduced by choice and treat­
ment of the emitter. 

3. Fluctuations in space-charge-limited currents associated with 
the random emission of electrons. These disturbances are distributed 
uniformly over the whole frequency spectrum from zero to frequencies 
such that the electron transit time is comparable with the period. 
They are of a fundamental nature. 

Because the first two effects are largely confined to the lowest 
frequencies and because they may be controlled by well-known means, 
this part and subsequent parts of the paper will deal solely with the 
third class of fluctuations. 

In an attempt to present our work in the form most convenient to 
possible readers, whose interests may vary from the purely theoretical 
to the intensely practical, we shall divide the material into several 
parts, of which this is Part I. These parts will, in effect, be inde­
pendent papers which may be read separately, though, of course, each 
part wiJI use without repetition of proof the pertinent conclusions of 
other parts. These parts are as follows: 

Part 

Part 

I. General Survey, by B. J. Thompson. 

II. Fluctuations in l>iodes and Triodes, by D. 0. North. 
Part III. Fluctuations in Multi-Collector Tubes, by D. O. 

North. 
Part IV. Fluctuations Caused by Collision Ionization, by B. J. 

Thompson and D. 0. North. 
Part V, Fluctuations in Vacuum-Tube AmplUiers, by W. A. 

Harris. 
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The titles of Parts II, III, and IV list the major sources of noise 
which will be treated separately. 

It is the purpose of this general survey to present the historical 
and theoretical backgrounds for the individual analyses. Those who 
are concerned solely with the application of the results will be inter­
ested chiefly in Part V, since the rest of this part and Parts II, III, 
and IV describe how the results are obtained. 

B-FLUCTUATIONS IN SPACE-CHARGE-LIMITED DIODES AND TRIODES 

1. HISTORICAL SURVEY 

Historically, the first publication concerning current fluctuations 
was the classic paper by Schottky1 in 1918 in which he predicted that 
there would be fluctuations in the plate current of a temperature­
limited diode, the mean-square value of which is proportional to the 
plate current, the electron charge, and the frequency interval over 
which the measurement is made. Subsequently this. prediction was 
verified experimentally. 

In 1928, Nyquist= and Johnson3 published their important papers 
showing that there are fluctuations in voltage across the terminals 
of an open-circuited resistor, the mean-square value of which is pro­
portional to the resistance, the absolute temperature, and the frequency 
interval over which the measurement is made. 

It was recognized that these two types of fluctuations set a mini­
mum li:nit to the magnitude of signal which may be perceived by 
means of a vacuum-tube amplifier. As early as 1925, however, it was 
recognized that the shot-effect formula of Schottky does not apply 
directly to. space-charge-limited currents, the careful measurements 
of Hull and Williams4 having shown a reduction to as low as 16 per 
cent of the root-mean-square temperature-limited shot effect. The 
question then arose as to the lowest magnitude of fluctuations to be 
expected under operating conditions. 

One view, attractive in its simplicity, was that in the presence of 
"complete space charge" the fluctuations would be zero. The fact that 
they were not found to be zero was taken to be an indication of the 
lack of complete space charge. 

The first attempt at a complete analysis of the problem was that 
of Llewellyn• in 1930. The fluctuations were divided into two com­
ponent parts: that resulting from the lack of complete space charge 
(measured by the rate of change of plate current with emission cur­
rent) and appearing as a fraction of the temperature-limited shot 
effect, ud that produced by thermal agitatio111 in the plate resistance 
at the wbe, demomitrated by thermodynamic considerationa to be 
effecttwtl, • the ca-.. temperature, 
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This analysis was widely accepted, but came to be recognized as 
suffering from the grave defoct that the predicted values of shot effect 
or of thermal agitations taken alone often considerably exceeded the 
total measured fluctuations. The publishPd measurements of Pearsonr. 
and of F. C. Williams7 and unpublished work of others established 
this fad clearly and led to an attempt to obtain agreement between 
theory anc! measurement by dropving the shot-effect component and 
making the quite reasonable substitution of cathode resistance for 
plate resistance in computing the thermal agitations of a triode.8 This 
still left an excess of "theoretical" over measured fluctuations. 

F. C. Williams; appears to have been the first to point out in a 
published paper the fallacy of viewing the anode current fluctuations 
as therm:11 agitations in the internal anode resistance. It seems clear 
that thermodynamic reasoning cannot be applied to a situation where 
the drift velocities of th:i electrorrn are greatly in excess of their 
thermal velocities. 

In November; 1936, Dr. Korth and I presented at the Rochester 
Fall Meeting of the I. R. E. a brief summary of our theoretical and 
experimental work which will form a consideral,Je part of the present 
contribution.9 As relates to diodes and triodes, it was shown by a 
microscopic study of the actual mechanism of reduction of shot effect 
by space charge that the magnitude of mean-square current fluctua­
tions should be approximately six-tenths of the thermal agitations in 
a resistor equal in magnitude to the cathode resistance at the cathode 
temperature. This result was stated to be in agreement with exp2ri­
mental observations. 

At about the same time Schottky published the first10 of a pro­
jected series of papers; 11 this constituted the first published attempt 
to analyze the actual mechanism of space-charge reduction of spol 
effect. Unfortunately, the different effects of different velocity class :s 
of electrons were ignored, leading to an erroneous result. 

A subsequent paper by Schottky and Spenke12 has corrected the 
errors and omissions of the earlier papers. So far as relates to fluctuA­
tions in space-charge-limited diodes and triodes, these writers are now 
in substantial agreement with the results presented by us in 1936 and 
now published in detail. 

Rothe and Engbert13 have published a large number of measur-e.. 
ments on a variety of tubes which establish more firmly the experi­
mental facts. 

2. NA.TURE OF Ttt:E PROBLEM 

The analysis of fluctuations in temperature-limited currents (to 
be called true shot effect) is based on the assumptions that the emfs .. 
sion of any one electron is an independent event determined S()Jely by 
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chance and uninfluenced hy the emis11ion of other electrons at that or 
:my other time, and that all emitted e!E>ctrons instantaneously pa~R 
to the anode. Under 11uch conditions, it is shown that the number of 
electromi emitted in 111urc<'s~ive equal time intervals varies according 
to the laws of probability and that this variation in number constitutes 
a spectrum of alternatinl.l"-current components having constant ampli­
tude independent of frequency. A tuned circuit through which the 
anode current flows will develop a voltage the mean-square value of 
which is proportional to the plate current, the square qf the resonant 
impedance, and the band width over which the eircuit responds. To 
give a numerical example, a circuit of 50,000 ohms impedance having 
an effective band pass of 10,000 cycles pC'r second through which a 
temperature-limited current of one milliampere flows will develop a 
voltage of 89 microvolts across its terminals, independent of the 
resonant frequeney. This prediction has been aecuratelv verified. 

The assumption of complete randomness of electron emi<;sion 
applies equally well to the Rpace-charg-e-limited case, of course. It is 
obvious that the second assumption of instantaneous passage of all 
electrons to the anode is not justified, however. The mechanism of 
space-charge limitation of anode current is such that part of the 
Pmitted electrons are turned back to the cathode. As the total emission 
is arbitrarily increased-by increasing cathode temperature, for 
example-a larger fradion of the electrons is turned back. This resul' s 
from the mutual r{'pu!sion between electrons, the presence of one 
electron tending to turn back following electrons. It is to he expected, 
then, that when an inRtantaneous excess of ele<>trons over the a\·eragc 
number happens to be emitted, a greater fraction of the total number 
of electrons will be returned to the cathode. It follows that the anode 
current fluctuations will be reduced by the action of the space charge 
to a value less than the true shot effect. We shall call this value th-:? 
reduced shot effect. 

It seems clear that it will be necessary to examine minutely the 
mechanism of space-charge limitation of anode current in order to 
determine the effect of space charge on shot effect. 

Before proceeding with a diecussion of the problem, it may be well 
to pause here and clear up eeveral points which have tended to becloud 
the technical issues in the past, both by leading to experimental error 
and by confusing theoretical discussion. 

It has been erroneously stated that, since shot effect is produced 
by the arl'ival of individual discrete el&'trons at the anode, nothing 
may be expected to reduce its magnitude for a given current. Shot 
fffeet ii not a matter of the discreteness of the electron, directly. A 
current of 1.0 milliampere corresponds to a flow of nearly 1018 elec-
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trons per second. If they were to arrive at the anode at a uniform 
rate, there would be no freqnency component below 1016 cycles per 
second. 

It has been erroneously stated that shot-effect currents are the 
same in the presence of space charge as with temperature limitation 
of emiss10n and that the reduction in shot-effect voltage results only 
from the shunting effect of the lower anode resistance in the case of 
space-charge limitation. 

On the other hand, experimental results have frequently been pub­
lished in which the varying shunting effect of the anode resistance 
was ignored. 

Is 

0 
--Eo 

Fig.1 

Shot effect is essentially the varying rate of flow of electrons 
between cathode and anode brought about by the random rate of emis­
sion of electrons. The study or discussion of current flow in a vacuum 
tube is expedited by assuming no external impedance in any electrode 
circuit. We shall, therefore, make this assumption, unless otherwise 
stated. The fluctuation voltage in the anode circuit for any fluctuation 
current may be obtained in the same manner as for varying currents 
of other origin: by multiplying the alternating component of current 
by the effective anode impedance, including the internal anode resis­
tance in parallel with the external circuit. The internal anode 
resistance has no unique influence on shot effect. Of course, measure­
ments of shot effect require an impedance in the circuit. The experi­
mental results presented in these papers represent either the current 
which would flow in the electrode circuit without impedance, or the 
voltage developed across a stated impedance, including the internal 
electrode resistance. 
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3. GENERAL THEORETICAL CONSIDERATIONS 

In a temperature-limited diode, there is an accelerating field at 
the cathode and all emitted electrons pass over to the anode. According 
to the well-known formula for true shot effect, the mean-square fluctua­
tion current ii produced by an anode current / is 1-i = 2el 6/ where e 
is the electron charge and 6/ is the frequency band over which the 
measurement is made. If the total temperature-limited current I is 
divided in any a1·bitrary fixed manner, the mean-square fluctuation 
current of any part of the current is in proportion to that part, thus 
co1·respondiny to true shot effect. This is stated axiomatically, and 
will be called the principle of fixed division. It applies to divided 
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cathodes, divided anodes, selected velocity groups, or any other fixed 
division. 

Let us consider the velocity distribution of the emitted electrons, 
shown in Figure 1. This is really a plot of the current which would 
flow to a negative electrode closely surrounding the cathode, the 
potential of the electrode being E., and the current flowing to it, /. 
As the electrode is made more negative, fewer electrons have sufficient 
velocity of emission to reach the electrode against the retarding, field. 
If the potential be set at -E..,, a current Ia will flow to the electrode, 
electrons having lower velocity being turned back. Since we are 
fixing the division of the total current by the retarding potential 
-Ea, there will be true shot-effect fluctuations in current Ia, 

The potential distribution in the space between cathode and anode 
in a parallel-plane diode with space-charge-limited current is repre­
sented in Figure 2. Near the cathode there is a potential minimum of 
magnitude E., (negative) at a distance x,,, from the cathode. Between 
this potential minhnum and the cathode, all electrons having an initial 
velocity of emission E0 normal to the cathode less than E,,. (expressed 
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( 2E0e) j 
in electron volts, the actual vt>locity being given by v = -;;-
where v is the velocity, e is the electron charge, and m is the mass 
of the elt>ctr,m) are turned back to the cathode. All electrons with 
greater initial velocity pass to the anode. The values of :r,.., E',.., and 
plate cuaent / 1,, may be dt:>tcrmined for given cathode temperature, 
electron em1ss10n, electrodl' spacing, and anode potential from well­
known analyses.14 

From our discussion of the fluctuations in current flowing to a 
retarding electrode, we must conclude that, if E,,, remains constant, thr 
fluctuations in pwte current of the space-charge-limited diode must be 

Al 

0 Em 
ro --

Fig. 3 

equal to thl fl'Jte shot-effect value. The study of the effect of spa,ce 
charge on shot effect is then the stud11 of the belrnPior of the potential 
minimum with ff,urtuations in rmission. 

Qualitative considerations show that E,,, does not remain fixed, 
however. Its value is determined at any instant by the instantaneous 
space-charge distribution between cathode and anode. When the 
number of electrons having velocities of emh1sion in excess of the 
mean value of Em is momentarily in e,ecess of the average, the number 
of electrons passing across the cathode-anode space increases and, as 
a result of their space-charge effect, Em becomes more negative, thus 
turning back a certain number of electrons which would otherwise 
have passed to the anode. When the number of high-velocity electrons 
is less than the average, I!,',,. becomes less negative than the mean value 
and some of the lower-veJocity electrons are permitted to pass over to 
the anode. 

To determine the magnitude of the reduced shot effect it is neces~ 
sary to analyze the quantitative rehitions between instantaneous 
veloclty distril>ution •'lid inatiuitaneou~ v~lue ot pot,ntial mininu1m. 
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Let us consider again the velocity distribution of emitted electrons. 
Figure 3 shows the current corresponding to the average number of 
electrons in eacll velocity group (E0 + 6E), where velocity of emission 
E 0 is expressed in volts as before. The total area under the curve (on 
to infinity) is equal to the total average emission from the cathode. 
The area under the curve to the right of E,,. (the potential minimum) 
is equal to the average anode current. The area to the left of Em 
represents the current turned back to the cathode by the potential 
minimum. This curve represents average conditions, only. From our 
previously stated principle of fixed division, we know that the current 
corresponding to each velocity group of electrons fluctuates at random. 
If the velocity increment 1s made small enough, all electrons in a given 
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velocity group hiwc the same Rpace-charge effect on the potential 
distribution and, hence, on the potential E,,,. Knowing as we do the 
:fluctuations in number of electrons in each group and being able to 
calculate the etfect of each group on the potential Em, we are in a 
position to determine the over-all net fluctuations. 

To simplify the physical viewpoint in this analysis, let us consider 
a vacuum tube in cross-section, Figure 4. We may say that, since the 
fluctuations in current are small compared to the average current, the 
fluctuations in E,., are small oompal'ed to the average value of Em. We 
may then apply the principle of superposition. Let us say that the 
emission is constant outside of the differential strip dy. Within dy 
it fluctuates at random. En, is, of course, constant except for infinitesi­
mal ehangea produced by fluctuations in emission within dy. An excess 
number of electrons of any velocity group emitted within dy will pass 
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to the anode if their initial velocity E 0 is greater than E,., or will be 
returned to the cathode if it is less than E 111 • Whichever course they 
take, their effect on E.'111 (an infinitesimal effect) may be calculated. 
Suppose a group of electrons having a velocity greater than E 111 be 
emitted. These electrons pass on to the anode and, on their way, add 
to the spacf' charge and depress the potential r: 111 over a considerable 
area. This lowering of E 111 turns back some of the lower velocity elec­
trons in the region adjacent to dy, so that, in effect, there is a com­
pensating current flowing in the opposite direction which reduces the 
effect of the original group of electrons. 

If the velocity of this group of electrons is less than E,,., none of 
the electrons reach the anode but J::111 is depressed by the additional 
space charge, with the result that there is a reduction in anode cur­
rent. 

For each velocity group of electrons in dy which reaches the anode 
there is, then, a compe:1sating current in the opposite direction the 
magnitude of which depends on the velocity of the electrons. The net 
current pulse due to this group of e1ectrons is the difference between 
the current flow corresponding to the electrons and the compensating 
current. 

For each velocity group of electrons which fails to reach the anodf', 
there is a negative pulse of anode current, the magnitude of which 
depends on the velocity of the electrons. 

By integrating in the proper way the effect of each velocity group 
of electrons in dy on the resulting anode current we may find the net 
fluctuations produced by the random emission of all the current in dy. 
Integrating over the entire cathode area will then give us the total 
fluctuations in current. 

Simple considerations show that it is really unnecessary to inte­
grate over the whole cathode surface, however. The effect of a given 
velocity group of electrons emitted in one place is the same as that of a 
similar group distributed over the entire cathode surface, so long as 
the group is infinitesimal in size. We may, then, for analytical pur­
poses equally well consider the velocity groups distributed over the 
entire cathode surface. The actual mathematical process to be fol­
lowed will then be the dividing of the total cathode emission into an 
infinite number of velocity groups, the multiplying of the mean-square 
fluctuation current corresponding to each velocity group by a factor 
indicating the 1·elative effect of electrons of each velocity on the anode 
current, and the integrating of the product for the entire range of 
velocities. The result is the total mean-square fluctuation in anode 
current. 



FLUCTUATIONS IN SPACE-CHARGE CURRENTS 69 

In the above discussion it is implicitly assumed that a fluctuation 
involving a given velocity group of electrons persists long enough for 
a new equilibrium to be established. This simplifies the analysis, but 
renders it inapplicable to frequencies such that the transit time of an 
electron is comparable with the period-frequencies of several hundred 
megacycles per second in usual tubes. 

The application of the diode analysis to triodes is obvious. We see 
that the addition of a negative grid between cathode and anode has 
little effect on the fluctuation current for a given anode current, but 
chiefly serves to alter the internal anode resistance of the tube. 

It has been customary to view reduced shot effect and thermal 
agitation as identical, or at least closely related. The above discussion 
had laid the background for an analysis without mention of thermal 
agitations nor has any mechanism for establishing thermal equilibrium 
between the electron stream and the cathode been found or assumed. 
Does this mean that the thermal-agitations viewpoint is considered 
false? 

The answer is yes to the extent that that viewpoint is used as a 
means of predicting the reduced shot effect without detailed micro­
scopic analysis. Reduced shot effect is essentially shot effect in the 
presence of space charge and should be approached from the shot­
effect and space-charge viewpoints. The thermal-agitations viewpoint 
is useful only in the interpretation and application of the results. 

Pa.t II continues the above analysis and presents an experimental 
verification of the results. 

C-FLUCTUATIONS IN POSITIVE-GRID TUBES. 

1. HISTORICAL INTRODUCTION. 

Comparatively little attention has been accorded to the question 
of current fluctuations in screen-grid tubes, it being generally im­
plicitly assumed that, where the cathode current divides between two 
electrodes such as the screen and the anode, the fluctuations would 
divide in the same manner. (Here I ignore the question of thermal 
agitations in the plate resistance, for so far as I know this concept 
has never been seriously applied to screen-grid tubes.) It was fairly 
generally recognized, however, that triodes were "quieter" than 
tetrodes and pentodes, though a very great deal of confusion was 
introduced by a general failure to take into proper consideration the 
greater shunting effect of the lower plate resistance of triodes. 

About 1933, Mr. Stuart Ballantine very courteously told me of his 
experimental results which showed greater fluctuations in the anode 
current of screen-grid tetrodes than in that of triodes. He was able 
to account for this by the fluctuations in emission of secondary elec-
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trons :from the scr£>en grid. Meaimremcnts whirh I undertook as a 
result of this with snpprp'\sor-gdd pentodrs sPemed to show that this 
explanation, while undoubt('(l]y hai-ecl on an <'Xistini.r phenomenon, was 
incomplete, since no important diffnence in fluctuations appeared to 
exist between tctrodes and pentodPs although it was known that the 
suppressor grid effectively pre\ented secondary emission. 

In 1935, Messrs. S. W. Seeley and W. S. Barden called to the atten­
tion of Dr. North and me their ingenious measurementsn with sup­
pressor-grid pentodes in which a resistance in the cathode circuit 
(see Figure 5) should "degenerate" practically all cathode-current 
fluctuations, and, therefore, should eliminate the component of anode­
current fluctuations resulting therefrom. Nevertheless, they observed 
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la1·ge fluctuations in the anode current. These could not be accounted 
for by thermal agitations in the cathode resistor. The conclusion was, 
the1•efore, that there wa!!I a fluctuation in division of current between 
scteen and anode. That this was so they veritied by direct meas­
uretntmt. 

Ort the e,cplanation of the Seeley and Barden effect is based the 
atutlysi!'l pre!!lented in Part III by North. This analysis was :made 
itttl'hedifitely after the discussion with Messrs. Seeley and Barden. It 
wa!I presented in brief at the Rochester Fall Meeting of 1. R. :m. in 
November, 1986.u 

In December 1937, Rothe and Efogbert11 published a qualitative 
theory which explains the fluctuations in divi11ion of current between 
:;e1·ctn and anode as resulting- ft'om the chance determination of the 
dextination of the electron:. which either strike close to edges of the 
:.creeh wires or pass ort to the anode a£te1' nar1·owly missing the wite. 
The n1east1rem~t1ts which the;>' re).)ot•t at·e in agreement with those 
1·eported by us. 
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2. THEORE!'!'ICAL CoNsmgRATIONS 

The explanation of the fluctuation in division of the current be­
tween screen and anode which was offered (and later developed in 
detail by Dr. North) is as follows: 

Consider a vacuum tube as shown in cross section in Figure 6. 
Suppose that an excess number of electrons of high velocity is emitted 
over some short period of time at point (a). These electrons will pass 
through the region of potential minimum and will pass on to the posi­
tive screen-grid wire directly before them (the negative control grid 
is omitted for simplicity). On their way, they increase the space 
charge of the space through which they pass to greater than the 
normal value. This increase in space rharge depresses the potential 
of the potential minimum, thus bringing about a reduction in current 
below the normal value in the area surrounding the closely confined 
initial impulse in the manner discussed under (C). This reduction in 
current is in effect a compensating current flowing in the opposite 
clirection to the initial impulse. The difference between the two cur­
rents is the net fluctuation which would exist in a diode. 

In the case of the positive-grid tube, however, the initial impulse 
just considered went entirely to the screen grid. The compensating 
rurrent, being- distributed over a considerable area, divides between 
screen and anode almost as the average current divides. If the screen­
grid current is a small fraction of the anode current, the screen-current 
fluctuations will be almost uncompensated and it would, therefore, be 
expected that the magnitude of these fluctuations would be given by 
the formula for true shot effect. If the net cathode-current fluctuations 
are sm'all, the plate-current fluctuatiohs must be approximately the 
same as the screen fluctuations. 

Of course, this explanation ignores the effect of the cathode resistor 
in the Seeley and Barden experiment. '!'he degenerative fluctuation 
voltage fed back to the grid through the action of this resistor merely 
makes more certain that the compensating current is distributed over 
a large cathode area. 

Rothe and Engbert13 have assumed that the arrival of a certain 
class of electrons at the screen is entirely fortuitous. That is, electrons 
emitted directly under the edge of the screen wire have the same 
chance of reaching the screen wire as of reachittg the anode. This 
leads to the conclusion that some fraction of the current in the screen 
sh<Juld fluctuate at random. 

This last analysis should lead to correct results for extremely 
minute grid wires, such that the motions of electrorts in directions 
parallel to the eathode as the result of random velocities of emh111iot1 
would be large compated to tmi grid wire diameter. It appeal's, how-
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ever, that it would be difficult to apply quantitatively in the practical 
cas('. The analysis presented by Nurth should give quantitatively cor­
rect results in the case of infinitesimal as well as of finite collectors. 

In the event that an intermediate lOllector of current intercepts 
a large continuous area, the conclusions arrived at by North would be 
invalid. This is because the fluctuation in distribution of current could 
occur only at the boundaries of the large area. 

D-FLUCTUATIONS CAUSED BY COLLISION IONIZATION 

No vacuum tube is perfectly evacuated. The residual gas molecules 
will occasionally be struck by an electron on its way from cathode to 
anode. If the velocity of the electron is sufficient, the molecule may 
lose an electron, thus becoming a positive ion. The effect of the positive 
ion is well known to be that of increasing the electron current which 
may flow across the space. Inasmuch as the formation of positive ions 
is a random event, the current produced by them must fluctuate at 
random, and thus be a source of noise. 

The existence of such an effect has long been recc,gnized. Ballan­
tine16 in 1933 analyzed the effect of a single ion and from that arrived 
at the nature of the qualitative relationship between ion current and 
plate-current fluctuations. He found experimentally that this relation­
ship was correct. It was not possible, however, to determine analyt­
ically the magnitude of fluctuations to be expected. 

In Part IV of this paper, I present an analysis which was carried 
out in 1933. This treats the flow of positive ions toward the cathode 
as the movement of a positively charged continuous stream through 
the negatively charged electron stream, in the same manner as is con­
ventionally done in treatments of electron-space-charge effects. This 
is a great simplification as compared with Ballantine's analysis of the 
effects of a single ion. It is justified because it may readily be shown 
that the average distance between ions is extremely small as compared 
with electrode spacings, even under conditions most unfavorable t<l 
the assumption. 

E-OTHER SOURCES OF FLUCTUATIONS 

We have already considered the fluctuations caused by random 
emission of electrons from the cathode, by inconstant division of cu1·­
rent between positive electrodes, and by varying production of positive 
ions. There are other sources of fluctuations. 

It is well known that positive ions may be emitted from a hot 
cathode or may be formed at its surface and that these ions cause 
fluctuations in cathode current.11 Experimentally, we have detected 
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the effects of such ions only in special cases. Under normal conditions 
this source of fluctuations need not be considered. 

Flicker effect, wall charges, microphonics, etc., have been mentioned 
and dismissed from our present consideration. 

Secondary emission from the screen grid plays a small part in 
determining the fluctuations in current of screen-grid tetrodes. The 
prevailing use of suppressor-grid pentodes makes it unnecessary to 
concern ourselves with this. 

Grid current produced by gas ionization will develop a fluctuation 
voltage in an impedance in the grid circuit according to the shot-effect 
formula. With usual values of grid current this fluctuation voltage 
may be ignored, though it may readily be taken account of if necessary. 

The analyses which have been made do not apply at the highest 
frequencies. Further, at ultra-high frequencies there are other sources 
of noise. These matters we hope to discuss in another paper. 

F-CONCLUSION 

This introductory part of our paper has, by its nature, been devoid 
of results. The succeeding parts, of which the next is Part II, Fluctua­
tions in Diodes and Triodes, by D. 0. North, will continue the analyses 
by more rigorous methods and will present the results. 

REFERENCES 

1 W. Schottky, "Spontaneous Current Fluctuations In Various Conduc­
tors", Ann. Physik, 57, pp. 541-567, (1918). 

2 H. Nyquist, "Thermal Agitation of Electric Charge in Conductors", 
Phys. Rev., Vol. 32, No. 1, pp. 110-113, July, (1928). 

3 J.B. Johnson, "Thermal Agitation of Electricity in Conductors", Phys. 
Rev., Vol. 32, No. 1, pp. 97-109, July, (1928). 

4 A. W. Hull and N. H. Williams, "Determination of Elementary Charge 
E from Measurements of Shot Effect", Phys. Rev., Vol. 25, No. 2, pp. 147-173, 
February, (1925). 

• F. B. Llewellyn, "A Study of Noise in Vacuum Tubes and Attached 
Circuits", Proc. I.R.E., Vol. 18, No. 2, pp. 243-265, February, (1930). 

6 G. L. Pearson, "Shot Effect and Thermal Agitation in an Electron 
Current Limited by Space Charge"; Physics, Vol. 6, No. 1, pp. 6-9; January, 
(1935). 

7 F. C. Williams, "Fluctuation Voltages in Diodes and in Multi-electrode 
Valves"; Journ. I.E.E., Vol. 79, No. 477, pp. 349-360; September, (1936). 

s This method of calculating the fluctuations in a triode was suggested 
by Mr. W. A. Harris in a discussion of a paper at the Rochester Fall Meet­
ing of J;,R.E., November, (l!la5). 

o B. J. Thompson and D. 0. North, "Shot effect in space-charge-limited 
vacuum tubes", Elecli"onics, Vol. !J, No. 11, p. :u, Nowmber, (1936). (Sum­
mary) 

B. J. Thompson, Electronics, Vol. 10, No. 2, p. 34, February, (1937). 
(Letter) 

10 W. Schottky!. "Shot Effect and the Virtual Cathode", Die Tekfunken­
riik.-e, Vol. 8, pp. l'to-196, (1936). 



74 ELECTRON TUBES, Volume 1 

11 W. Schottky, "The Connection Between Corpuscular apd Thermal 
Fluctuations in Electron Tubes"; Z. Physik, Vol. 104, pp. 248-274, (1937). 

12 W. Schottky and E. Spenke, "The Space-Charge Reduction of Shot 
Effect", Wissensahaftliche Veriiffentlichungen au, den Siemena-Werke-n, 
Vol. 16, No. 2, pp, 1-41; July, (1937). 

IJ H. Rothe and W, Engbert, "The Fluctuation Noise of Amphfier Tubes 
in the Range between 150 and 15,000 Kilocycles per second", Die Telefunken­
R6hl'<', No. 11, pp. 183-212, December, (1937). 

11 I. Langmuir and K. T. Compton, "Electrical Discharges in Gases; 
Part II"; Reviews of Modern Physics, Vol. 3, No. 2, pp. 241-245, April, 
( 1931). 

1:-. S. W. Seeley and W. S. Barden, a paper presented at the Rochester 
Fall Meeting of I.R.E., November, (1935). 

16 S. Ballantine, "Fluctuation Noise Due to Collision Ionization in Elec­
tronic Amplifier Tubes", Physics, Vol. 4, No. 9, pp. 294-306; Septembt>r, 
(1933). 

17 J. S. Donal, Jr., "Abnormal Shot-Effect of Ions of Tungstous and 
Tungstlc Oxide", Phys. Rev., Vol. :l6, pp. 1172-1189, October 1st, (1930). 



FLUCTUATIONS IN SPACE-CHARGE CURRENTS 75 

PART II-DIODES AND NEGATIVE-GRID TRIODES 
BY DWIGHT 0. NORTH 

Summary-A quantitative theory of shot effect in the parallel-plane 
diode is formulated for any degree of space charge, and for frequencies 
suck that transit-time effects m·e of no concern. Reginmng with the steady­
state description of a diode showmg a Maxwt·ll-Boltzmam1 distribution of 
emission velocities, the theory is founded upon a determination of the new 
steady state which results from the injection of a small additional em;ssion 
comprised of electrons of a sper1fied velocity. 

The ftuctuati,ons in a diode rurrent I are expi·essed by 

i2 = r• • 2el6f. 

For a temperature-limited diode it has long been known that r• = 1. For 
a diode with anode potential sufficiently negative (1·etarding field), r• = 1 
also. For the usual space-charged-limited case, i.e., any instance in which 
there ,s a virtual cathode, r• is less than unity, but in this paper r• is 
computed by numerical integration for only those instancPs in which the 
anode cur1·ent is a small fraction of the Pmission. 

In this last case the shot-effect formula is also written, phenomeno­
logically, .to correspond with, Nyquist's well-known expression for thermal 
agitation in a vassive network of ronductanre g, thus: 

f = 9 • 4kTgt:,.f. 

Here T iB absolute cathode temperature and g is diode rond1ictance. The 

dimensionless factor fl is found to be virtually a constant ( fl= : ) 

for the whole range of normal anode potentials with asymptotic value, 

in the limit of high, anode potential. Tkat is, the mean-square noise gex­
era,ted b'II emiasion 11,uctua,tions is rougkly numerically eq'l,fal to two-thirds 
of the noise of thermal agitati.on generated by a resistance of magnitude 
equal to the a-c resistance of th.e diode and possessing a temverature equol 
to the Qffihode tempe""ture. 

The theoT71 is eztended to cover ahot etfect in the anode circuit of t.\ 
triode with negative gnd. Unless the a,mpliffoation factor µ is very low, 
tle Htfte formulas apply, eo,eept tl&a.t g is ROW interpreted as tile co,a .. 
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ductance of the "equivalent diode". Following recent practice, the anode­
circuit shot effect is exressed in terms of an ohmic resistance R.,, at room 
temperature T. in the grid circuit, the thermal agitation of which produces 
an equal fluctuation in the anode circuit, thus: 

e T 1 
R,11=- · - · -, 

u T. g,., 

Um 
where g.., is the transconductance and 11 = -. Fo1· mode,·n tubes, 11 lies 

g 
between 0.5 and unity. 

The diode in thermal equilibrium ( diode of any geometry, a,ll a,t one 
tem:,,erature, no source of energy) is analyzed to show that the fiuctue,tio'IIJJ 
can be quantitatively reckoned as either shot effect or thermal agitation 
with the same numerical results. It is argued that here only can these 
distinct concepts be merged into one. 

Diode measurements show noise consistently higher than the theoretical 
predictions, the factor of disagreement amounting to an order of magnitude 
at high currents. Thi.a is qualitatively accounted for in a satisfactory man­
ner in terms of a small amount of elastic reff,ection of electrons at the anode, 
an hyopthesis supported by published experimental work 

Negative-grid triodes are usually not subject to such complica,tions; 
this is evidenced by good agreement between the triode formulas and 
measurements of a variety of modern tubes, including not only the usual 
quasi-cylindrical structures, but even one fiat structure with a V-typc 
filament. The theory is, therefore, believed to be extensively valuable as 
a guide to low-noise amplifier design. 

THEORY 

INTRODUCTION AND REVIEW OF STEADY STATE 

IN PART I it was shown that an adequate analysis of space-charge­
reduced shot effect must recognize that the reduction associated 
with fluctuations in emission of electrons having a specified emis­

sion velocity is, inter alia, a function of that velocity. This investiga­
tion will, therefore, be confined initially to ascertaining the net fluc­
tuations in current which occur as a consequence of true shot fluctu2-
tions in the emission of electrons of a specified velocity. The total 
reduced shot effect, measurable in a suitably connected circuit, will 
then be established by summing over the whole gamut of initial 
velocities. 

It can be seen immediately that the character of the results will 
be determined largely by the Maxwell-Boltzmann (M-B) laws of dis­
tribution. At the same time it becomes apparent that the theory will 
have to be founded upon a steady-state description which embodies 
these laws. As often happens, the processes of analysis are impeded 
least by confining ourselves to a parallel-plane model, for the duired 
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description of the steady state is well known.1·~.H Whether or not the 
results obtained can be applied to other types of structure is a question 
relegated to subsequent experimental studies. The treatment and 
notation of Fry and of Langmuir will be employed here inasmuch as 
these references are likely to be most accessible. To conserve space 
and to avoid unreasonable repetition of these published works, it will 
be assumed henceforth that the reader is acquainted with the general 
nature of these papers, particularly the work of Fry. 

The steady-state potential within a space-charge-limited parallel­
plane diode, the cathode of which produces an unlimited supply of elec­
trons with zero emission velocity, is represented by the well-known 
C'xpression, 

(1) 

in which E is the potential at a distance :r from the cathode, I is the 
cathode current per unit area, 111 is the mass of an electron, and e its 
charge (throughout, this symbol implies a positive quantity). The 
potential of such a hypothetical case is illustrated by curve A of Fig­
ure 1. 

In actuality there is a finite emission current JR per unit area 
possessing a M-B distribution described by the usual exponential law. 
If we let v, be the normal component of an electron's initial velocity, 
and if we define two useful equivalent potentials, thus: 

1 kT 
-m v,2=e V 8 , - = Ve, 
2 e 

one aspect of the M-B distribution can be written 

v. 
I .• 

d/8 =--F 

Ve 

(2) 

(S) 

In (2), k is Boltzmann's constant (= 1.37 X 10-10 ergs/°K), and T 1s 

the absolute cathode temperature. Equation (3) defines the portion 
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2 T. C. Fry, "The Thermionic Current Between Parallel Plane Elec­
trodes: Velocities of Emission Distributed According to Maxwell's Law," 
Pkys, Rev., Vol. 17, p. 441, (1921). • 

8 I. Lanfmuir, "The Effect of Space Charge and Initial Velocities on 
the Potentia Distribution and Thermionic Current Between Pa1·allel Piane 
l!!lectrodes," Pkys. Re11. Vol. 21, p. 419, (1923). 

4 I. Langmuir and K. ·T. Compton, "Electrical Discharges in Gases," 
Rev. Mod. Ph'JI••• Vol. S, p. 191, (1931). 
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di., of the total emission eurrent I., composed of electrons whose initial 
normal velocities, e'CprE'ssed in terms of the equivalent potential v •. 
lie within the narrow Iimib1 Y. and v. + av.. The actual potential 
function, therefor<', has the appearance of curve B, the potential 
minimum E.., adJal'ent to the cathode serving as a gate which permits 
electrons of higher velocity to proceed to the plate. These constitute 
the cathode (or anode) current I. The rest of J,, consisting of electrons 

1 
whose emission velocities are such that - m v/ < le E,,,I, is returned 

2 
CATHODE ANODE 

Fig. I-Potential functions in a space-charged-limited diode. 

to the cathode without having crossed the potential minimum or 
"virtual" cathode. 

The potential function in this case is best described by replacing 
E and x by quantities TJ and t, respectively, having the following 
definitions 

E-E,,. 
fJ = (4a) 

V, 

( 
-,r )3/4 

~ = 4 -- mt/4 e112 111~ (x - a:m). 
2kT 

(4b) 

It should be noted that the origin of coordinates is thereby shifted to 
the potenthll minhntim. In the a-space, to the left ot the virtual 
cathode, t is negative; in the /3-space, to the right of the virtual 
cathode, l is pt>sitivt!; while 11 is pU!itive in both spaces. The steady-
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state potential distrilmtion then appears, in Fry's notation, as the 
solution of the cryptic differential equation, 

(5) 

cf> (77) being shorthand for either of two expressions, 

,~v 

I-
/ 

•·SPACE /3-SPACE / 
30 

'-- -- ,I 

/ 

- ~ --~ -
- - -- -;/ - - - --,, 

- - - - ,- - - - - / -
-

/ 20 - -- - - --7 - _, -
- - / 

>--- - - - --- - - -- - - / 
- - - - -

-r-- - - - -tT -- - -

- --;,✓ - -- ~ -
10 --'-- - - - -

/r 
-

/ '-- -
_,/ 

- 1-- -
J-~ 

~ - -- -
'- __...----

-2 2 4 6 6 10 
E 

12 14 16 16 20 

Fig. 2-Solutions of the differential equation: ( :: ) 2 = <1>(11). 

¢ (77) =r:"-1+(: 77 1/!_r,,erf771/!). (6) 

The upper sign is used for the a-space, the lower sign for the /3-space, 
and the error function is defined : 

erf Y = -! --=f Y e-r2 dx 
v-rr o 

(7) 

The solution of thb equation has already been effected by mechan­
ical rneans, with the assistance of series approximations. It is plotted 
in Figure 2 which, in terms of 77 and t, embodies all plots of E against 
z, such as curve B, Figure 1. The solution is tabulated in. Table I, 
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taken intact from Langmuir's paper.1 In Table II there are listed the 
values of ¢,. for values of T/ < 10, and of cf,p for values of 71 < 100. 
These were calculated directly from (6) with the help of tables of 
the error function, except for values of cf,p for 1/ > 1 which were com­
puted from the asymptotic series. The series expansions are very 
valuable in checking the tables, and, in addit10n, give much informa­
tion as to the behavior of the functions. 

TABLE I 
=--=~===-- --- -------

1/ -~ ~ 1/ -~ ~ 1/ -~ ~ 
-----------·---- -- --- -------
0.00 0.0000 0.0000 3.0 2.2338 4.4750 20 2.5538 14.8260 
0.05 0.4281 0.4(;57 3.2 2.2650 4.6524 25 2 5539 17.1931 
0.10 0.5941 0.6693 3.4 2.2930 4.8261 30 19.4253 
0.15 0.7167 0.8296 3.6 2.3183 4.9963 35 21.5522 
0.20 0.8170 0.9674 3.8 2.3410 5.1634 40 23.5930 
0.25 0.9028 1.0909 4.0 2.3615 5.3274 45 25.5643 
0.30 0.9785 1.2042 4.5 2.4044 5.7259 50 27.4740 
0.35 1.0464 1.3098 5.0 2.4376 6.1098 60 31.141 
0.40 1.1081 1.4092 5.5 2.4634 6.4811 70 34.642 
0.45 1.1648 1.5035 6.0 2.4834 6.8416 80 38.007 
0.50 1.2173 1.5936 6.5 2.4990 7 1924 90 41.258 
0.6 1.3120 1.7636 7.0 2.5112 7.l:345 100 44.412 
0.7 1.395(i 1.9224 7.5 2.5206 7.8690 150 59.086 
0.8 1.4704 2.0725 8.0 2.5280 8.1963 200 72.479 
0.9 1.5380 2.2154 9.0 2.5382 8.8323 300 96.877 
1.0 1.5996 2.3522 10 2.5444 9.4465 400 119.185 
1.1 1.6561 2.4839 11 2.5481 10.0417 500 140.068 
1.2 1.7081 2.6110 12 2.5504 10.6204 600 159.885 
1.4 1.8009 2.8539 13 2.5518 11 1845 700 178.861 
1.6 1.8813 3.0842 14 2.5526 11.7355 800 197.146 
1.8 1.9515 3.3040 15 2.5531 12.2747 900 214.850 
2.0 2.0134 3.5151 16 2.5534 12.8032 1000 2.5539 232.054 
2.2 2.0681 3.7187 18 2.5537 13.8313 
2.4 2.1168 3.9158 
2.6 2.1602 4.1071 
2.8 2.1990 4.2934 

When 1/ << I, 

[ I I ] 2 [2 4 ] 'PJt(71)= TJ+-1J'+-713 +--- ±-TJl/2 -TJ+-112 +---
2 6 vir 3 15 

When TJ >> I, 

2 1 [ 1 3 15 ] 
11~(1J) ~2r'l--7Jl/2-1-- 1--+----+---

'V7r y; .,,112 277 477~ 8773 

L Langmuir, Joe. cit. 

'.3) 



FLUCTUATIONS IN SPACE-CHARGE CURRENTS 81 

TABLE II 
--- --- ----- --- --- - -

7/ cf, .. ( 7/) cf,p ( ,, ) ,, cf,p(TJ) 

0.00 0.0000 0.0000 10 2.75 
0.01 0.0109 0.0093 15 3.51 
0.02 0.0224 0 0180 20 4.17 
0.03 0.0345 0.0265 25 4.75 
0.04 0.0469 0 0347 30 5.29 
0.05 0.0599 0.0427 35 5.77 
0.06 0.0731 0.0505 40 6.23 
0.07 0.0867 0.0fi83 45 6.65 
0.08 0.1009 0.0657 50 7.06 
0.09 0.1153 0.0731 60 7.81 
0.1 0.1300 0.0804 70 8.51 
0.2 0.2944 0.1484 80 9.15 
0.3 0.4897 0 2101 90 9.77 
0.4 0.7164 0.2672 100 10.32 
0.5 0.9764 0.3210 
0.6 1.2722 0.3720 
0.7 1.6068 0.4208 
0.8 1.9836 0.4674 
0.9 2.4067 0 5125 
1. 2.8806 0.5560 
2. 11.846 0.932 
3. 36.94 1.23 
4. 105.68 1.50 
5. 293.1 1.77 
6. 802.8 1.99 
7. 2,190 2.20 
8. 5,960 2.39 
9. 16,200 2.57 

---- ---- ------ -- -- ---

It will be convenient to use Subscripts 1 and 2 to denote values of 
quantities such as t or 7/ at the cathode and anode, respectively. This 
brief description of the steady state is then completed by observing 
that 

I/I.= c..,,._ (9) 

When I, I, and T are specified, the operating voltage (E2 - E 1 ) can 
be found1 by first evaluating 711 from (9). The value of t1 is then 
located in Table I. Knowledge of the distance (x2 - x1 ) between elec­
trodes permits t2 to be derived from ( 4b). The value of 712 is then 
located in Table I, and the desired (E2 - E 1 ) from ( 4a). The process 
of finding I, when the operating potential is specified, follows the same 
tactics; various values of I are assumed and the corresponding poten­
tials determined; the / which corresponds to the specified (E2 - E 1 ) 

is then located by interpolation or read from a current-voltage plot. 

1 Lancmuir and Compt:on, loc. cit. 
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ANALYSIS OF SHOT F'LUCTU'ATIONS 

Upon this steady-state foundation the succf.'eding analysis of fluc­
tuations will be constructed. InaRmuch aR all of the work entailR 
numerical integration, one very important simplifying assumption 
will be made. It will be supposed that 

1;1.- 0. (10) 

In effect, this means that ~1 will always be assigned the asyrnptotic 
value, -2.554, which is suggested by Figure 2 and tabulated in Table I. 
Although this may at first appear to be a most severe limitation, it 
is not, in fact. For example, reference to Table I shows that ~1 is only 
16% below its asymptotic value when 771 = 3.0, which is to say, in view 
of (9), when //l.=f-3 ~1/20. One may expect to run across dis­
agreement between theory and measurement on this account in case 
thoriated or pure-tungsten emitters are used. But, ordinarily, oxide­
coated cathodes produce enough emission to place / / / 8 far below the 
figure cited, so that, in such applications, the assignment of discrep­
ancies to this limitation of theory will not be just. Nevertheless one 
should not lose sight of the assumption, for it is tantamount to what 
might be termed "complete space-charge limitation". and the final 
expressions to be evolved are valid only in this domain. If, for instance, 
the noise is measured while the cathode temperature (emission) i::i 
slowly dropped, one should expect the measured shot effect to depart 
eventually from the theoretical value given in this paper, and to move 
to higher levels through an uncharted region, finally arriving at a 
magnitude prescribed by Schottky's original formula for true tem­
perature-limited shot effect simultaneously with the disappearance of 
the last vestige of a virtual cathode. The transition region is left 
unanalyzed in this paper, not because it is not understood, but simply 
because it requires much crank turnin~. yet promises little of nractical 
interest. 

The only further limitation of note is the confinement of discussion 
to frequencies low compared with the reciprocal of the electron transit 
time. Although there is every need for an understanding of shot 
fluctuations at ultra-high frequencies, it comes not on the wings of 
the morning, but only through a comprehension of the phenomena at 
frequencies unmolested by transit angles. This particular limitation 
simplifies the treatment tremendously. For, as pointed out in Part I, 
we shall consequently be concerned with fluctuations of a duration 
great enough that the analysis need only search for the description 
of the new equilibrium state into which the diode settles when, m 
addition to its original emission 1., one admits a imall steady incre-
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ment i0 ( V8 ) possessing a specified normal emission velocity v8 • Despite 
the fact that fluctuations in emission really do occur at random over 
the surface of the cathode, so that, to be exact, every emerging electron 
should be regarded as a "noise" electron, we shall nevertheless suppose 
i., to be spread uniformly over the cathode area, even as / 8 itself. That 
no precision is sacrificed through use of this artifice was proven in 
Part I, where the question was discussed in detail. 

Hereafter, for brevity, we shall suppose the cathode potential to 
be zero (E1 = 0). As before, we shall replace 11., by an equivalent 
potential v. defined in the manner of (2), 

1 
-rnv/ = e V,. 
2 

Let us further define a dimensionless quantity, 

V.+Em 
.,\=----

Ve 

( 11) 

(12) 

it being understood that Etn is negative. This quantity can be used in 
place of v. to designate the emission velocity of electrons comprising 
i 3• If v8 be chosen so that i8 crosses the potential minimum to strike 
the anode (V8 > - E,,,), .,\ is positive. For smaller choice of v. such 
that the electrons proceed only part way to the potential minimum, 
stop, and return to the cathode, .,\ is negative; in fact, - .,, 1 ,,;;; .,\ ,,;;; 0, 
the kwer limit corresponding to v. = 0. In the 'I'/, ~ diagram, Figure 2, 
the turning point for these electrons will, of course, be a function of .,\ 
and will be that point for which .,, = - .,\, 

We ~re now prepared to construct a-for the moment-purely 
formal expression for the space-charge-reduced shot current fluctua­
tions in the anode circuit. For every i8 (.,\) we shall find the new 
equilibrium current 1 (identified with a fixed emission I., and there­
fore not including i6 (,\) itself) which flows in the presence of i8 (.,\). 

This permits a determination of the net increase in anode current 
over the steady-state I which flows in the absence of i8 (.,\). Both 1 
and I are to be evaluated under the assumption that the electrode 
spacing and operating voltage are held fixed.«· The ratio of this net 
increase in anode current to the quantity i, (,\) will, for small i8 , be a 
function of ,\ and not i 0• It will be denoted by y (,\) and is of. value 

"' In Part I it was shown that the basic quantity to be determined is 
the fluctuaticm current. The voltage it produces across a connected circuit 
is only a sin'ltile problem in algebra involving both the external circuit and 
the internal impedance of the tube. Fluctuations of the latter, although 
cel'tainly present, being initiated by fluctuations in space charge, represent 
a negligible contribution to the fluctuation voltage and will not be further 
discussed. 
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in that it represents the linear reduction factor by which a change in 
emission is converted into a change in plate current. Now confining 
our attentioh to the emission current di, composed of electrons whose 
normal emission velocities lie between.\ and,\+ d.\, we find from (3), 
(9), and ( 12) that its magnitude is 

(13} 

This differential-sized emission current exhibits true shot fluctuations, 
expressible by the following well-known formula for the mean-square 
fluctuation current {I in a band width t!.f • 

d({i). = 2e < di,) t:i./. (14) 

or. in terms of ( 13) 

d ( l2) • = 2e I t:i.f ( c:>. d.\) . (15) 

But every variation in emission is, as we have said, linearly reduced at 
the anode by the factor y(.\) The resulting fluctuations in anode 
current to be associated with electrons of this velocity class are, 
therefore, 

(16) 

Since the fluctuations in emission of one velocity class are presumably 
independent of fluctuations in all other classes, the total fluctuation 
current in the anode circuit is the integral of (16) over .\: 

t2=2elb.//_
00 

y2 (,\),:-:>.d,\. _,,, (17) 

The quantity 2el l:i./ is recognized as the true shot effect to be 
expected from a temperature-limited current /. The mean-square 
fluctuations in the present space-charge-limited current I are, there­
fore, reduced below the true shot effect by the factor, 

(18) 

This is the quantity of principal interest. The evaluation of the 
integral will be treated in two sections, thus: 

I (19) 
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The subscripts a and {3 are appropriately used to signify the reduction 
factors associated with the two main groups of electrons, those whose 
emission velocities are insufficient to take them across the virtual 
cathode and out of the a-space, and those whose velocities permit them 
to enter the /3-space and thus proceed to the anode. It should be 
observed that there is an intrinsic distinction to be made here, namely, 
fluctuations i. (),. > 0) contribute dll'ectly to the anode current, whereas 
fluctuations i8 (,\ < 0) do not. 

More precisely, 

1-1 
'Y (,\) = ---, - '>11 ~ ,\ ~ 0, a-group, 

i,(,\) 

[-/ 
y (,\) = 1 + ---, 0 ~ ,\ ~ oo, /1-group. 

i,(,\) 

(20) 

Inasmuch as the great majority of a-group electrons are returned 
before coming very near to the potential minimum, we should expect 
to find r,/ << rp2. This will be borne out in the succeeding analysis. 
Furthermore, for either group, one should expect Lim y 1 ,\) = - :c, 

,\=0 

since an electron which comes permanently to rest* in the virtual 
cathode produces a permanent decrease in plate current. And yet, for 
the fl-group, Limy(,\) = 1, since the influence of an electron in transit 

,\- 00 

must be a monotonic decreasing function of its transit time. It follows 
that th~re must be a certain ,\ > 0 such that y (,\) = 0. One should 
reasonably expect this ,\ to correspond to a velocity at the virtual 
cathode ,·oughly equal to the mean velocity of the M-B current / at 
the same point. In other words, one should predict y (,\) = 0, for 
,\ ~ 1r/4. This also will be verified. 

EVALUATION OF I'tJ2 
When, in addition to the M-B emission I., a current i,(,\ > 0) is 

produced at the cathode, the anode current 1 which is derived from 18 

can be represented as the solution of 

(21) 

• The nature of the potential function in the vicinity of the virtual 
cathode, (8), permits this view, fo1· it shows that an electron just able to 
reach the potential minimum requh-es an infinite transit time. 
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or 

where 
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F (71, ,\) = _:__ [ vrjTI- -...rx]. 
v""ii" 

(22) 

(23) 

This expression is valid in both the a- and /3-spaces, with the under­
standing that the appropriate form of cf, ( 'Y/) be employed in each case, 
cf. (6). The construction of (21) will not be entered into; the reader 
will find it simple enough if he avails himself of the methods employed 
by Fry in developing the basic equation (5). That (21) is correct can 
be ht/ erred from the following useful identity: 

(24) 

This means, naturally, that if, instead of confining i, to a specified 
velocity ,\, we distribute its velocities so that at the virtual cathode i, 
has the same velocity distribution as f, (:H) reduces to the same form 
as (5) in the /3-space, which not only is absolutely necessary, but 
should be sufficiently convincing that (21) is properly constructed. 

Now, since we always assume i. << 1, and I, we shall continually 
neglect all but the lowest power of i,/1 or i,/1. The differential equa­
tion can, therefore, be written 

(25) 

where the proper sign is to be used for each space. 

For the /3-space :-

I\ /\ 
Integrate (25), 0 < g < e2, 0 < '7 < 772• 

A /\ /\ f q, d71 1 i. f q, F ( 11,A) 

~2= o t/)jJ(71)1/~--2-/ o 'P/l(1i)J/~ cl,,. (26) 

Soiution of the unperturbed problem, (5), gjves 
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<26a) 

The differences (~ - T/) and cl- t) evaluated at end points are also 
to be looked upon as first-order infinitesimals The difference between 
( 26) and ( 26a) is, therefore. 

(27) 

For the a-space:-

A similar treatment shows 

(28) 

We shall set up the difference between (27) and (28) First, however, 
we define 

1 
0 = -a2 - t1) + rf,p(7J2)-112 + r/Ja(7]1)-1/ 2 

2 
(29) 

Then observe that. for small variations, and with the aforementioned 
stipulation that the operating potential is invariant, there follows from 
the definitions. ( 4a l and ( 4b) · 

I\' " E,,, - ~... I I - I 
7/2 - T/2 = T/1 - 7/1 = = log - = - --

Ve 1 I 
(30) 

When (29) and (30) are used in taking the difference of (27) and 
(28), rearrangement of terms shows 

1-I 1 [£"' F(71,'A.) £"" F(71,'A.) ] --=-- ---d71 + ---d71 . 
,;. 2D o rf,.,(.,,)Bt2 o rf,p(11)a/2 

The negative sign confirms the view that every transit of an electron 
of this group effects a momentary drop in the M-B space current. With 
regard to (20), we have finally: 
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(31) 

From this point evaluation of y (,\) proceeds, perforce, numerically. 
And there is now introduced, for simplicity, the previously discussed 
assumption that the emission I, is copious enough to warrant postulat­
ing 

1/1, =0, 

which reduces in (31) to the equivalent statements, 

so that 

1 
D = -(~2 + 2.554) + cf,fj ( .,,.J-1/2, 

2 
(32) 

a function of .,,2 alone. Likewise y (,\) itself reduces to a function of 
712 and ,\ alone. 

The numerical work was carried out with the help of a computing 
machine and Tables I and II, together with auxiliary tables con­
structed from these, e.g., 'Pa ( 71) 3/ 2 and c/,[j ( 7/) 312• The details are for 
the most part uninteresting and will be described only in brief. After 
a value of ,\ was chosen, y (,\) was found from (31) for a series of 
values of 7/2, 5 ::::;; '1] 2 ::::;; 100, by trapezoidal integration. This computa­
tion was repeated for a large number of selected ,\'s, 0.05::::;; ,\ =:::;; 5. 
Both of the integrands in (31) become infinite at the origin; hence, 
in the range 0 ::::;; .,, ::::;; 0.01, these integrals were evaluated directly, 
using the series expansions (8). The outcome is a numerical repre­
sentation of y as a -function of two parameters, '1]2 and ,\, in the 
domain: 

5::::;; 'IJ2::::;; 100 

0.05::::;; ,\::::;; 5. 

The representation cannot be carried to ,\ = 0, for y exhibits a logarith­
mic discontinuity at this point. It could have been carried to zero for 
7J2, but there is little point in it for when 7/2 = 0, the virtual cathode 
has moved over to the anode and there is no "gate" action-hence no 
reduction in shot effect-so that we know a priori that r 2 = rp2 = 1. 
More will be said of this situation later. The range of 112 was limited 
to values thought to be of practical interest. For example, v, is about 
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0.1 volt for oxide-type cathodes, whereas the operating potential is 
typified by 3 volts, in which event .,,2 is approximately 30. 

This stage of the calculations, being intermediate, merits only 
momentary attention to the nature of the function y. In Figure 3, 
curve B shows y (,\) when .,,2 = 30. The unbroken line contains the 
calculated values; the dashed line shows the logical extrapolation in 
both directions. As predicted, the point for which y = 0 lies near 7r/4. 
Plots of y for other choices of .,,2 show precisely the same qualitative 
character and need not be exhibited. It is now patent from Figure 3 

I I I 
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Fig. 3-Shot-effect reduction factor "Y as a function of >- (velocity) for 
A-the a-group of electrons which fail to reach the virtual cathode. B-the 

B-group of electrons which traverse the virtual cathode. 

that the reduction factor varies so widely with the emission velocity 
of the electrons that it is absolutely necessary to investigate each 
velocity class separately. The point is emphasized by the offensive 
behavior of fluctuations associated with electrons barely able to cross 
the virtual cathode (,\ slightly> O), these fluctuations proving to be 
so over-compensated (y < -1, y2 > 1) that their net fluctuations are 
in excess of the true or temperature-limited shot effect. 

This portion of the analysis is completed with a numerical integra­
tion of (19), giving rtJ2 as a function of .,,2• For example, the value 
of rfJ1 when .,,2 = 80 was found by squaring the ordinates of curve B, 
Figure 8, multiplying by e->- and making a trapezoidal integration over 
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the range 0.05 ~ A ~ 5, for which numerical values of y (A) had been 
computed. The additional contributions, O ~ ,\ ~ 0.05 and 5 ~ ,\ ~ oo, 
were calculated by direct integration from series approximations. The 
former can be handled in no other way because of the logarithmic 
discontinuity at the origin; the latter is a relatively insignificant con­
tribution since ,,--">-- vanishes rapidly. The result is tabulated in Table 
III and plotted in Figure 4. The heavy line contains the calculated 
values, while the light line shows the logical extrapolation. The dashed 
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Fig. 4-Shot-effect reduction factors for the case, 1/1, << 1. 

line shows the asymptotic form approached for large 112, This is found 
from (31) through consideration of the largest 112-terms only, and 
use of the asymptotic form of f/,p(TJ) as given in (8). In brief, for 
large 712, the first indicated integral in (31) vanishes in comparison 
with the second, and 2D can be replaced by f2 • The second integral 
has already been shown to possess a logarithmic discontinuity for 
,\ = 0. This can be overlooked, however, for the integral is otherwise 
an increasing function of 712 so that, for any finite .\, choice of a 
sufficiently large .,,2 permits that partion of the integral which depends 
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on ,,,2 to overshadow the portion which depends on log,\. Assuming 
tinnily that ,\ , < ,,,2, oiw finds 

Y - - :1 (\rx-- 21 y;). 
,\ > o v r,.! 

'Y/2- 00 

(33) 

It is quite apparent that this form bears only a very slight resemblance 
to the curve of Figure 3 and approaches incorrect limits for both large 
and small ,\. The difference in appearance means only that 'T/'.! = 30 
is too small to permit the use of (33). Of the in('orrect lower limit 
enough has just Leen said to juRtify the omission from (33) of tnP 
additive term which contains the proper logarithmic discontinuity. 
That the upper limit is incorrect is only natural in view of the assump­
tion ,\ << 'Y/'.!• In spite of this, relation (33) may be used to find the 
asymptotic form of r/ because of the rapid attenuation furnished 
by ,- >-. The result of putting (33) into (19) is 

l'i ~ -9- ( 1 --~ ) 
"7.!-00 'T/'.! 4 

(34) 

EVALUATION OF Ta2 

This study parallels the other so closely that its description can 
be made brief. Since the current i, consists, in this case, of electrons 
which have normal emission velocities insufficient to carry them over 
the virtual cathode (- ,,,1 < ,\ < 0), and since those electrons of a 
specified velocity ,\ turn about at the point •1=- - ,\, it will be under­
standable that, in contrast with (21), there are now three distinct 
differential equations, the simultaneous solution of which determines 
the M-B anode current 1 derived from the M-B 18 when an additional 
i.(,\ < 0) is produced at the cathode. 

For the /3-space: ( ;; ) 
2 = cJ,p ( 7J), 0 ~ •1 ~ ~'.! 

For the a-space: (85) 
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4 
G(TJ,>..)= --v,j""TT. 

y:; 
(86) 

As before, the construction of these equations will not be described: 
it is simple, but lengthy. The stamp of credibility is affixed by noting 

which the reader can interpret, like (24), to mean that under the 
proper conditions (M-B distribution of i 8 ) the set (35) reverts to the 
form (5). 

Repeating the process of taking the infinitesimal difference between 
the solution of (35) for f,and the unperturbed solution of (5) for I, 
we arrive by familiar stages at the statement, 

1 1'11 

y(>.)=--
TJ ~ 0 2D _,. 

G(TJ,>..) 
----d71. 
'Pa (77) 3/2 

(38) 

Again it is convenient to suppose the emission I. very copious, so that 
D takes the form (32) and the upper limit of the integral above is 
made infinite. The integral then becomes a function of >.. alone, and 
one numerical integration, therefore, suffices to permit representation 
of y for all values of 772, since 772 influences the function only thro~gh 
the definition of D. 

These integrations were performed for chosen values of >.. in the 
range 0.01 ~ - >.. ~ 3, observing the same precautions at discontinui­
ties and methods similar to those outlined earlier. A sample plot for 
q2 = 30 is shown in Figure 3, curve A. 

Finally r.,2 is determined from a numerical integration of (19) 
with the result: 

0.729 
r.,2=--. (89) 

D• 

This function has a marked maximum at q2 ~ 0.8, when r 1111 ~ 0.0513, 
but vanishes rapidly, of course, as 712 approaches zero. The values of 
r 1111 versus q2 are also listed in Table III and plotted in Figure 4. 
The expectation that r.,2 << rl is confirmed. For a practical instance, 
say q2 = 80, r«2/J."I = 0.11; for larger .,,2, the ratio diminishes slowly. 
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COMPOSITION AND INTERPRETATION 

The measuring device cannot discriminate between ra2 and I',l. 
The important quantity, their sum r 2, is shown in Table III. And in 
Figure 5, r is plotted against 712• This curve, in effect, describes the 
ratio of r-m-s current fluctuations appearing in the anode current of 
a space-charge-limited parallel-plane diode to the fluctuations in an 
equal temperature-limited current. Once more, the heavy line contains 
the calculated values, while the light line shows a reasonable extra­
polation. The asymptotic curve for large 712 is again included for com­
parison. The trend with both temperature and applied potential should 
be self-explanatory. 

Rough agreement with experience is already noticeable, for most 
reports of noise measurements on modern amplifying tubes indicate 
an r-m-s reduction of 1/3 to 1/5. But Figure 5 is an inconvenient 
basis for comparison because the parameter 712 is difficult to ascertain. 
It requires knowledge of the depth of the potential minimum, which, 
in turn, requires a determination of the ratio 1/18 • A plot of r against 
( 712 - 711 ) is hardly an improvement because of serious errors that 
may arise when the applied voltage is not corrected for contact 
potential. A much more useful universal parameter is found as fol­
lows. Starting with 

1. 
711 =log-' 

I 

ol 
and defining the diode conductance by g = -- (i.e., the reciprocal 

oE2 

of the a-c diode resistance), one can demonstrate that, under the 
assumption of invariance of / 8 and T when I is altered by varying E 2, 

I --= Dq,p ( 712) i12. (40) 
gV., 

The quantity on the left will become our new parameter, replacing 712 

and being defined by (40) which is principally a function of '?2 only, 
and becomes entirely independent of 711 if it is again supposed that 
1/I, - 0. This assumption was made in, plotting 1/g v. against 112 ·in 
Figure 5. 
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Fig. 5-Shot-effect reduction factors for the case, Ill,<< 1. 

From the two curves of Figure 5, the plot of r in Figure 6 was 
made. This curve is entirely suitable for experimental checks of the 
analysis since current, conductance and cathode temperature are acces­
sible parameters. Too, the reader has no doubt foreseen that represer.­
tation of r in this way permits a test of the theory against non-planar 
structures. 

The analysis might logically terminate at this point were it not 
for widespread curiosity over the connection (if any) between this 
type of shot effect and the current fluctuations of thermal origin 
(Brownian movement) known to exist in any short-circuited ohmic 
resistance. According to Nyquist's formula,1 the thermal current 
fluctuations in an ohmic resistance whose conductance is g, and whose 
temperature is T are represented by 

~=4kTgt::,.f. 

(k = Boltzmann's constant, f =bandwidth) 

Let us then suppose that our space-charge-limited diode exhibits 
pseudo-thermal fluctuations (that they cannot be considered truly 
thermal has been emphasized in Part I). We, therefore, describe the 
space--eharge-reduced current fluctuations by the empirical formula, 

12 = 8 · 4kTgt::,.f, (41) 

1 H. Nyquist, "Thermal Agitation of Electric Charge in Conductors," 
Phys. Rev., Vol. 32, p. 110, July, (1928). 
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Fig. 6-Shot-effect reduction factors for the case, III,<< 1. 

TABLE III 

I 

1/2 t. 4',(11,)Y.. D r , 
" 

r, , r• r gVe ' 
0 0 0 00 0 1 1 1 

5 6.110 1.38 5.08 0.0282 0.1663 0.1945 0.441 6,76 0.657 
10 9.447 1.66 6.60 0.0167 0.1043 0.1210 0,348 10.96 0.663 
15 12.275 1.87 7.95 0.0115 0.0775 0.0890 0.298 14.9 0.663 
20 14.826 2.04 9.18 0.0086 0.0621 0.0707 0.266 18.7 0.661 
25 17.198 2.18 10.88 0.0068 0.0519 0.0587 0.242 22.5 0.660 
30 19.425 2.30 11.43 0.0056 0.0448 0.0504 0.224 26.3 0.663 
35 21.55 2.40 12.47 0.0047 0.0394 0.0441 0.210 29.9 0.659 
40 23.59 2.50 13.47 0.0040 0.0352 0.0392 0.198 33.7 0.661 
45 25.56 2.58 14.45 0.0035 0.0319 0.0354 0.188 37.3 0.660 
50 27.47 2.66 15.39 0.0031 0.0291 0.0322 0.179 40.9 0.658 
60 31.14 2.79 17.21 0.0025 0.0248 0,0273 0.165 48.0 0.655 
70 84.64 2.92 18.94 0.0020 0.0217 0.0237 0.154 55.3 0.655 
80 38.01 3.02 20.61 0.0017 0.0192 0.0209 0.145 62.2 0.650 
90 41.26 3.13 22.28 0.0015 0.0173 0.0188 0.137 69.6 0.654 

100 44.41 3.21 23.80 0.0013 o.0157 0.0170 0.130 76.4 0.649 

1/1, - 0 10 that ~1 = -2,55, 111 -+ o0 
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and our problem is to discover the relationship between 9 and 712 or 
l/g Ve. Since we have formerly written 

i=F = r 2 • 2el 6/ , 

identification of (41) with (42) shows that 

l I l 
9 =-r2--=--r2DcJ,s<112)112. 

2 g V6 2 

(42) 

(43) 

The right-hand side is a combination of known functions of ,,,2 and 
serves to define 0. Values of 0, calculated in this manner, are listed in 
Table III and plotted in Figures 5 and 6 against 712 and l/g Ve, 
respectively. The asymptotic value is also shown (dashed line); its 
magnitude is found from (34) together with 

I 2 
--= DcJ,13(712) 112 ~ - 7/2, (40a) 

g V 6 3 
(112 • 00 ) 

so that 

9 ~ 3 (1 - ~) = 0.6438 . 
(712 • oo) 4 

(44) 

In this place it should be recorded that the asymptotic solution was 
first developed by W. A. Harris of these laboratories. Working along 
similar lines and independently, he arrived at the above expression in 
March, 1936, prior to the completion of the author's analysis. Indeed, 
the simplicity of his result, together with its substantial e,ccord with 
contemporary experimental work,1 added incentive to the more detailed 
study just described. 

The value of 0 for vanishing 712 (incipient retarding field condi­
tion) is also found easily from the following limit values: 

Lim 

I 
--a Df/,p('f/2)112= 1 
g v. 

ra1 =O, r 2 = r .. •= 1, so that '72 -o ,, 
1 

6=-. 
2 

(46) 

1 G. L. fearson, "Shot Effect and Thermal Agitation in an Electron 
Current Limited by Space Charge," Ph,11Bica, Vol. 6, p. 6, Januaey, (1985). 
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It is interesting to note how rapidly 9 rises and how closely it cor­
responds to the asymptotic value ( 44) throughout the whole practical 
working range. (Slight fluctuations in the tabulated values are to be 
attributed wholly to small errors arising in the numerical work.) Be­
cause of this fortunate property, equation ( 41) recommends itself as 
the formula for space-charge-reduced shot noise most useful in engi­
neering application; and for most purposes sufficient accuracy will be 
obtained by assuming 8 ( 112 ) to be simply a constant equal to the 
asymptotic value, namely, 0.644. Although, whenever one is principally 
interested in the noise reduction attributable to space charge, it will 
be convenient to revert to (43): 

g V0 g V0 

r 2 =2 o--~ 1.29--
1 I 

(43a) 

Inasmuch as/ increases more rapidly than g as (say) voltage is raised, 
it is apparent that although ri becomes smaller it decreases more 
slowly than the true shot effect increases so that the net result is a 
steadily increasing noise proportional to the diode conductance. It may 
be said then that the mean-square noise generated by emission fluctua­
tions in a space-charge-limited diode is roughly numerically equal to 
two-thirds of the noise of thermal agitation generated by a resistance 
of magnitude equal to the a-c resistance of the diode and possessing 
a tem1Jerature equal to the cathode temperature1• Yet the two phe­
nomena must not be confused in concept. For, thermal agitation is 
known to be a form of Brownian movement, and finds its origin in the 
equipartition of energy among the various mechanical and electrical 
degrees of freedom of a substance in thermal (i.e., kinetic or statis­
tical) equilibrium. The diode, on the other hand, while clearly in a 
stationary state, cannot be regarded as a system in a condition of 
thermal equilibrium so long as there is a battery providing plate 
voltage and energy. The mechanics of the two phenomena are, there­
fore, distinct; the formulas' alone exhibit a resemblance. The only 
instance in which complete identification can be made is that in which 
the plate voltage is zero and the whole diode (anode as well as cathode) 
is brought to a common temperature. This interesting situation will 
be discussed briefly in a later section. 

It is of interest to perfect the picture of shot noise by considering 
the case of a retarding field. The mean-square noise at the threshold 

1 In our oral report of this week (Rochester Convention, November, 
1986), we Q:ti.Gted "six-tenths" instead of the present "two-thirds," ( cf. 
Electromcs, Vol. 9, No. 11, p. 31, November, 1936). The alteration follows 
discovery of a numerical error which required that all values of r"• be 
raised by the factor 16/8. 
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of a retarding field condition has already been shown, ( 45), to be 
precisely half the thermal-agitations value. One can easily demonstrate 
that equations ( 45) are all valid throughout the retarding-field rea-ion. 
There is no virtual cathode, hence no space-charge reduction; and 
since J/g V6 = 1, it is numerically immaterial whether one regards 
the noise as true shot effect expressed by 

l'i" = 2elt:.f, 

or half-thermal fluctuations expressed by 

1 

CATHODE 

t 
E 

·if=-. 4kTgt:,f. 
2 

(o) 

r 2=1 
e=cc 

ANODE 

- - - j~e~½ - - -
1-~~f'•a,~ I 

m' 
e=½ 

['•:~::I 
I 

Fig. 7-Schematic survey of shot effect in a parallt>l-plane diode, 
all modes of operation. 

This identification was first remarked in print by F. C. Williams,! 
who also showed good experimental agreement with the theory, and 
pointed out the nature of the modifications necessary when the formu­
las are to be adapted to cylindrical structures. These modifications 
are of no great consequence unless the ratio of anode to cathode 
diameter is much larger than customary in conventional equipotential­
cathode structures.2 

We are now in a position to diagram the shot effect for virtually 
all modes of operation of a diode which approximates a parallel-plane 
structure. The applicable formulas will be either or both of (41) and 
(42). In Figure 7 four operating regions, (a)-(d), are schematically 
demarcated by three curves of space potential. Curve I represents 

1 "Fluctuation Noise in Vacuum Tubes Which Are Not Temperature• 
Limited," /()urn. /.E.E., Vol. 78, No. 471, p. 826, March (1986). 

1 Cf. footnote, p. 468. 
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that potential distribution for which the virtual cathode coincides with 

the cathode ( :: = 0 at cathode) ; curve I shows qualitatively a 

mode of operation such that 1/ 114 = 1/5 (say) ; curve III gives the 
potential distribution for which the virtual cathode coincides with 

the anode ( :: = 0 at anode) , which is the condition of incipient re­

tarding field. Region (a) : there is no virtual cathode, and the diode 
is, therefore, temperature-limited so that the classical shot-effect 
formula obtains, i.e., r = 1. No significance can be attached to (41) 
for, except for field currents or other anomalous behavior, g = 0. 
Region (b): no tabulation has been made for this region where III. 
is not sufficiently small that the present analysis can be used with 
negligible error. Close study is so lengthy and provides so little addi­
tional engineering information that mention will be made here of only 
a few rough estimates of error incurred if the tabulated values of 
r 2 and (} are employed. The value 1/18 = 1/5 is of course an arbitrary 
choice for the boundary curve II. If 772 = 10 (anode potential approx­
imately 1 volt, for a cathode temperature of 1000° K), the tabulated 
value of r 2 is low by approximately 1 per cent and (} is low by approx­
imately 1½ per cent, when 1/18 = 1/5. Larger values of 772 (higher 
anode potentials or lower cathode temperatures) reduce the error. 
For I; 18 = 1/3 and the same ,,,2 , the errors in r 2 and 0 are approximately 
4 and 6 per cent, respectively. And for III.= 1/2 the errors are only 
about 10 and 15 per cent, respectively. It is clear, then, that r 2 departs 
appreciably from the tabulated values only when the tube is nearly 
temperature-limited and then climbs rapidly to unity as I approaches 
1 •. 1 Region (c) : this is the region of practical operation of virtually 
all biased diodes giving high emission. The virtual cathode effects a 
reduction in emission fluctuations, and the tabulated values of r 2 and (} 
should show negligible error. Region (d): with the appearance of a 
monotonic retarding field, the virtual cathode and, therefore, the reduc­
tion of shot effect simultaneously vanish. Throughout this region 
r2 = 1, 8 = 1/2, and when used in their respective formulas, they pro­
duce identical numerical results. 

1Spenke has carried out the complete numerical integration for two 
examples and shows for them the sharp rise of r to unity described here; 
E. Spenke, "The Space-Charge-Reduction of Shot Effect," Wiss. Verofj. 
aUB den SiemeM-Werken, Vol. 16, No. 2, p. 19, July, (1937). In a more 
recent study, Rack has shown graphically the influence of the ratio Ill. for 
the complete range, 0.06 ~III,~ 1; A. J. Rack, "Effect of Space Charge 
and Transit Time on the Shot Noise in Diodes," B.S.T.J., Vol. 17, No. 4, 
p. 592, October, (1988). 
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THE DIODE IN THERMAL EQUILIBRIUM 

It was mentioned above that orie could expect the shot effect in a 
diode to be completely identified with the thermal agitations of its 
resistance only when the diode is unenergized and the whole of it put 
at one temperature. Let us demonstrate this identity by showing that 
the formula for shot effect proves to be, in this instance, identical with 
Nyquist's expression for the thermal agitation. Consider an electrode 
(1) surrounded by an electrode (2), the material of which each is 
constructed being unimportant. The electrodes are short-circuited and 
the diode is maintained at temperature T. Both surfaces emit, but 
at rates which are not necessarily equal, since, for example, the work 
functions are not prescribed. Yet the current 11, that portion of the 
emission from the first electrode which is absorbed by the second, 
must be equal to / 2 (similarly defined) on the average. This statement 
will be recognized as a direct outcome of the second law of thermo­
dynamics. The average current through the short-circuiting link is 
therefore zero, but fluctuations are present nevertheless. If these 
fluctuations are traced back to variations in emission, they are prop­
erly labeled "shot effect"; yet, if they are simply accept, d as a manifes­
tation of Brownian motion, they are just as properly termed "thermal 
agitation". 

Adhering for the moment to the latter point of view, we find that 
Nyquist's formula provides a valid measure of the fluctuations. For, 
we need only observe that we have here a two-terminal, unenergized 
circuit element at a uniform temperature. Its short-circuit fluctuations 
are, therefore, 

lf=4kTgAf, (46) 

where g is the real part of the diode admittance at the frequency in 
question. Confining ourselves, as usual, to frequencies at which transit­
time effects are negligible, we may say that g is simply the low-fre­
quency conductance. It is not difficult to obtain an expression for g. 

Suppose that a voltage E is included in the circuit, making the outer 
electrode more positive. In case the situation is not complicated by 
individual collisions,1 it can readily be shown by kinetic theory that 

(47) 

1 This assumption is reasonable, except for exceedingly high space­
charge densities, not likely to be encountered in practice. Cf. I. Langmuir 
and K. T. Compton, "Electrical Discharges in Gases," Rev. Mod. Pk11•k•, 
Vol. 3, No. 2, p. 220, (1931). 
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1·egardless of the geometrical configuration, coefficients of reflection, 
contact potential, etc. Consider now variations of 11 and 12 against E 
with T fixed: 

---=--

The conductance i11, therefore, 

I 
=- (48) 

where 1 is the equilibrium current emitted by either electrode and 
absorbed by the other. And this expression is valid whether or not 
there exists a virtual cathode in the equilibrium state. Consequently, 
the thermal fluctuations can be written 

z'i = 4/et:::,.f (49) 

Turning now to the kinematic viewpoint, we note that the emission 
current from either electrode exhibits true shot effect, so that the 
mean-square current fluctuations in the short-circuiting link are simply 
the sum of the separate shot effects associated with the currents 11 and 
12• To calculate this sum, we must first determine the space-charge­
reduction factor r for each current. Suppose that the equilibrium 
state is perturbed by the injection of an additional small steady emis­
sion is from the first electrode. The emission velocities of the electrons 
comprising is will be permitted any values whatever. The question is: 
In what way is the original equilibrium affected? Now except ?or 
individual encounters, which we suppose highly improbable, the elec­
trons in i 8 disturb the equilibrium only in so far as they introduce a 
potential field superimposed upon that which existed initially. The 
diode, therefore, settles into a new equilibrium state such that the 
space-charge density is everywhere slightly altered, yet, except for 
the injected electrons i8 , at every point in space the M-B distribution 
still obtains. The originally equal equilibrium currents 11 and 12 are 
now somewhat reduced, but still equal. It follows that whatever frac­
tion of i, is absorbed on the second electrode is accompanied by no net 
increment in the equilibrium current, and this is true whether or not 
there exists a virtual cathode in the equilibrium state. There is conse­
quently no space-charge redw·tion of noise, r = 1, and 

ii=2eCJ1 +12 )1:::,.f =4elt::,f, {60) 
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In the equilibrium case, then, the two viewpoints are only alternative 
aspects of the same phenomenon. The identification is logical and 
complete. Where space-charge densities are low enough to make indi­
vidual collisions unimportant, all of the dynamical processes which 
maintain the electrons in thermodynamical equilibrium occur within 
the electrode material. The space between electrodes is only a passage­
way through which electrons travel without incident. 

With this in mind, we can now understand thermodynamically that 
the shot effect of a normal diode operating in the retarding-field con­
dition should have turned out to be precisely half-thermal. Consider 
a diode in thermal equilibrium, and, if there is a virtual cathode, let 
the emission from the electrode of higher work function become 
smaller by raising the work function until the virtual cathode has 
disappeared. If the diode is parallel-plane, this emission is now tem­
perature-limited, i.e., it contributes nothing1 to the conductance g given 
by (48). On the other hand, it is still responsible for half the shot 
effect as represented by (50), because 11 = 12 is still valid, nothing 
having been done yet to destroy thermal equilibrium. But now we 
remove the temperature-limited current altogether, say, by lowering 
the emitter to room temperature. The noise is halved, the conductance 
is unaltered, and the half-thermal fluctuations of a parallel-plane diode 
operating in retarding-field condition are provided with thermody­
namical significance. 

NEGATIVE-GRID TRIODES 

The foregoing study is, of course, but a preliminary to the problem 
of chief interest, namely, noise in amplifying tubes. To see how the 
theory of diodes can be adapted to a triode, imagine the conversion of 
a parallel-plane diode by adding grid wires one at a time. When only 
two or three grid wires are in place, and biased negatively, the space 
potential is badly disrupted. Moreover, electrons on the plate side of 
the grid wires still contribute materially to the potential in the vicinity 
of the virtual cathode. Noise analysis at this stage would be painfully 
difficult. Hence, there is little to be said about very low-µ. tubes, except, 

1 It should be noted that this statement is partly hypothesis. If the 
coefficient of reflection is a function of velocity, the conductance of any 
unilateral current flow will be affected, whether the field be accelerating 
or retarding. The nature, even the existence of such a function, is still 
moot (cf. Compton and Langmuir, Rev. Mod. Phys., Vol. 2, No. 2, p. 171, 
1930; also W. B. Nottingham, Phys. Rev., Vol. 49, p. 83, 1936). Overlooking 
this difficulty as well as the possibility of field emission, the reader should 
observe that the statement is still not applicable to all geometrical con­
figurations. As long as there are any electrons which, from an energy 
standpoint alone, would fall on the collector, but which fail to do so because 
of momentum considerations, the conductance is finite for a temperature­
limited current, and is not easily formulated for any mode of operation. It 
is on this account that the present analysis is restricted to parallel-plane 
structures. 
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perhaps, to set limits for the noise. When, with the addition of more 
grid wires, the control grid stands complete, with a µ, of say, 5 or more, 
the space potential can generally be considered very regular again, 
except in the immediate neighborhood of the grid wires. A flrst 
approximation to the shot current fluctuations, exact in the limit of an 
infinite p., would then amount to neglecting the grid-plate region alto­
gether, and applying the diode analysis directly to the grid-cathode 
space. The anode potential of the diode, E 2, would have to be inter­
preted now as the "effective" potential of the grid plane, Ea, i.e., that 
potential which, when applied to a solid sheet in the grid-plane, would 
draw the same cathode current. In addition, g would now be viewed 
as the conductance of this equivalent diode. This procedure recognizes 
the contribution which electrons in the grid-plate space make to the 
steady-state space potential on the other side of the grid, but does not 
take account of their contribution to r 2• For this reason, theoretical 
values of shot effect so determined should be a little too high. The 
error, however, should be practically unimportant where high-µ tubes 
are concerned. For, in the first place, an electron's contribution to 
noise reduction must vary inversely as its velocity and its distance 
from the virtual cathode. Second, the grid mesh is a good electric 
shield. 

{ 1 [ 4 1 ]}-l u= 1+- 1+-y(l+h)--h2 (6+4h+h2) 

-~ 3 3 

x,, grid-anode spacing 
y=-=---------

Xc cathode-grid spacing 
(51) 

-r,, grid-anode transit time 
h=-=-----------

-,0 cathode-grid transit time 

µ. = "cold", i.e., electrostatic amplification factor 

To put this procedure into effect, one must relate E,,. and g to the 
grid and anode voltages. It will be assumed throughout that the grid 
has negative bias so that the plate alone collects electrons. The best 
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formulation of Ea to date is (51), derived by Llewellyn,1 which takes 
into account the influence of space charge upon space potential, but 
assumes zero emission velocities. 

The grid-plate transconductance (for negligible transit angles) is, 
therefore, 

g,,,= ag, (52) 

and since it 1s easily measured, whereas g cannot be measured at all, 
g,,, will be used in place of g in the expressions for shot effect. Thus 

8 
( 41) becomes z2 = - . 4kTg,,,!:!,.f, (41a) 

CT 

0 g,,, V, 1.29 0 111 V, 
and (43a) becomes ri = 2 - - - - ~ ----- . (43b) 

CT I CT I 

Under ordinary cfrcumstances a will decrease somewhat with an 
increase in current, because h increases. This behavior may be marked 
for low-µ tubes, but becomes less pronounced as Jt is increased, since 

Lima= 1 
µ • oo 

It will not in general be correct, therefore, to assume that a is strictly 
a constant; for conventional tubes, it will usually lie between 0.5 and J. 
Inasmuch as h is usually less than 0.5, rough estimates of a for 
parallel-plane structures may be made by supposing h = 0, whence2 

(51a) 

No rigorous formula analogous to (51) has yet been developed for 
cylindrical structures. The analogue of (51a), however, has long been 
known: 2 

(51b) 

This expression is limited to structures in which the ratio of grid to 
cathode radius is larger than about 10. For smaller ratios the formula 
for plane structures will suffice. 

The current fluctuations in the plate circuit (without load) are now 
seen to be principally a function of conditions between cathode and 
grid. And in contrast with the diode fluctuations, it is no longer pos-

1 F. B. Llewellyn, "Operation of Ultra-High-Frequency Vacuum Tubes," 
B.S.T.J., Vol. 14, p. 659, October, (1935). 

9 B. D. H. Tellegen, "The Value of Cathode Current in a Triode," 
P1&11sic4- Vol. 3, p. 801. (1925). 
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sible to find a simple empirical relation between triode shot effect and 
thermal agitation in an ohmic resistance of magnitude equal to the 
anode resistance. Following ( 41a), attention is more properly focused 
upon the transconductance. 

The shot voltage e0 ~ appearing across a load Z in the output circuit 
of a negative-grid triode whose plate resistance is r,,, is from ( 41a), 

8 I ,. z I 2 e/ = - . 4kTg,,,b./. P 

rr r., + Z 
(53) 

Inasmuch as the principal sources of local noise in amplifiers are 
thermal agitation in the input circuit and shot effect in the first tube, 
it has often been remarked that, instead of (53), a more useful formula 
for shot effect is found by referring the plate-current fluctuations back 
to the input circuit. This effective input fluctuation voltage is then 
that voltage which, applied between cathode and.grid, produces in the 
output fluctuations equal in magnitude to those actually generated by 
shot effect. The effective input shot effect can then be compared 
directly with the thermal agitation of the input circuit. In fact, instead 
of expressing the shot effect as a voltage, we may symbolize it by a 
resistance Rell• i.e., that resistance which, at ambient temperature, 
exhibits a thermal agitation voltage equal to the effective input shot 
voltage of the tube. This we do as follows. Since the transconductance, 
Um, represents the ratio of output current (without load) to input 
voltage, we have from ( 41a), 

Ii 8 4kT 
ei2 =-=-.--. b.f, (54) 

Um2 rr Um 

Nyquist's expression for thermal agitation voltage across a resistance 
Rerr at room temperature T0 is 

e/ = 4kT0 R6 ,rb./. (55) 

Equating the two voltages, we obtain 

8 T 1 
R611=-.-.- (56) 

CT To Um 

A brief numerical estimate will serve to indicate the order of mag­
nitude of R011• Using figures typical of coated-cathode receiving tubes, 
let us choose T=l000°K, T0 =800°K, 8=2/8, cr=S/4. Then, 

Rett~3/gm. 
With transconductances of 1000, 1600, and 10;000 micromhos, respec­
tively, such a tube would exhibit shot effect equivalent to the fluctua­
tions arising from thermal agitation in resistances connected between 
grtd and cathode of magnitude 3000, 2000, and 300 ohms, respectively. 
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(The close approximation of these estimates to measured values of R, 11 

already published at once attests the validity of the theory and implies 
its successful adaptation to cylindrical structures.) So long as the 
input impedance actually employed presents a real component R 
(Z = R + j X) two or three times greater than R,ff, the limit of useful 
amplification is set by thermal agitation; this is generally the state of 
affairs in the case of sharply tuned circuits and high-gain tubes, e.g., 
in broadcast receivers properly designed. When the reverse is true, 
and R,11 ~ R, the shot-effect problem becomes acute and anything 
which can be done to re.;tore the original inequality, R,11 << R, with­
out slighting performance requirements will increase the intelligibility 
of small signals. A case in point is the television receiver; in brief, 
the requirement of a pass-band width of several megacycles necessi­
tates a low tuned-input impedance comparable in magnitude to the 
R,tt of conventional tybes, so that shot effect may be a serious concern. 

A more detailed study of this and other noise problems is postponed 
(Part VJ until we have completed our analysis with a description of 
shot-effect phenomena peculiar to multi-collector tubes, i.e., those in 
which the cathode-current stream is collected at two rir more electrodes 
(Part III). For the present it will be sufficient simply to note the 
obvious recommendations of (56). As stated previously, 8 is prac­
tically a constant and little can be done to reduce it. Similarly a is 
practically a constant and generally offers, at most, a maximum of 50 
per cent improvement. Furthermore, T is at present confined to rather 
limited regions in the vicinity of 1000° K for coated cathodes and 
1900° K for thoriated tungsten. Other things being equal, coated 
cathodes are, therefore, to be preferred. It is, of course, possible to 
lower the temperature below the recommended value and still maintain 
performance, but in general a drop of 200° or so brings the tube so 
near the temperature-limited condition that the formulas given are 
vitiated, and the signal-to-noise ratio decreases sharply (see Figure 
11). Fortunately, there always Heern to be ways to improve transcon­
ductance; although the mean-square output noise is proportional tog.,., 
the equivalept input noise varies as 1/g,.., -so that it is profitable to 
use as high a transconductance as possible. This notion is hardly novel, 
for it has long been recognized that increase in gain, per se, would 
improve the input signal-to-noise ratio. The derived proportionality 
of mean-square output noise to Um serves to render this expected 
improvement not inexistent, but simply smaller than conceived in 
dreams. Other things being equal, then, a change in structure which 
doubles Um should cut the mean-square input noise of a triode in half 
-not a magnificent improvement, but the only thoroughly practical 
method available. 
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EXPERIMENT 

APPARATUS AND METHODS 

L measurements were made at a frequency of about one mega­
cycle. This is low enough to avoid transit-time complications 
and high enough to escape tlie "flicker effect" Which contami­

nates shot-effect studies at audio frequencies. In design and construc­
tion of the special four-stage tuned amplifier,1 extraordinary care 
was given to shielding, so as to minimize errors attributable to regen­
eration. The outfit was housed in a tight copper box, the false bottom 
of which contained thoroughly filtered supply leads; the upper portion 
was partitioned so that each tuned circuit was isolated. The partitions 
were consti:ucted so that the tubes, themselves surrounded by shields, 
projected obliquely through the walls. Feedback was thus reduced to 
coupling between grid and plate elements in the type 57 pentodes. And 
even this source of regeneration was minimized by coupling each 
output to its tuned circuit through a large inductance which presented 
to the plate a capacitive reactance, varying but little with frequency. 
Each compartment was made accessible by a tight-fitting sliding cover. 
In this way voltage gains of over 106 were obtained without appreciable 
regeneration, and controlled by grid-bias adjustment of a type 58 
pentode in tl!e third stage. A fifth stage was alternatively employed as 
a vacuum-tube detector for preliminary work such as alignment, or as 
an additional stage of amplification feeding a thermocouple for accurate 
work. In the latter instance, a power tube was used to drive the couple 
to avoid cutting off the peaks. For detection the thermocouple was 

1 The amplifier and most of its associated equipment were constructed by 
L. l. Potter of these laboratories. Its continuously reliable performance must 
be credited entirely to his careful workmanship. • 
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pn'fl•1-rcd in order to avoid any question as to whether the detector was 
r,.mlly ".s11uare-law". A frequency-calibrated signal generator with 
c::tlihrnted attenuator provided measured signal accurate to 0.1 micro­
\olt for alignment and calibration of the amplifier. It also provided, in 
onl' J>rocedure, a comparison signal for noise measurement. Finally, 
the whole outfit was operated in a doubly screened room equipped with 
tilters for all power lines. 

The tube under observation was housed, together with its tuned 
coupling circuit (Z), in the first compartment of the amplifier box. All 
components of this unit were mounted on a removable false bottom, so 
that changes in tube, circuit, or connections could be made rapidly and 
conveniently. A small hole in the hd of this and each amplifier com­
partment permitted insertion of a condenser-tuning rod to allow adjust­
ments in tuning without upsetting the shielding. The pass-band of the 
amplifier was about 10 kilocycles, and the "Q" of the coupling imped­
ance Z was lowered by adding shunt resistance until it could be assumed 

TO 
AMPLlrltR 

z 

Fig. 8-Schematic shot-effect test circuit using signal generator. 

that the over-all frequency-response curve was defined by the amplifier 
alone. This procedure simplified computation tremendously, since the 
pass-band could always be considered fixed, independent of whatever 
variations in the coupling circuit might occur in the course of meas­
urement. The impedance Z was measured in sit1t by the familiar dyna­
tron method, and fixed throughout the work at 45.5 Xl03 ohms. 

The early measurements were conducted in a manner explained 
schematically by Figure 8, which depicts only the essential radio­
frequency connections. The signal-generator frequency was centered 
on the amplifier pass-band. Then, with the switch in positon 2, and 
the tube operating, the amplifier gain was set at a point which gave 
a suitable reading on the output ammeter. This reading was a measure 
of the sum of tube noise and thermal agitation in Z. Then the switch 
was thrown to position 1, and that signal (V) found which brought 
the ammeter reading back to its original value. (Inasmuch as the 
output impedance of the attenuator was negligible, it was immaterial 
whether or not the tube remained on.) The signal voltage was then 
a direct measure of the noise voltages integrated over the pass-band 
(l::./) of the amplifier. A measure of the noise per unit band width 
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therefore required a determination of b../, and this was accomplished 
in the usual way by running through a response curve. Thus, if V 
is the input voltage at frequency f which produces a fixed output meter 
reading, then 

Making a correction for thermal agitation in Z, one would finally 
evaluate r 2, for example, from 

v~ (1 1 )- 4kT~ 
b../ Z + r,, Z 

I'exp.2 = ------------- (57) 
2e[ 

In this expression r,, is the output resistance of the tube under test, in 
parallel with the circuit impedance Z, and I is the current, the fluc­
tuations in which are under study. The second term in the numerator 

Fig. 9-Schematic shot-effect test circuit using comparator diode. 

is the correction for thermal agitation in Z, and is almost always nearly 
negligible. No correction for background noise in the amplifier proper 
is in order since it affects both meter readings equally. 

Straightforward variations in the circuit of Figure 8 permitted 
measurements of noise in not only the plate circuit, but grid and 
cathode circuits also. Yet for the latter, and for work with diodes, the 
method was not wholly satisfactory, for when the output resistance of 
the tube was small, the equivalent signal voltage V diminished in con­
sequence, until inaccuracies in reading V led to adoption of a different 
procedure. 

The second method replaced the signal generator by a temperature­
limited diode, whose fluctuations could be calculated directly (r = 1) 
from a measure of its anode current. One example of its use is shown 
in Figure 9 which, again, emphasizes only the radio-frequency con­
nections. With input shorted, the amplifier had its gain adjusted at a 
point which gave an output reading R1, a measure of the background 
produced by the amplifier proper_. With the tube under test operating 
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as desired, and with the comparator diode in the circuit but not 
operating (cold), a second reading R2 was a measure of the sum of the 
shot effect under study plus amplifier noise. From a calibration curve 
of the output circuit, there was rapidly located a reading R3 which 
would represent double the mean-square input to the amplifier. The 
filament of the comparator diode was then brought to that temperature 
at which the temperature-limited diode current Ir supplied additional 
noise sufficient to establish the reading R1 • 

Just as in tht> first method, a correction for thermal agitation in 
Z will enter a determination of r from these data. And yet the work­
ing formula will be very simple because, first, all current fluctuations 
involved can legitimately be assumed to have a uniform frequency diA­
tribution; second, the input impedance remains unaltered when the 
comparator diode is in operation, the conductance of a temperature­
limited diode being effectively nil. It turns out, then, that 

4lcT0 

l'~,.,p '2el + --- = 2el,, 
z 

or, for the impedance used, 

le -1.14 
r2,,p -----

I 

where Ir and I are expressed in m1croamperes. 

(58) 

The correction for thermal agitation is generally negligible. In 
comparison with the first method, this scheme has the· disadvantage 
of necessitating a careful calibration of the output circuit, but this 
is not difficult and is permanent-until the thermocouple leaves in a 
puff. It has a distinct advantage in requiring no determination of the 
amplifier pass-band, a measurement which is always subject to correc­
tion as a result of aging, or other uncontrollable causes. 

A third method, not employed in these studies, is worth mentioning 
inasmuch as it has proved very rapid and reliable whenever a measure 
of R~1t (see p. 471) was the chief objective. It is found directly by 
inserting resistance in the input of the tube until the mean-square 
input noise is doubled. Again taking into account a small correction 
for thermal agitation, it should be clear that this resistance is pre• 
cisely Ri,rt• The method is probably unequalled as a swift, accurate 
scheme for rating tubes for signal-to-noise ratio. Its adaptation to 
studies of diodes has obvious drawbacks. For this reason, and because 
the present work is mostly concerned with testing theory, the other 
methods were preferred as more direct. 
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The comparator diode was essentially a copy of miniature diodes 
previously designed in this laboratory for short-wave work.1 A nickel 
anode 6 millimeters long, and having a diameter of 15 mils, sur­
rounded a 3-mil tungsten .filament. With about 80 volts on the anode, 
currents of 2 or 3 milliamperes were unquestionably temperaturc­
limited. For most measurements on radio-frequency receiving tubes, 
this proved to be ample current. 

Although r"I' can be compared with 1'0 " or, it is somewhat simpler 
to find Onp and compare this with Othon, , which has been shown to b(• 
t>ssentially a constant. At least it docs not exhibit the wide variation 
that 1'11,rn, shows with' change in operating conditions. The value of 
(1 0 ,p can be computed from, e.g., (58) and (43a) or (43b). 

To make either test of theory, it is necessary to determine cathode 
temperature. Now this is one of the most awkward tasks if hi~h 
aceuraey is demanded. But if, as in the present studies, one is satis­
fied with experimental errors of 4 or 5 per cent, estimates of tempera­
ture accurate to well within these limits can Le procured, at least for 
the more conventional structure,; which have a not-too-uneven tem­
perature distribution. Filament tt'mpcratures were, therefore, com­
puted from information found in "The Characteristic,; of Tungsten 
Filaments as Functions of Temperature".! A Leeds and Northrup 
optical pyrometer was used for early estimates of the temperature of 
»lreve-type cathodes. Thb was Hoon diHcarded; it was virtually impos­
sible in many instancei; to get a direct line of sight. The temperature 
,, as subHe(JUently computed from a measurement of heater power by 
means of the equation for temperature radiation. Extensive studiei; 
by E. G. Widell of these laboratories had shown that the fourth-power 
law was essentially valid for this type of cathode, and had permitted 
determination of emissivities. The working formula, developed from 
his studies and applicable to tht> present investigation, is 

-- = 533--
T [ lV ]1;1 

1000 ell ' 

where W is heater power in watts, d is diameter in mils, and l is length 
in millimeters. This formula accurately applies only to the center 
"brightness" temperature of a type GC6 cathode coated with a par­
ticular spra~ Error due to cooling at the ends (50° to 100°) is largely 
offset by the fact that "brightness" temperature runs about 30° to 40° 
below true temperature. The formula is naturally somewhat altered 

1 L. S. Nergaard, "Electrical Measurements at Wave Lengths Less 
Than Two Meters", Proc. J.R.E., Vol. 24, p. 1207, September, (1936). 

2 H. A. Jones and I. Langmuh·, Gen. Elcc. Rev., June-August, 1927. 
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by changes in length, diameter, percentage of uncoated area at ends, 
type of base material, thickness and type of spray, and proximity of 
other bodies. For all sleeve-type cathodes discussed in the present 
paper such changes are minor, and the formula is believed to give 
their true average temperature with an error of less than 3 per c~nt. 

Although the noise analysis is based upon a parallel-plane model, 
tests were conducted on cylindrical structures alone. Simplicity of con-
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Fig. 10-Reduction of shot effect m cathode current of RCA-57 operated as 
a triode. The cathode current ranges from ½ to 4 milliamperes. 

struction, minimum end effects, and ease of temperature determination 
all suggested the choice. Then, too, since commercial tubes are in the 
main cylindrical, it was hoped that the theory might be shown adequate 
for engineering purposes. Of course, many cylindrical tubes would be 
expected to behave essentially according to parallel-plane theory. The 
question becomes acute only in certain instances, e.g., filamentary 
cathodes, or especially large diameter ratios. 

RESULTS 

From a large group of observations on many commercial tube types, 
the following examples are chosen as typical. And although diodes 
would naturally be expected to receive first discussion, regular ampli-
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fying tubes will be given precedence, for reasons which will shortly be 
self-evident. 

A precise test of theory against performance of amplifiers demands 
a determination of u. It is unfortunate that there is no apparent way 
to measure this quantity directly; one is consequently forced to make 
estimates of u from expressions such as (51), and tests of theory lose 
rigor thereby. However, it has been mentioned that u will ordinarily 
lie between narrow limits, and estimates made for tubes of even very 
irregular design can be presumed accurate to well within 15 per cent. 

10 
l I I 
I RCA- 57 

I I= 2500µA. 

I -Ec1 =-2.SVC'ILTS 
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I<'ig. 11-Reduction of shot effect in cathode current of RCA-57 operated as 
a triode, for I = 2.5 ma and various cathode temperatures. 

If, with this tolerance, there is seen to be good agreement with theory, 
there is much to recommend it, in view of the order-of-magnitude dis­
crepancies typical of the past. 

Tables IV and V and Figures 10, 11, and 12 all refer to the same 
tube, a regular RCA-57. This is a radio-frequency pentode amplifier 
which, for these measurements of cathode-current fluctuations, was 
operated in triode fashion, the screen, suppressor and plate being tied 
together as shown in Figure 10. Although the first two grids are ellip­
tical, it is possible to make a good estimate of u from (51). And because 
the p. is high (approximately 20 as a triode) and the transit-time 
ratio small, the estimated value (u = 0.83) is not much below the ideal 
value of unity, and is virtually constant over the range of measure­
ment. 
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TABLE IV 
RCA-57 (Sena! No. F-10) 

I,= 1.00 amper<' 
E,=2.4volts 
T= 990°K 

Y. = 0.0855 volte, 

E" -= -2.5 volts 
E,,= E,.=E• 

* t 
E, I Om I, I'n,.-or 0,,/l 

volts µa µmhos µa Jlg,.,'V. r,r11 o-=0.70 o-=0.83 o-=l.00 o-=0.83 
------ - - -- -- ------ - -

75 500 640 108 !l.14 0.46 0.45 0.415 0.38 0.81 
85 1000 950 lSO 12.~ 0.36 0.39 0.315 0.33 0.66 
95 1500 1140 130 Hi.4 0.32 0.35 0.325 0.30 0.64 

103 2000 1290 165 18.1 0.29 0.3:3 0.30 0.27 0.62 
108 2500 1460 175 20.0 0.26 0.31 0.285 0.26 0.58 
115 3000 1530 185 22.9 0.25 0.29 0.265 0.24 0.58 
121 3500 1630 200 25.1 0.24 0.28 0.25 0.23 0.59 
127 4000 1720 205 27.2 0.23 0.26 0.24 0.22 0.58 

- - --- - -------------
' As triode 

o- I 
i 0., 0 l'"' · --,from (43b). 

T E. g,,.* 
OK volts µmhos 

--- -- -
780t 250 75 
810 128 1050 
890 114 1400 
975 108 1460 

1070 103 1500 
1130 99 1530 
1200 95 1540 
1270 91 1590 

* As triode. 

:! g·UlVI 
-------~-

TABLE V 
RCA-57 (Serial No 7-10) 

I, 
µa 

2500 
880 
165 
175 
205 
230 
250 
300 

I= 2500 µ. 

E ,1 = - 2.5 volh, 

E,.=E,,=E• 

- - --- c--,,----,--

---- ----------------
l/g.,.V, I'.,, 

430 1.0 
34.1 0.59 
23.3 0.26 
20.4 0.26 
18.1 0.29 
16.8 0.30 
15.7 0.32 
14.4 0.35 

- --J",h,,11 --~ {)c1p 
"=0.70 o-=0.83 0-=1.00 0'=0.83 

1 1 1 :j: 
:t. :i: 

0.29 0.26 0.24 0.63 
0.31 0.28 0.255 0.59 
0.:125 0.30 0.27 0.62 
0.34 0.31 0.28 0.64 
0.35 0.325 0.295 0.65 
0.365 0.335 0.305 0.72 

t Lowest T which, for E. = 250, gave I= 2500 P.a, The tube was, there­
fore, essentia)ly temperature-limited, as indicated by the low g,., 

:j: Not within the scope of the present analysis, since 1/1, is not suffici­
ently small. Following figures are evaluated under assumption that the 
analysis does apply, i.e., Ill,<< 1, 
- --------------------
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With fixed control-grid bias and constant cathode temperature, the 
currents shown in column 2 of Tahlt> IV were procured by adjusting 
anode voltage, column 1. The transconductance was memmred, column 
3, and the noise measurement is represented by the comparator-diode 
current in column 4. Column G wa:,; computed from (58), and column 
5 from the data shown. If nuw a value is assig-ned to er, and it is 
multiplied by values in the fifth column, rtbeor. can be read directly 
from Figure G, since 

al I 

The next three eolumn;; wen• cou;;lruded in thi:-; manner and, together 
with r,.,p, are plotted in Figure 10. The curves for <T =- 1.00 (ideal) 
and er= 0.70 are included to indicate the spread occasioned by varia-

r-~ 
gn,-µMHOS 1~00 

L:o 
f--:0 

200 

r.,cp 0.20 

--- - - -- - -- - f--~ 
_./ 

91 -:::::- ~"' / - >-= - --- ...,V -- >-- ->-
V 

I ---/ 

.-!" 
V - -- - - -- r'rlrp 

./ V I 

_.....v -----f- -

~o 

00 

/ _, 
-2 -1 

Fig. 12-Reduction of shot t>ffeet in cath<,cll' currPnt of RC' A-57 operated af 
a triode, for I = 2.n ma, T = H90' K, and various control-grid biases. 

tions in u, or the possible discrepancies arising from inaccuracies in 
making its estimate. 

Since / 8 for this cathode temperature is well over 150 milliamperes, 
the current I could have been carried higher but was kept low on prin­
ciple to avoid any doubt as to the observance of the stipulation, 
1/18 << 1. The temperature, 990"K, is normal for this tube. Many 
similar runs of this kind at neighboring temperatures showed equally 
good agreement with theory. 

In order to illustrate the course of r when T is varied, and also 
to show the transition from temperature-limited to fully space-charge­
limited currents, the data of Table V and Figure 11 are presented as 
a typical example selected from many similar groups of data. The 
circuit was unchanged. But in this instance, with a fixed I (maintained 
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by adjustment of Eb), the cathode temperature was varied, column 1. 
For the lowest temperature, the tube was virtually temperature lim­
ited.1 For the two lowest temperatures no comparison with the theory 
of this paper is permissible, in view of the high value of J / l,. The 
remaining data agree very well with theory, even exhibiting the pre­
dicted upward trend of r with increasing T. It is evident that, for this 
current, the tube should be operated with a cathode temperature of 
about 950°K, but that there is only a minor departure from the opti­
mum r if T is permitted to deviate 100° to either side. The undesira­
bility of too low a cathode temperature is impressively patent in the 
sharp rise to unity which characterizes the extreme left portion of 
this and all other r-curves of similar construction. 

The plot is carried to only 1300°K for the simple reason that at 
higher temperatures measured noise exceeds the theoretical prediction 
by steadily increasing amounts. In itself this is hardly an excuse for 
discarding the phenomenon as non-pertinent, particularly after it is 
remarked that the behavior is characteristic of all cathodes operated at 
tempc1atures several lwndred degrees above normal; this is true of 
tungsten, thoriated-tungRten, and coated cathodes alike It has often 
been conjectured that the anomaly can be ascribed to emission of posi­
tive ions which, while pursuing a leisurely and long-lived coun;e 
through the virtual cathode, control the destiny of multitudes of elec­
trons. Evidence supports the view: (a) large-scale impulses appear 
simultaneously in the output meter; (b) the noise still approaches that 
predicted for true shot effect when the tube is made temperaiure­
limited, i.e., wheu there is no virtual cathode upon which ions may 
react; (c) the change in excess noise with variation of temperature, 
and with time at a fixed temperature, is, in a qualitative manner, 
precisely that which would be expected on this hypothesis. Since the 
ion currents involved are much too small to detect by ordinary means, 
and since a quantitative analysis of the interaction of such ions with 
space-charge is much too laborious to promise immediately useful 
results, the theory remains in a semi-speculative state. The supporting 
evidence nevertheless a1;1pears to the author to justify exclusion of such 
data from tests of the theory of this paper. In Figure 11 it may be 
that part of the rise in r"''' with increasing temperature can, even 
here, be ascribed to this source. 

1 The fact that Um is not precisely zero does not contradict this assertion, 
A phenomenon of this nature, probably akin to Schottky effect is character­
istic of coated cathodes. In contrast with the behavior of metallic emitters, 
coated cathodes exhibit no decisive saturation voltage, but only a gradual 
change in slope of the 1 vs. V curve. Measurements of J,, which would per­
fect the picture presented by Tables IV and V, are for this reason doubtful 
and deliberately omitted. 
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Table V deserves final comment. The reader may already have 
wondered why, with I fixed, Eb continues to decrease, Um to increase, 
even after 18 >>.J. This behavior is best seen in terms of the equiva­
lent diode which, stripped to essentials only, consists of the space 
between the virtual cathode and the control grid. Roughly speaking, 
then, 

J CC ( Ea - Em) :112 • da,,,-2 

g.,,cc/1/:l da 111- l;:i. 

0,6 
I I I I 
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Fig. 18-Collected shot-effect data for a representative group 
of tubes with sleeve-type cathodes. 

With constant I, an increase in T and 18 makes E 111 more negative and 
decreases da,,, (space between control grid and virtual cathode). The 
latter change accounts for an increase in transconductance. In the 
first expression both changes tend to increase I, and this necessitates 
a reduction in E,,, which, in turn, accounts for the decrease in Eb.1 In 
order that the reader may have a correct appreciation of the magnitude 
and position of the virtual cathode, he may imagine a parallel-plane 
analogue to the equivalent diode of a type 57 under normal operating 

1 Unpublished work of H. R. Nelson of these laboratol'ies suggests that 
the drop in potential may also be traced, in part, to thermo-electric emf's 
between cathode base metal and coating. 
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conditions. Assuming I= 3 milliamperes per square centimeter, 
I/la= 10001, d = 0.05 centimeters, and T = 1000°K, the effective anode 
potential will be about 0.6 volt ( E 0 = 0.6), and the virtual cathode will 
be approximately 0.6 volt deep (E,,. = - 0.6) and will be found at about 
~; the distance from cathode to grid. 

Figure 12 is included to demonstrate that, for fixed /, measured 
shot effect is independent of negative grid bias. This is in agreement 
with theory, for the quantity 1/g V, whirh determine-; r 11,..01 depends, 
not upon l!l,1 and E 1, in themselves, but upon V,, which, if the current 
is to be held constant, must be invariant against alteration in electrode 
potentials. The course of Eb and of fl,,. i:,; also shown. A small drop in 
the lat'ter with increasing negative grid bias is normal, arising simply 
from non-uniformity of ,,, i.e., effects due to grid support rods and 
grid ellipticity. 

The agreement with theory which thii,, tube exhibits is duplicated 
by tests on other tubes of the same general design. Figure 13 permits 
comparison of theory with approximately 100 obserrntiom; of cathode­
current fluctuations in four tubes. The GC6 differs significantly from 
the 57 only in it& heater resistauce; the 89, on the ot,ier hand, is a 
low-it power-amplifier prntode operated at well below its rated current, 
and is included to demomtrate the applicability of theory to tubes 
having a /t as low as even 5. Its grids are also elJiptical, but a reason­
ably accurate estimate indicates that a is about 0.6. This figurr i:,, 
lower than the 0.83 estimate given for the type 57 simply because the 
/L is much lowPr. The sPries of seven observations on F-9 showing the 
largest <liscrepanc:y on the left-hand side of the figure were aIJ taken 
with T = 1280°K which is 70 higher than any other h•mperature for 
the data of this figurP, and roughly 300° higher than the rated tem­
perature for this tube. The discrepancy is, therefore, ascribed to 
incipient positive-ion emis-;ion. Although a wa,; assumed constant in 
construrting the plot, it should be remembered again that this is not 
Pxac:tly true. The common tendem·y of all points on the lrft-hand side 
io surmount their theoretical positions is possibly due to a lowering 
of a for small currents as a result of the non-uniformities in µ, men­
tioned above. 

No such general accord with theory can be found in observations 
on these tubes operated as diodes. (In "diode" operation, all electrodes 

1 That this is a reasonable choice of I,, and representative of conven­
tional oxide-coated cathodes, is supported by actual measurement; cf. B. J. 
Thompson, "High Efficiencies of Emission from Oxide-Coated Filaments", 
Phys. Rev., 36, p. 1415; October, (1930). Although these measurements give 
too high a value of zero-field emission, on account of Schottky effect and 
surface inhomogeneities, they are probably high by a factor no greater 
than 10. 
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but the cathode were tied together; in other respects the circuit was 
unaltered.) Although the shot effect is still reduced by space-charge, 
it always exceeds the predicted amount. For very small currents, at 
the threshold of region ( d) in Figure 7, the predicted shot effect is 
closely approached; with increasing current the mean-square noise 
exceeds the theoretical value by a steadily increasing factor. Figure 
14 is representative of thc- relative behavior of "diode" as compared 
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Fig. 14-Comparison of "diode" and "triode" shot effect in 
two regular tubes with coated cathodes. 

with "triode" shot effect in amplifying tubes. Considering first the 
curves for F-10 ( the same RCA-/i7 dificussed above), note that the 
"triode" noise shovvs a o,,p which agrees closely with the theo­
retical value of approximately 7'.:. The "diode" noise, on the other 
hand, shows a o,.~p whit-h steadily increases with current. It should 
be remarked that, although the same u = 0.83 wns Mfmmed for 
plotting, the "diode" u should properly have been chosen very slightly 
smaller on account of an increase in "h", (51); but this correction, 
while in the right di1ection, •would by no means account for even a 
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significant fraction of the excess noise. The second pair of curves 
belong!' to a triode with a coated V-filament (RCA-30). The same 
extraordinarily high noise for large (but not abnormally high) cur­
rents is evident in the "diode" case. For both tubes the factor· of 
disagreement is, at 4 milliamperes, not trivial, but rather an order 
of magnitude. The curve for "triode" noise of the RCA-30 is, inci­
dentally, of interest in its own right, for it indicates that the parallel­
plane formula applies to a structure even so remotely related as this 
one which, despite a flat grid and plate, has a cathode similar in no 
respect to the plane surface employed for analysis. 
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Although one might conjecture that the anomalous "diode" noise 
is somehow obscurely connected with the presence of grids, such a 
notion· is disqualified by measurements on actual diodes. Essentially 
the same results were observed in every instance. In an attempt to 
duplicate the theoretical model as closely as could be achieved with a 
cylindrical structure, two diodes were built as designed in Figure 15. 
A cylindrical coated cathode of 50 mils diameter was fitted. at each end 
with short guard sleeves of thin nickel tubing, leaving a central exposed 
length of 15 millimeters. Both anodes were nickel of 100 mils diameter; 
one was hydrogen-fired at about ll00°C, the other carbonized. Both 
tubes gave ample emission at T = 990°K, and their current-voltage 
curves were so nearly alike that the plots" of g and 1/g Ve in Figure 15 
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refer to either. The general course of these curves agrees very well 
with predictions based upon the steady-state equations for parallel­
plane structures discussed above. No plot ot voltage is shown since 
accurate absolute measurements were difficult in view of the small 
voltages required. The maximum voltage (/ = 4 milliamperes) was 
estimated to be about 3.2 volts, corrected for contact potential. Calcu­
lation shows that currents below about 50 microamperes were collected 
in a retarding field. The curves for 1/g Ve and 00 ,p approach the 
theoretical limits 1 and 1/2 quite closely at the lowest current meas­
ured, 25 microamperes. There was, therefore, every rem;on to expect 
the shot effect to follow theory for larger currents. And yet O,.,p is 
seen to rise steadily with current for both diodes just as it did for 
amplifying tubes in diode connections. 

This strange behavior can, in the writer's opinion, be interpreted 
wholly in terms of a small amount of elastic reflection at collecting 
surfaces. Electrons returned to the vicinity of the virtual cathode ax 
a result of either scattering or reflection will, of course, alter its 
potential and tend to decrease the steady-state flow of emission current 
across the barrier in a fashion strictly analogous to the process by 
wnich temperature-limited shot fluctuations are compensated and 
reduced by space-charge. The reflection hypothesis is chiefly concerned 
with those electrons which arc elastically reflected or nearly so; an 
electron which loses more than a fraction of a volt on collision can not 
return suff.ciently close to the virtual cathode to do damage at all 
comparable to the havoc promoted by those which actually pass through 
the virtual cathode a second time. It is impossible to handle this 
problem with Quantitative rigor, but a crude notion of magnitude may 
be had. Consider a upit increase in the emission of electron~ in a 
particular velocity class. Without space-charge compensation there 
would follow a unit increase in anode current. Our analysis has shown, 
however, that in the presence of a virtual cathode, there flows a com­
pensating current -(1- y). The net increase in anode current is 
then [1 - (1 - y)] = y. But suppose, to exaggerate a little, that all 
of the original electrons are reflected back to the cathode to start out 
again and finally be captured on the second attempt. The net increase 
in anode current will be, in this event, something like 

[1-(1-y)-(l-y)-(1-y)] =-2+3y. 

If y for this velocity class is, say 0.25, the net increase in anode current 
turns out to be - 1.25 instead of + 0.25. On a mean-square basis, the 
reflection of electrons has resulted in over-compensation to such an 
extent that the noise has been increased twenty-five fold. Now a brief 
calculation along these lines shows that if so little as 10 per cent of the 
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total anode current is rf'flected as described, the tofaT mean-square shot 
effect is increased by a factor of 3 l'r more in a diode comparable to 
tho::-e of Fig11re 15 and carrying thrN:> or four milliamperPs rnrrent. 
It is logieal that thl;' factor :--hould increaHe with I. for the quantity 
I' decreases ( see Figurt> 5), so that, supposing the roeffiC'ient of reflPc­
tion to vary b11t little with an increase in anode potential, in the light 
of the example just di"cussed, the trend is obvious. 

The precise amount by which noise will be increased by electron 
reflection depf'nds upon too many faetors to permit accurate prediction. 
Structure, nature of the electric field, ('!l'ctrocle potentials, charaeter 
of the reflecting surfaces, all are invoh-nl in a complex manner. Yet 
the chief features of thf' experiml'ntal difference hPtween ''diode" and 
"triode" noise are thus simply interpreted. For in the first place, a 
negative grid leaves smaller opportunity for anode-reflected electrorn; 
to return to the virtual cathode. But, more important, above a certain 
low critical potential a fairly high percentage of elastically reflected 
primaries drops to practically nothing. It is difficult to find much 
experimental evidence in yioint amongst the quantities of literature 
concerned with secondary emis,;ion, most of which i3 devoted to 
inelastic encounters and to emission of true secondaries, characterized 
by very low energies. But in one of Farnsworth's papers1 the precise 
experimental information desired may be found. Of several conclu­
sions which he draws from his measurements of the energy distribu­
tion of secondaries from C11, Fe, Ni, and Ag the second is of present 
concern: "For primary voltages below a certain limiting value, which 
varies with the metal, most of the secondary electrons have energie:-i 
approximately equal to the primary energy". Measurements of sec­
ondary energies for these four metals are much alike, and of the four 
Ni appears to reflect least. The table given here is constructed from 
his data for Ni and shows for each primary voltage V the per cent 
of the primary stream which appears in the secondary stream as 
electrons possessing within one-half volt of thf' primary energy. 

--i---6-.2 - 1-1_0._4 -1-1s.6_-/_ 33_.5 __ 1--~~-o._o _ 1 

12 11 9 I 6 5 I 
--c ___ -- - __ -__ -=-- -- - - - --

It must be remembered that these data apply only to a specific surface 
put through a specific heat treatment, and cannot be considered 

1 H. E. Farnsworth, "Energy Distt·ibution of Secondary Electrons from 
Copper, Iron, Nickel, and Silver", Phys. Rev., Vol. 31, p. 405, March, (1928). 
In Co!llpton and Langmuir's "Electrical Discharges in Gases", Rev. Mod. 
Phys., Vol. 2, p. 171, April, ( 1930) will be found a brief factual background, 
but elastic and inelastic reflections are not clearly distinguished. 
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strictly representative of other samples. But the ordn· of magnitude 
supports the hypothesis under <liseus"ion. 

One might naturally exped to ascriL~ the clifference hetween 0, ,,, 

for the two tubes of Fig-ur<' 1 ~ to a reduction in tlmitir reflection as 
a result of carbonization. 8ub-;equt-nt E:•xperimcnb; :-.upportcd the 
notion. To separate out the po::;..,il,Ie alteration of rdiection coeffident 
as a result of deposition of caihodP material during activation, two 
diodes wrre construetrd \\ ith dimen::;ions similar to those of Figure 115, 
except that these had ::;lidaLle nickel anodes. One anodt> was wholly 
tal"boniz~d; of the other, one-half was earbonized and the rPmainder 

·was left "dean". The first showed suh"tantially the samt> noise for 

Ec1-VOLTS 

Pig. 16-Effect of electron reflpction and scattering upon space-charge­
reduced shot effect in a triode: constant cathode current. 

either position of the anode, indicating that deposition of cathode 
material upon a carbonized anode during normal activation alters the 
reflection coefficient (of the kind in question) a negligible amount. 
The other, activated with the carbonized section exposed to the cathode, 
showed a slightly higher noise when the "clean" section was used. 
Even here, just as in Figure 15, the carbonized anodes showed noise 
far in excess of theoreticai estimates; it is concluded that slow speed 
(2- or 3-volt) electrons are reflected elastically almost as profusely 
from a carbonized surface as from a clean one. 
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Further support for the hypothesis of noise augmented by reflected 
electrons is found in Figure 16. By operating a triode with grid posi­
tive and anode negative, one obtains an artificial electron reflection. 
All electrons that m_iss the grid on fin,t passage are returned, and many 
of these may miss a second time and continue back to the cathode. 
The figure shows in panorama the enti1·e course of shot effect in a 
constant cathode current for anode voltages running from high positive 
to high negative values. The construction of the RCA-5G diffns little 
from that of the RCA-57 except that a carbonized anode replaces the 
57's screen grid, and a smaller ,,, (13.8) brings u down fr.om an ~sti­
mated 0.83 to 0.78. The circuit sketch shows how grid and anode could· 
be given individual bias voltages and yet operated as a unitary elec­
trode for radio fre<1uencies so that, even though the cathode current 
was at times divided between the two, fluctuations in cathode current 
(I) were measured under all circumstancef!. Dias voltages were meas­
ured at the electrodes, were not corrected for contact potential, and 
for small values are therefore not precise. The trend of E 6 vs. Eci is 
normal; in particular the kink accompanying the approach of E 1, to 
zero from the positive side is familiar and has long been correctly 
attributed to a sudden lowering of space potential due to the abrupt 
return of much of the anode-directed current to the vicinity of the 
virtual cathode. The noise, which for normal biases remains very 
constant and approximates the theoretical value, rises sharply to a 
peak at precisely the point at which it would be expected to do so. 
This maximum is considerably higher than the "diode" noise, at 
Eb= Ec1 = 2.4 volts. The ultimate decline as more and more electrons 
are trapped at the grid on first passage, and the finally levelling off 
need little comment. 

Finally, some observations on diodes with thoriated-tungsten 
cathodes should be mentioned. A 4-mil filament was used with a nickel 
anode of 100 mils diameter, either carbonized or not. At temperatures 
providing emission sufficient to remove suspicion from the ratio 1/1.,, 
the behavior was much the same as that exhibited in Figure 15, includ­
ing a decrease in noise with carbonization. Further, Oexp. for these 
was, for the higher currents, always a little less than shown in Figure 
15;. with 1 = 3.5 milliamperes, o.~,, = 1.95 and 1.15 for these diodes, 
uncarbonized and carbonized, while O,.~p. = 2.19 and 1.31 for their 
coated-cathode brothers. A reflected electron finds the virtual cathode 
less easily when the cathode has a diameter of 4 mils instead of 50 mils. 

However unsatisfying it may be that the theory should agree but 
poorly with measurements on the simplest structures patterned closely 
after the model upon which the analysis was based, we conclude that 
there is generally excellent agreement between theory and observations 
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of cathode-current shot effect in tubes operated with negative control 
grids. The formulas developed serve well as accurate engineering 
guides to construction of low-noise tubes for class A operation. And 
where experiment has shown the theory to be inapplicable, the hypothe­
sis of elastic reflection appears adequate to account for discrepancies. 
The nature of cathode-current fluctuations, for small transit angles, is 
now thought to be well understood. The complexities which are added 
to the situation when the cathode current is divided and the noise 
measured in one portion only, for example in the plate current of a 
pentode, form the subject of the succeeding pages. 
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PART III-MULTI-COLLECTORS 
BY DWIGHT 0. NORTH 

Summary-The ftuctuatiom in cathode current (I.) due to true shot 
effect in cathode emission are 

~ = r2 (I •. 2eb,.f). 

r is a factor, evaluated in Part II, equal to unity when t~e curre71,t is 
temperature-limited, but ordinarily only about 0.2 unde: 11,ormal space­
charge-limited conditions. 

Theory here presented shows that fluctuations in the current (In) to 
the n" collector of a device possessing several collectors for the cathode 
current are, in general, improperly represented by the expression, 

- I. -
in2 =-i.2, 

r. 
but correctly by the following formula: 

- [ [,. ] i..2= 1- I. (1-r2) (/,.. 2eb,.f). 

ln connection with suppressor-grid pentodes, for which it is generally true 
that r• << I .. /Ia, the formula for shot effect in either screen or plate lead 
(with input grounded) is 

,,. _ 1 •• 1. 
i,. - i." ""' -- . 2eb,.f. 

I. 

The noise in the plate lead is, then, usually higher than that in the cathode 
lead, and this fact accounts in large measure for prevalent observatiwns 
that pentodes are usually inferior to triodes from purely a noise standpoint. 

Experimental work is described, supporting the theory. 
Combination of this theory with that of Part II yields a practical work­

ing formula for the apparent input shot effect of a conventional pentotk 
amplifier with coated cathode and negative control grid. Expressed in terms 
of an ohmic resistance (R,tr) at room temperature (800°K), the thermal 
agitation of which is equal to the apparent input shot effect, the formula ;,,, 

[ I.. 1000] 
R.,, (pentode) = 1 + 8.7 a- • -- • R,rr (triode) 

g., T 
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2.2 7'(°K) I. 1 
where R.,, (triode)=-• --- • - • -. 

a 1000 In U•~ 

Tis cathode tompature in °K, g., is pcntode transconductance in micromkoa, 
I •• is the screen current in microampcrcs, and c, is the ratio of total trans­
conductance to conductance of the "equivalent diode." 

THEORY 

T HE phenomena peculiar to shot-effect fluctuations in a space­
charge-limited device which possesses more than one collector 
have been outlined in Part I. If a pentode, for example, is 

space-charge-limited, the shot effect in the anode lead is often much 
in excess of an estimate based upon a simple division of cathode cur­
rent fluctuations similar to the division of the cathode current itself. 
In tet1·odes such a behavior might ab initio be ascribed, at least in part, 
to additional noise associated with secondary-emission current circu­
lating among the collecting electrodes. The analysis and experiment 
presented below are confined to arrangements in which secondary 
emision plays no role. In fact we shall be concerned with only an 
extension of the concepts and formulas of Parts I and II. 

Any electron in transit alters the potential of the virtual cathode 
as explained earlier. This slight depression of the potential minimum 
is by no means localized but extends over a region the linear dimen­
sions of which are, loosely speaking, comparable to the distance 
between cathode t'tnd anode of the "effective diode". It is beyond the 
purposes of this paper to examine the precise geometrical scope of the 
potential variation at the virtual cathode, but it should be evident that 
the concomitant variation in the steady-state cathode current I pos­
sesses a comparable geometrical spread. In this way it comes about 
that, at times, the compensatory flow of current which accompanies 
and tends "'to- reduce an initial fluctuation in emission (yielding the 
r of Part II) does not all arrive at the same collecting electrode to 
which the initial fluctuation may be consigned, but is divided among 
the several collectors. Consequently, the fluctuation in the electrode 
named is not fully reduced, while in the other electrodes there flows 
simultaneously a "compensating" current for which there is no ante­
cedent. The mean-square fluctuations in each electrode are, therefore, 
in excess of an estimate based upon a simple apportioning of the 
cathode current fluctuations. At any instant the sum of the linear 
fluctuations in all collector currents is still, naturally, equal to the 
fluctuation in cathode current. But the sum of the mean-square cur­
:rent fluctuations in the former is greater than in the latter. 
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Let us consider in detail two extreme examples of cathode-current 
division. The behavior of these wiJI set natural limits encompassing 
the performance of all others. In Figure la the collectors are to be 
considered so close to the cathode (in comparison with their linear 
dimensions) that there is virtually no region of the cathode from which 
current is delivered to both collectors. Except in the immediate vicinity 
of the boundary common to the collectors this will be strictly true. 
Hence, by extending the cathode and collectors laterally ,the ideal can 
be approached as closely as desired. These collectors now operate 
independently and their performance will be altered in no way what­
soever if the cathode be split also and the two diode systems sep-

(b) 

Fig. 1-Extreme examples of a multi-collector. 

arated. Employing the notation of Part II, we may therefore write 
the shot effect in each collector as follows: 

1;i = I\2 • 2el11:':i.f = 81 • 4kTg11:':i.f 

i,i = Tl · 2el21:':i.f = 82 • 4kTg21:':i./. } (1) 

In short, there is nothing novel here; each collector current shows a 
shot effect prescribed by the analysis of Part II, and the sum of the 
mean-square fluctuations in the two anode currents, measured sep­
arately, is equal to the mean-square fluctuation in the anode current 
of the device when the two collectors are tied together. 

Proceeding to the opposite extreme, we find in Figure lb a scheme 
in which all the litle discs (2) constitute one collector, the other con­
sisting of the remanent sheet. If now the number of discs is thought 
to become exceedingly large while, at the same time, the area of each 



FLUCTUATIONS IN SPACE-CHARGE CURRENTS 129 

is proportionately diminished so that the currents / 1 and / 2 are unal­
tered, another ideal situation is approached. It has the following 
significant properties: 

1. The current to either collector is composed of electrons which, 
at the virtual cathode, exhibit a precise Maxwell-Boltzmann distribu­
tion of velocities. 

2. The depression of virtual-cathode potential which accompanies 
the passage of any electron (from whatever point on the cathode it 
emerges) gives rise to a "compensating" current which is always 
divided between the collectors in proportion to their steady-state cur­
rents / 1 and / 2• 

The scheme can be generalized to N collectors, and this we shall 
analyze. The cathode current will be 

(2) 

Assuming that all electrodes are grounded with respect to noise fre­
quencies, let us determine the net current fluctuations in the nt11 col­
lector. It is composed of three parts: A, fluctuations associated with 
true shot effect in those ,8-electrons1 which are collected at the n 11• 

electrode; B, fluctuations associated with true shot -~ffect in those 
,8-electrons which are collected at all other electrodes; C. fluctuation$ 
associated with true shot effect in the a-electrons1 • 

A. Were it not for compensating action at the virtual cathode, 
the shot effect in In would be true shot effect originating wholly in 
random fluctuations in the emission of those ,8-electrons which reach 
I,., namely, 

(4) 

In the presence of a virtual cathode, it was shown in Part II that for 
each emission velocity v., there is a compensating action such that 
each fluctuation which contributes to (4) is linearly reduced by a factor 
Y/J (itself a function of '118 ) However, in contrast with the simple 
diode, it cannot now be said that an initial fluctuation of unit ampli­
tude (1) gives rise to a "compensating" current in the n"' electrode 
of amplitude-(1- Y/J). For the compensating flow is divided in 
proportion to the steady-state current distribution. Rather, each 

1 See Part II, pp. 444 and 451. The a-electrons are those emitted 
with velocity insufficient to carry them over the virtual cathode. The 
remainder, the ,8-electrons, constitute the normal cathode current which 
is divided and collected at the N electrodes. 
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initial fluctuation which contributes to ( 4) is here linearly reduced by 

the factor [1 - :" (1 - YfJ) J. The net fluctuations in J,., due to true 

shot fluctuations in I,,, and averaged over the appropriate range of 
emisRion velocities,* are, therefore, 

B. A similar treatmt•nt starts with initial true shot fluctuations 
in the current to all collectors but the n 11', namely, 

(J-1,,)·2et::,.f. (5) 

Again, for each fluctuation "hkh contributes to ( 5), there is a com­
pensating flow which. for unit amplitude of the initi ll fluctuation, 

I,,,, 
vroduces a current in the 11 111 electrode of amount - --(1 - YfJ). 

I 
Averaged over the same range of emission velocities, the contribution 
from this source to fluctuations in the n 11• electrode is 

[( /,. )2 ] 
in2 = I (1-2¥f!+Yl) (J-1.,) · 2et::,.f. (6a) 

C. The initial true shot effect in the a-electron current is 

(/8 - I)· 2et::,.f, (6) 

where J. is the total emission, so that Ua - I) is simply that portion 
of the emission current which fails to cross the virtual cathode. And 
once more, for each fluctuation which contributes to (6) there is a 
disturbance of the virtual cathode potential and a consequent flow of 
current to the collectors, each collector receiving its share in proportion 
t0 the steady-state current it carries. Averaged over the appropriate 
range of emission velocities, the contribution from this source to 
fluctuations in the n"' electrode is 

• The averaging process will not be elaborated here. It ill explained 
in detail in l?art II, p. -450, :from which it will be recognized tliat the 
Vi of (4a) is simply r,2, and that the V,:: of (oa) is similarly l',,_2. 
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Provided there is no secondary emission, nor elastic reflection of 
the sort described in Part II, the total shot effect in the nrn rollector 
is the sum of these three contributions, (4a), (5a), (6a). Remember­
ing that 

we find for the total fluctuation: 

[ J,, ] i,.2 = 1 - 1 (1 - r=) I,. • 2e6f. 

The fluctuation in the cathode current is 

i1 = 1'2/ • 2e6/. 

(7) 

(8) 

Part II was devoted to a determination of 1'2• At this })Oint one needs 
only to recall that it runs from unity in the absem·e of a virtual 
cathode to the neighborhood of 1/20 for normal space-charge-limited 
operation of modern medium-gain receiving tubes. 

The sum of the separately measured shot effects in all N collectors 
is 

N [ (1 - r 2) N ] E r.! = r 2r +---z:,1,.u-1 .. > 2e6t, 
1 I 1 

substantiating the remark above that the sum of the mean-square 
current fluctuations in the collector leads is greater than that in the 
cathode lead-unless either r = 1 (no virtual cathode, no compen­
sating action), or one collector takes the entire cathode current (no 
problem). 

Inspection of (7) leads to the following observations: 

1. No fluctuation is greater than the true shot effect for the 
current considered. 

2. The smaller fraction of the total current an electrode collects 
the more nearly the noise in that current approaches true shot effect. 

3. For vanishingly small r, the mean-square fluctuation in the 
current collected at any electrode is equal to the product of the true 
shot effect for said current and the fraction of the cathode current 
not collected at said electrode. 
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4. The ratio of actual noise to true shot effect in a divided portion 
of the cathode current exceeds the corresponding ratio for the total 
cathode current. 

5. The noise in a divided portion 1. of the cathode current e:x:ceeds 
the noise in the total cathode current provided 

l'2 I,. 
---<-<l. 
l-r1 I 

In conventional tubes this is usually true for all collectors. 

6. With constant r, the noise in a given collector current I,. is a 
maximum (against variations in I.) when 

-=----

In other words, provided r 2 < 1/2, the noise in no collector lead should 
exceed 

l 
----I · 2eb.f. 
4(1-r2) 

APPLICATION TO PENTODES 

The conventional suppressor-grid pentode is expressly designed to 
inhibit exchange of secondaries between screen grid and plate. Its 
performance can, therefore, be expected to lie within the extremes just 
discussed, provided there is no appreciable secondary emission from 
insulating surfaces, e.g., the envelope. The suppressor grid will be 
supposed to collect no current. It will also be supposed that the con­
trol grid is given a negative bias; from the viewpoint of this section 
a positive control grid would, of course, be regarded as just another 
collector, but it will generally introduce further complexities because 
of possible secondary emission to other electrodes, and, more important 
yet, the likelihood of elastic reflection resulting in an indeterminate 
increase in r of the sort described at length in Part II. 

Tubes designed with no intent to align grids so as to produce 
electron beams, or, more specifically, to reduce the screen-grid current, 
would be expected a priori to perform very nearly like the idealized 
scheme of Figure lb. For, scattering of electrons under the influence 
of the control-grid field, together with the lack of alignment, are suffi­
cient reasons for supposing that the two important properties (p. 247) 
of the idealized structure are closely approximated. Even some tubes 
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of beam-forming design can be placed in the same category, but, in 
general, each device of this class should be accorded an individual 
examination. 

Since subsequent experiments support these conjectures, it will be 
useful to cast (7) into pentode nomenclature. With the cathode cur­
rent divided as follows, 

(9) 

and with all electrodes grounded with respect to noise frequencies, the 
shot effect in the cathode, the screen-grid, and the plate leads,1 respec: 
tively, is 

'i';! = "I'2(1a, • 2eAf) 

r2Jc2 + Ii, 
'2= (]0z · 2eAf) (10) 

Ia. 

r2I'b + Ioz 
ii-p- (lb • 2eAf). 

Ia. 

It should be noted carefully that these formulas will serve directly to 
predict the noise voltage appearing across an impedance in any lead, 
but only provided no noise voltages appear on other electrodes. For 
example, if the screen is grounded for radio frequencies, the noise 
voltage appearing across an impedance Z in the plate lead is simply 

(11) 

where rp is the plate resistance of the tube. If, however, there is 
impedance in both screen and plate circuits, the screen-plate transcon­
ductance (and, to a lesser extent the plate-screen transconductance), 
together with the fact that the current fluctuations in screen and 
plate are partly in phase, partly random, necessitates a return to 
fundamentals and construction of entirely new expressions to take the 
place of (10) and (11). These are not difficult to obtain but lie beyond 
the aim of this paper which refers specifically to normal pentode 
amplifiers only. To these the expressions above are usually applicable. 

1 Different methods of attack have led to the same formula, e.g., W. 
Schottki, "On the Theory of Electron Noise in Multiple-Grid Tubes," Ann. 
d. Pk1/lff,k, Vol. 32~ p. 195, May, (1938). C. J. Bakker, "Current Distribution 
Fluctuations in Multi-Electrode Radio Valves," Pkyaica,, Vol. 5, No. 7, 
p. 581, July, (1938), 
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102 
Now it will ordinarily be found that r 2 << - . The formulas 

1,, 

(lC) then approach the following limiting forms: 

il = r 2 (]11 • 2e~f) 

} (10a) 

If it is also true that 102 << I,,, the noise in both screen and plate 
circuits is approximately equal to the true shot effect for a current 
equal to the screen current / 02• The noise in the plate circuit may then 
exceed that in the cathode lead by an order of magnitude. This 
undesirable behavior is illustrated by the measurements below, and 
is in accord with the prevalent impression that conventional pentodes 
are usually inferior to triodes from purely a noise standpoint. 

The most valuable figure of merit is the effective input noise, 
namely, that voltage applied between grid and cathode which produces 
output current fluctuations equal in magnitude to those actually gen­
erated by shot effect. The effective input noise is expressed by 

"i7 
- p e/=-, 

Um2 

where Um is used here to denote control grid-to-plate transconductance. 
The symbol g, will be used to denote total (or cathode) transconduc­
tance. In brief, 

01,, 0111 

Om=--, O,=--, 
oE,1 oEc1 

and, since it is normally true, we shall assume 

111 
U,=-Om• 

1,, 

Using (10), we then have 

(11) 
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The term without brackets will be recognized as the equivalent input 
noise of the tube operated as a triode (both screen and plate working 
into the same radio-frequency circuit). The term within bracket!, is, 
therefore, the factor by which the effective input noise is increased 
wheli the tube is employed as a pentode. 

For engineering purposes a more valuable formula expresses the 
input noise simply as the effective resistance Reff which, at room tem­
perature T 0 , exhibits a thermal-agitation voltage equal to the effective 
input shot voltage of the tube. This development parallels that of 
p. 471, Part II, to which reference may be made for details. We also 
need (43b) of Part II, namely, 

6 g,Ve 
r 2 =2- --. 

u I,. 
(12) 

In this expression (J is a pure number, practically equal to 2/3 over 
the whole range of space-charge-limited operation, provided the ratio 
of cathode current to emission is small; u is the ratio of total trans­
conductance Ut to the conductance g of the "equivalent diode", and is 

kT 
given more explicit definition in (51) of Part II: v. = - , where 

e 
T is cathode temperature, k is Boltzmann's constant, e is electron 
charge. Assuming that 6 = 2/3 and T0 = 300° K, we find 

[ Ic2 1000] 
Re,,(pentode)= 1 + 8.7u - · -- · Reff (triode) 

Um T 

where Ic2 is in microamperes, Um in micromhos, and Tin °K, 
(13) 

and where 

6 T 1 2.2 T lb 1 
Reff (triode)=-· - · -=- · -- · - · -

u T 0 Ut u 1000 / 0 g,,. 

For tubes with oxide-coated cathodes, it has been shown in Part II 
that fJ = 2/3 for practical purposes, so that (13) may be considered 
valid. However, whenever there is any question as to the validity of 
(12), (11) should be used in place of (13), and r 2 should be found 
experimentally from a measurement of noise in the cathode lead. 

As an example of the magnitude of pentode shot noise as predicted 
by (18), consider a typical radio-frequency pentode for which 
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T= 1000°K 

4 
Ii::::; - la= 2 milliamperes 

5 

g,,1 = 1200 micromhos 

u= 0.83 

Then Rell (triode)= 1770 ohms 

Re!/ (pentode) = 4.0 Reff (triode)= 7100 ohms. 

In concluding the theory it is worth observing that, although (10) 
and (11) are developed with the understanding that 0 < r < 1, and 
that r is simply a manifestation of fluctuations in virtual-cathode 
potential elicited by and tending to compensate true shot fluctuations 
in electron emission, they are equally valid in at least two further 
instances in which r may be greater than unity. Whenever positive 
ions are evaporated from the cathode (discussed in Part II) or when­
ever they are formed within the tube by collisions bet"We~n electrons 
and molecules of residual gas (the subject of Part IV), if the ion 
currents are small enough their sole contrib:ition to the current fluc­
tuations in the plate circuit is due simply to the fact that the ions 
alter the potential of the virtual cathode, so that fluctuations in ion 
current bring about fluctuations in cathode current.1 The mechanics 
of this process is strictly parallel to that discussed at length in Part II. 
Fluctuations observed in the cathode lead may even here be expressed 
empirically in the usual fashion: 

But now the former analytical expression, 

must be extended to include, phenomenologically, the noise produced 
by positive ions, so that we have 

(14) 

Exceedingly small ion currents can make r > 1. Nevertheless, when 

1 Assuming, as before, that the control grid is grounded with respect 
to noise frequencies. If not, gas current to the grid introduces additional 
auise, cf. Part IV. 
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r is defined as stated, the noise in screen and plate leads is still prop­
erly described by (10). An observed example of such a situation will 
be presented in the following section. 

EXPERIMENT 

All measurements were conducted at a frequency of about one 
megacycle. The apparatus and techniques are fully detailed under this 
heading in Part II, and the signal substitution method described therein 
was employed throughout. 

Since the chief purpose of this work was a direct test of multi­
collector theory as enunciated in (10), there was no attempt to make 
use of the theoretical value of r. In brief the procedure was as fol­
lows. A two-collector tube was operated at any chosen point on its 
characteristic. The fluctuations in cathode current were measured to 
permit an experimental determination of r. At the same operating 
point the fluctuations in plate and screen current were successively 
measured. These two values were then compared with their corre­
sponding theoretical estimates, using the experimental I' in the calcu­
lation. 

The control grid ·was biased to a negative potential in every 
instance, and the suppressor, if any, was connected directly to the 
cathode. Measurement always showed no significant current to either 
of these elt.ctrodes. When plate-current fluctuations were being meas­
ured, all electrodes but the plate were grounded for noise frequencies 
with blocking condensers, and a known impedance was placed in the 
plate lead; the voltage fluctuations appearing across this impedance 
were amplified and measured. A similar procedure yielded screen­
current fluctuations. Cathode-current fluctuations were obtained in 
this way also whenever screen and plate were operated at the same 
potential so that they could be tied together. Otherwise, known im­
pedances with conductive branches were inserted in both screen and 
plate leads, and the screen and plate were tied together (as regards 
noise frequencies) with a blocking condenser. Screen and plate, there­
fore, operated as a unitary electrode at one megacycle, and the voltage 
fluctuations at the plate were a direct measure of fluctuations in 
cathode current. (A schematic circuit of this type, used for the same 
purpose, is given in Pa~t II, Figure 16.) 

Voltage fluctuations are plotted here, but these can be interpreted 
immediately in terms of current fluctuations because all voltages refer 
to a common impedance (45.5 X 103 ohms) and band width (9.50 kilo­
cycles)-these being the magnitudes of circuit impedance used, and 
amplifier pass-band, respectively. Thus the fundamental quantity, 
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the mean-square current fluctuations per unit band width ( :, ) 
corresponding to any rms noise voltage V&I (µv) shown in Figures 
2-4 can be obtained· from 

6/ 
( µµa2) if _ 
-- = --= 50.9 e2 (,u.v2). 

kc Z2b..f 

The three sets of data exhibited were selected from measurements 
on several types of tube, and may be considered truly representative 
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Fig. 2-Comparison between theory and observation of fluctuations in screen 
and plate leads of a ty~ical radio-frequency pentode. Constant 

plate current, maintained by adJusting E •• and Eb, 

of the extent to which (10) may be employed in predicting noise 
behavior of similar tubes. In each figure the course of noise is traced 
while, with constant plate current and fixed control-grid bias, the 
heater temperature is altered so that the tube moves from an essen­
tially temperature-limited condition to one in which the emission is 
considerably higher than the cathode current. r (measured), there­
fore, runs from unity rapidly to a minimum and then rises again with 
increasing temperature, in general accord with the theoretical repre­
sentations -"f Part II. I' is not plotted but may be evaluated in any 
instance by taking the ratio of cathode noise to the true shot noise 
level for the cathode current. plotted in each fig11re. This procedure 
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implies that the cathode current was constant for each plot, which is 
not strictly true, but the variations are small enough that they cause 
no material error in this connection. 

Figure 2 exhibits the behavior of an RCA-57, a typical radio­
frequency pentode with coated cathode and a screen current equal to 
about one-fifth of the cathode current. The plate and screen were 
operated at the same potential which was varied from 150 to 100 volts 
in order to keep lb constant as Twas increased. lc2 ran simultaneously 
from 540 to 580 microamperes. The theory is seen to agree very well 
with the data. For minimum cathode current fluctuations, 
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Fig. 3-Comparison bet,,een theory and obaervation of fluctuations in screen 
and plate leads of a special beam-type tetrode with aligned crids. 

Constant plate current maintained by adjusting E .... 

f'l=0.077 

so that 

lc2 
-=0.27, 
lb 

and the limit (10a) ia approached, both screen and plate noise approxi­
mating the true shot effect for a current equal to the screen current. 
Due • imply to the presence of. a acreen grid, the mas plate noiae in this 
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tube has roughly twice the magnitude which would be observed if the 
screen grid were absent. 

The data shown were duplicated in tests wherein the plate was 
held at 250 volts and the screen-grid potential assigned whatever lower 
value (100 - 200 volts) would set lb= 2000 microamperes. 

The tube concerned in Figure 3 was a special developmental tetrode 
made by Mr. Otto Schade of these laboratories during studies culmi­
nating in the RCA-6L6, a beam power tube.1 The exceptionally low 
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Fig. 4-Comparison between theory and observation of fluctuations in screen 
and plate leads of a special pentode with tungsten filament, illustrating 
region for which r > 1 as a result of positive-ion emission. Constant 
plate current, maintained by adjusting E ... 

screen current, 1.5 per cent of the cathode current, is obtained through 
alignment of control-grid wires with those of the screen grid. Actually 
the screen-grid current was about 100 microamperes in the tempera­
ture-limited condition, and dropped to a nearly constant value of 30 
microamperes for all other points. The increase in screen-grid noise 
above the true shot noise level may be due in part to exchange of 
secondaries between screen and plate. The course of plate noise is 

1 0. H. Schade, "Beam Power Tubes," P1·oc, J.R.E., Vol. 26, No. 2, p. 187, 
February, (1938). 
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shown for only that portion. of the total range in which the emission 
is far in excess of cathode current, i.e., the noise is independent of 
emission.1 At the time plate noise was measured, the emission was 
increasing slowly with constant heater current; hence, measurements 
for nearly temperature-limited currents could not be expected to agree 
well with theoretical estimates based upon subsequent measurements 
of noise in the cathode current. In any event, only the region of "com­
plete" space-charge limitation is practically important. And here the 
agreement between theory and observation is again good. In this 
region the screen potential is less than 50 volts, so that, in view of 
the extremely small screen current, noise originating in secondary 
emission cannot be serious. 

The plate noise is practically equal to the cathode noise, simply 
because the screen current is negligible. At a casual inspection these 
dab might be considered a none-too-convincing confirmation of (10), 
inasmuch as the plate noise would naturally approach that of the 
cathode if the screen current were to vanish. The proper focal point, 
howeve!", is the screen noise, which agrees well with (10) but is, on 
the other hand, more than twice the magnitude predicted by (1). 

Finally, Figure 4 is presented to demonstrate the extension of (10) 
to inst:mces in which positive-ion production raises the noise level. 
The 4-mil tungsten filament of this pentode was formed from wire of 
ordinary commercial purity. Furthermore, there was never any detec­
table ion ~urrent, and yet at around 2600°K enough ions evaporatec;_ 
from th'e filament to raise r above unity. The behavior is typical of 
all cathodes but is especially marked . in tungsten filaments merely 
because the Qperating temperature is high. The first ions evaporated 
(about 2500°K) are probably surface contaminations, largely potas­
sium. Subsequently (about 8000°K) tungsten ions, themselves, pre­
dominate. Reasonably enough, the ion emission always falls off slowly 
with age at a fixed temperature, and is also greatly diminished by 
flashing at a higher temperature, even though the temperature incre­
ment be as little as 10° to 50°. This performance is reflected in 
fluctuation measurements. Consequently, the three plots of noise in 
Figure 4 do not represent precisely the same cathode conditions for 
the same temperature. The cathode noise, measured last, yields a 
value of r smaller than that prevailing in prior measurements; and 
this accounts for a portion of the small discrepancy between observed 
and calculated noise. The important point, however is the good 
agreement in the range for which r > 1. 

On the whole there appe~s to be thorough experimental support 
for the hypothesis that shot effect in conventional multi-collectors 

1 See Part II, 
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adheres closely to the performance, summarized in (10), of the ideal­
ized structure depicted in Figure 1 t. In conjunction with the evi­
dence of Part II, and subject to the following summarized group of 
conditions: 

a) I/Ia<< 1 
b) No positive ion emission 

c) No secondary emission 

d) No elastic reflection of electrons into the virtual cathode 

e) Current collected at plate and screen only. The expressions (11) 
and (13) can be relied upon to give an accurate estimate of the effec­
tive input shot noise of modern amplifying tubes, and thus serve a 
useful purpose in analysis and design. 
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PART IV - FLUCTUATIONS CAUSED BY 
COLLISION IONIZATION 

BY 
B. J. THOMPSON AND D. 0. NORTH 

Summary-An expression is derived for the numbe1· of electrons 
,·,,leased from the virtual cathode by each positive ion formed by collision. 
The plate-current ff,uctuations originating in the random formation of such 
ions are then formulated for a simplified, parallel-plane model approxi­
r.tating conventional slee1,e-cathode structures. The formula does not requil'e 
a knowledge of gas p1·essure, and thus is especially useful in connection 
·,dtk sealed-off tubes. Calculations from the theory, under the assumptio11 
that the chief constituent of residual gas is carbon monoxide, compa1·e 
favorably with a series of measurements. It is concluded that the "gas" 
eomponent of noise may genemlly be ignored when grid gas-current is 
less than a few hundredths of a microamvere. 

INTRODUCTION 

IN EVI•~RY vacuum tube there are free gas molecules some of which 
are converted into positive ions by collision with electrons in those 
regions where the potential exceeds the ionization potential. 

Throughout its lifetime each ion affects the virtual cathode, if one 
exists, in such a way that the electron current is increased. Inasmuch 
as the formation of ions is a matter of chance, the increase in electron 
current ca111sed by the ions must fluctuate at random. Thus, the plate 
current exhibits a "gas" component of noise in addition to the normal 
shot fluctuations investigated in Parts II and III. The results of an 
analytical and experimental study of this ionization noise are presented 
in this part. 

It should be noted at the outset that no significant ionization noise 
is found in modern high-vacuum receiving tubes. The subject of this 
part of the series is, therefore, not of such serious import as it was so 
little as ten years ago. This is a direct tribute to present-day exhaust 
technique, particularly the use of effective new getters. Today's new 
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tube with an estimated gas pressure of perhaps 10-4 micron has a grid 
current of less than 10-s ampere, a value so small that it may be due 
as much to photoelectric emission as to the collection of positive ions. 
Under the circumstances, the objective of this investigation has been 
primarily to establish a sound quantitative understanding of the 
phenomena involved, a result of greater theoretical than practical 
interest. 

In 1933 Ballantine' studied this same problem. Because he did not 
attempt to determine the number of electrons released from the virtual 
cathode by an ion during its lifetime, his analysis led to conclusions 
which can be quantitatively applied only to tubes in which both the gas 
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Fig. 1-Space potential in a model triode. 

pressure and the increment in plate current caused by ionization are 
known. His qualitative predictions were well demonstrated in a series 
of careful observations of the noise produced by controlled amounts of 
mercury vapor, argon, and gas evolved from the tube structure. 

The analysis below, begun in 1933, determines the .number of elec­
trons released per ion and leads to an end-formula which relates the 
noise to the grid gas-current, tube geometry, and electrode potentials, 
but, unlike Ballantine's, does not require a knowledge of the increment 
in plate current. Instead, this increment is also obtained as a function 
of the above parameters. One of the chief merits of this work is that 
it bears directly upon the performance of sealed-off tubes in which 
the gas pressure is not directly observed. 

1 S. Ballantine, "Fluctuation Noise due to Collision Ionization in Elec­
tronic Amplifier Tubes", Ph11Bic1, Vol. 4, No. 9, pp. 294-306; Septt>mber 
(1988). 



FLUCTUATIONS IN SPACE-CHARGE CURRENTS 145 

THE ANALYTICAI, MODEL 

For simplieity only the parnllel-plmw case is considered, and, unless 
otherwise specified, this will be a triode with negative grid bias. The 
space distribution of the ga8 is com;idcred uniform in th<' regions where 
ionization occurs. It is as1mmcd thnt each ion is formed with zero 
velocity, mows in a straight line under 1he acceleration of the electric 
field, and is collected (or neutralized) at first encounter with an elec­
trode. Since carbon monoxide is known to be the chief component of 
residual gas in tubes with coated cathodes and since it has been found 
to have a representative probability of ionization, we shall confine our 
analysis to this gas. It is then propPr~ to ignore collision products 
other than the singly charged ion, CO+; we ran also ignore multiple 
collisions altogether. 

The ionization potential of CO is about 14 volts2· 3• With reference 
to Figure 1, 1he effective potential E 1 of the grid surface in conven­
tional tube>s is well below this figure. It will, theref,ire, be supposed 
that no ion is formed in the cathode-grid space and that the division 
of ion current between grid and cathode can be approximated in terms 
of the fraction CY of open grid surface. 

To avoid discussing trarniit-time effects, the analysis is limited to 
conditions in which the transit time of an ion is :-;hort in comparison 
with the period of the measuring circuit. Our conclusions will, there­
fore, be ar plicable only to frequencies less than about tE>n megacycles 
in conventional receiving tubes. However, the threshold effect of 
increasing transit angles is known to be a reduction of plate-current 
noise, so that. we are, for small transit angles, calculating an upper 
limit. 

As we have previously stated, ionization increases not only the 
fluctuations, but also the average electron current. It will be supposed 
that the ion-dependent increment in electron current is small, so that 
the actual operating parameters of the tube, such as transconductance, 
are satisfactorily approximated by their ion-free values. 

The gas current to the grid will, of course, produce a shot voltage 
across the input circuit. In comparison with the plate-current fluctua­
tions this source of noise can usually be ignored in radio-frequency 
amplifiers. It must be reckoned with in high-input-impedance d-c 

2 A. L. Vaughan, "Mass Spectrograph Analysis and Critical Potentials 
for the Production of Ions by Electron Impact in Nitrogen and Carbon 
Monoxide", Pkys. Rev., Vol. 38, pp. 1687-1G95; November (1931). 

3 John T. Tate and P. T. Smith, "The Efficiencies of Ionization and Ioni­
zal:on Potentials of Various Gases Under Electron Impact", Phys. Re·u .• 
Vol. 39, pp. 270-277; January (1932). · 
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amplifiC'rs, whrre it may becomP the dominant noise soun.'C'.4 But sincC' 
the calculation in the d-r casP is i-;traig-ht forward, following the stand­
ard formula for t<>mperaturi>-limiled i-,hot efft>et, it will also he ignored 
at this time. Our motkl tube \\ill hav<' its grid at ground potPntial for 
currenb; at the operating freqm'm·y. 

The spare potential in the model is :-hown in Figure 1. Electrons 
are emitted with zero velocity. The familiar three-halves-power law is 
used in the cathode-grid space and the field is ap1iroximatl'ly uniform 
in the grid-anode spare. Ifenet>, for the symbols Rhown in Figure 1, 
the space potential E is determined by 

E ( 
:r y,3 

I E1 :-:: 
o< x ~d1 

d1 
(I) 

oE l'.1'2 -E1 

-- ----- d1 ~x~ d2 
ox d~ 

Because E 1 is small in comparison with the ionization potential, 
every ion whieh enters tlw eathode-grid space is assm,ied to move 
thl'rein with a constant wloeity e11tial to its terminal velocity at the 
cathode. 

If the amplification factor (1,J is large enough, the grid may be 
regarded as a perfect shield (permeable membrane), inhibiting the 
influence which each ion exerts upon the virtual cathode until the 
moment when the ion has penetrated the grid surface. We have found, 
however, that /t's of conventional tubes are not large enough to permit 
this approximation, and thus the influence of both ions and electrons 
in the grid-anode space has to be admitted. The extended analysis is 
too lengthy to warrant presentation; hence the end-formulas alone will 
be listed. The analysis detailed below refers merely to the simplified, 
high-11 tube, but the procedure followed to extend it will be 011tlinNI. 

INCREMENT IN ELECTRON CURRENT 

Let I= average cathode (or anode) electron current in the 
absence of gas. 

81 = increment in / as a consequence of ionization. 

v0 = electron velocity at the grid. 

v, = terminal ion velocity at the cathode. 

a= fraction of open grid surface. 

4 E.g., L .. R. Hafstad, "The Application of the FP-54 Pliotron to Atomic 
Disintegration-Studies", Phys. Rev., Vol. 44, pp. 201-213; August (1933). 
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I;= total avc>rage ion ClllT<'nt arriving nl grid surfarP. 

T,,1 =-= Iota! a:rragP ion c·111TPnt alrnorlwcl al the grid. 

T, 1• =-- total avt•rage ion c111-rc·nt absorliPd at the c·alhocle. 

Then we have I; -o:- 1,,1 -!- /, 1, 

and assume lu.f l, ..._, a. 

Let 111, = mass of an ion. 

111,. = mass of an electron. 

lll=molecular weight of nn ion (28 fo1· C'O). 

Then (fi.l~ X 101 for CO). 

Our first objective is to determine the ratio of the increment in 
electron current caused by the ions to the ion current flowing to thf 
cathode from a point of ion formation (potential E) in the grid-anode 
space. The calculation pivots around two principles. First, the net 
s11 rfare charge on the cathode must be zero ( no field) at every ins tan I. 
s~cond, the ion flow may be regarded as a movPment of chllrgc con­
tinuously distributed in space exactly as is rnstomary for electron­
current analyses. 

Let us suppose that the cathode ion current /, 1, consists of ions of 
just one common velocity (all formed at points having space potential 
E). The charge it induces on the cathode is 

i d, J ( x) 1 
Q,·= - 7;'' 1 - Ji d.i- = - -2 

The charge mduced on the cathode by the electrons comprising the 
incremPnt SJ in electron current elicited by the presence of ions is 

1,1, Sl 

I -· -,.- ( 1 --=-) d.i: = ~'l~ 1,1, (' d, )2,::(L -- -~) ,/.i' = ~ 
v "I 11, 0 :1· d I 4 

If the field at the cathode is zero, 

q. + q,=0, 

and 

:~,=: ~:=;( .~::,: y/2
( [:: )

112
=V.5aMt/~( : 1 

)'
12 

Hince Lhe ions are singly charged, the ratio likewise signifies the nuni-
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L>er of electrons N ( E) released from the virtual cathode by each ion 
of this terminal velocity, 

3/ ( N(E) =--=9.53111 11, 

!,,. 
(2) 

indicating approximately 10 electrons for each CO ion which reaches 
the cathode. 

Equation (2) shows the increment in electron current under the 
assumption that all ions have the same velocity (form<'d at potential 
E), but it also shows the increment in electron current actually caused 
by the ions in each velocity class (formed between potentials E and 
E + dE). Knowing the number of ions formed at each potential, we 
may then determine the total increment in electron current. Let P(E) 
be the average numbe-r of ions formed by each electron of energy E 
for C>ach centimeter of its path5• The total increment in electron cur­
rent as a consequence of ionization is, therefore, 

11,: al lE 
31=,rl N(B} P(E) dx=---

( ~:) 0 

N(E) P(E) dE. 

Here ( :: ) is the uniform field in the grid-anode space, and the 

lower limit to the integration is set at zero merely for convenience. 
There is, of course, no contribution · to the integral from potentials 
helow the ionization potential. 

Similarly, the total, ion current is 

I,= ] 1E· ( !! ) 0 l'(E) dE, 

and the grid gas-current is 

I,11 =(1-a)],= (l-a)I lr,:~'(E) dE. 

( !! ) 
(4) 

r- Tate and Smith, Reference 3, have measured this quantity for a numbe1· 
cf gases. Their data for CO will be used. 
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By combinin~ (3) and (4), and using (2), we obtain 

a 

i li!,P(E} 

---dE 
EI/2 

SI= 9.53 M 112 --- E1 112 

1 _:__ a 
------- 1111. 

Let 11s dC>fine a quantity 

We then find 

B,tn = 

,.., ,~' j P(BJ rlf: 
J 

---- ---i z;;, P(B) 
- - - rlE 

FJl!1 

a 
SI - 9.53 M 112 -- -

1- ('I 

( E 1 )
112 

- l,q• 
E:, 

(5) 

(6) 

E 1 is, m a sense, a "mean" potential at which ions are formed. Since 
P(E) appears in both numerator and denominator of (5), Ei is inde­
pendent of the gas density. The experimental values of P(E) published 
by Tate and Smith are i;hown for CO in Figure 2. The data refer to 
a gas density corresponding to a pressu1·e of one millimeter and a 
temperature of zero Centigrade. E 1 was co•nputed from these data and 
is plotted as a function of E'.!. in Figure 3. 

THE FLUCTUATIONS 

It is illuminating to express the plate current fluctuations in terms 
of the temperature-limited diode current which exhibits equal fluctua­
tions. In a diode current J the fluctuations are expressed6 by 

"'i'.:°=2eJt:,.f. 

Since the ion current Pxhibits random fluctuations they can be 
described in the same way. 

We have observed that. a given velocity class of ions produces an 
increment in electrnn current proportional to the ion current within 
the class and depending on the velocity of the ions [see Equation (2) ]. 

---
6 See Part II, p. 450: April ( 1940). 
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The ion current within each velocity class will fluctuate at random. 
The inerement in electron current c,,used by each class will fluctuate 
by a proportional amount. Therefore, we may represent that portion 
of the plate-current fluctuations <lue to ion effects by a tcmperatui•e• 
limited diode current J1 as follows: 

It., 

l:C 

P(C) 

-1 
.~-----±cc------cc200,,------,3~0""0 _____ 4"'"'0""0------,5~00 

[ - VOLTS 

F:g. 2-Average number of CO I- iom; forml'd by each clt'clron or energy E 
for each ccnt1mctcr of its path in carbon monoxide at one millimeter 

prcssmc, zero degrees Centigrade. Data from Tate and Smith. 

1. 1,;, 

.T1 = al N 2(B) P(B)d.r 

I 

By combining (3) an<l (7) and defining a quantity, 

1.n. l'(B)db' 
) 

E,=1.E· . P(E) 
---d.E 

E 

(7) 

(8) 
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\\ e find 
a 

,f I =- 90.8 llf ---
1-a 

( E ) - : l,Q. 
E 

' 

(9) 

[i) iH, in a11uther sense, a "mean" potential at \\hil'h ions are formed. 
It is al<;o plotted in Figure 3 for CO. 

Formally, this simplified analysis of high-,, structures is now com­
pll'll', and can be te,-ted by inserting a comparator diode across the 

Vl 
f _, 
0 

"" 
" (J 

w~ 

I( 7- r? 

0 

j ,, 
P(r) dE 

~1'-l, -
_':(r\ dE 

0 I< 

100 

I', Cc! Jr fc, 
' !' f'(E) d[ 

' E 

?00 300 40 0 
ANODE f'OIE NTIAL E,-vous 

1' ii;. 3-Efft·cti;,e pute11tial<:1 of ion formation in carbon monoxide, as a 
function of anode potential. 

plate circuit and dt'lermining J 1 experimentally. Tlw quantities appear­
ing on the right hand 1-,ide of (9) can all be determined to a fair 
approximation. E 1 cannot be me.tsured dirC'ctly, hut, in view of the 
three-halves-po\\ e1· law, can be expressed in terms of current and trans­
conductance by 

3 I 
Ei=---

2 Um 

EXTI<.:NSION OF ANALYSIS TO STRUCTURES WITH FINITE JL 

(10) 

The space-charge-free electrical equivalent of a three-electrode tube 
structure is a combination of three capacitances which may, with equal 
generality, be represented in either delta or star connection. The delta 
concept is commonly employed in tube engineering because the capaci-
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tances so defined (Maxwell's coefficients of induction) are easily meas­
ured and blend without struggle into networks attached to the tube. 
But for all problems relating to the distribution of the images of a 
charge moving through the structure, the star connection is far 
superior7• In Figure 4 the central connection A is not accessible, but 
plays an important role in that its potential corresponds to the "equiva­
lent-diode potential". When a tube approximates the ideal parallel­
plane structure, the capacitances (per unit area) are closely approxi­
mated by the following simple expressions: 

i 1 
C,,=-·-, Gp=--, C9 =1,.CP ( 11) 

41rd1 41rd2 

Adaptation of these expressions to simple structures without plane 
symmetry is functionally obvious. 

A charge e in transit may now be regarded as moving, first, through 
a space (C,J bounded by the cathode and a hypothetic·•l "permeable 
membrane" at A, then through a similar grid-anode space (Gp). Its 
images (q) in the three electrodes can therefore be written with ease. 
For the parallel-plane structure they are 

q,, (µ. + 1) (d1 - x)+ d2 d1+d2-X 
-

e (ft+ l)d1 + d2 (it+ l)d1 + cl2 

q,, µx d1 cl1 + d2 - ;r 
- µ.- (12) 

e (µ. + 1) d1 + d2 d2 (jL + l)d1 + d:! 

d1 
qp X µ.--(x-d 1)-f-x 

- - d2 
e (JL + l)d1 + d2 

(/L + l)di + d2 

0 ~ X ~ cl1 di~ x ~ d2 

With these formulas, the extension of the simple ionization analysis 
is readily accomplished. To express the end-formulas concisely, we 
need a few additional parameters which are defined as follows: 

;- See, e.g., F. B. Llewellyn, "Operation of Ultl'a-High-Frequency Vacuum 
Tubes", B.S.T.J., Vol. 14, p. 659; October (1936). 



FLUCTUATIONS IN SPACE-CHARGE CURRENTS 153 

GRID 
t 

CATHODE 
: Cg ---.1...--- ANODE: 

--- .... ---
c~ : Cp 
I • I I • 

___ ..,: t------L---~ L_ __ _ .: : i : : 
--d,-...l--d2 

Fig·. 4-Electrostatic representation of a triode. 

T" grid-anode electron transit time 
h =--=--------

T1 cathode-grid electron transit time 

µ. 
u=-----------------

4 d,, 1 
1 + /L +---(1 + h)--h2 (G + 4h + h2 ) 

3 d1 3 

Um transconductance~ 

g conductance of equivalent diode 

A=-----------------
4 d., 1 

1 + ,, +---(1 + h)--h2 (6 + 4h + h2 ) 

3 d 1 3 

4 
/3=------

3 a .. 
l+µ.+2--

d1 

(13) 

We shall also use the following dimensionless functions, which are 
plotted in Figure 5 for CO; 

8 Cf. Part II, p. 46'9. 
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Fig. 5-Funchons G, H, K evaluated for carbon mono"\.1de 
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In these terms, the number of electrons released from the cathode 
for each ion which originates at Rome point of potential E in the grid­
anode space, and ends its carrt r at the grid, iR 

N,,(E)= 9.53 Jl[I/! ( Ei )
112 

• >..(J ( E ) ( 3 - 2 ~ ) . (15) 
E E~ k~ 

I1nt, if the ion !JOcs tl11011gh to the cathode, the total number is 

( J,' )'/2 [ ( Ji' ) ( I' )] N,,(EJ.= 9.5311[ 1/ 2 ;/ • ).._ 1 + /1 i~ :i - 2 /~~; . ( J (i) 

S11pe1·s('(]i11g (li), !he increment in electron ctirr0nt bc-comes 

( 
J,' )1/2 [ /3 ] ol = 9.53 M1l 2 _a_ _'_'_ 1,0 · ,\2 1 + - G . 

1-" E 1 a 
(17) 

S11p<•rH<'<li11g (9), the plat0-cmTent fluctuations are given by 

J 1 == 90.8 M ___ ,r___ ~: I,,, · ,\2 1 + 2Pll + - K ( 
[<' )112 [ (32 ] 

. (18) 
1 - tt k,, a 

Supcn,l•ding (10), E 1 iH now to be computed from 

3 I 
E 1 =u•--. 

2 Um 
(19) 

In general, the extended formula indicates a several-fold increase 
in J 1 over that derived in (9). The reason is that, although the elec­
trical shielding action of the grid may be great, the ions spend most 
of their lives approaching the grid and but very little of their lives 
(if any) in the cathode-grid region. 

The extension of this analysis to multi-collector structures is 
straightforward, following the pattern of Part III. But so little material 
of additional value accrues that it does not invite elaboration. 

The experimental work ae-scribed below is a direct test of (18). 
However, in making an advance rough estimate of the fluctuations, the 
rather large number of unsubstantiated premises and approximations 
which enter into the calculations probably does not justify all of the 
refinement. For such a purpose it is accurate enoqgh to assume that 
A, {J, u, G, H, and K all have the value unity, and that « = 0.9. We 
then have, for CO gas, 
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I 
11 ~ 1.4 X 105 --1,0 • (20) 

UmEa 
Reference to Figure 3 suggests that 70 volts is a representative figure 
for E,. If, in addition, we suppose I to be about 5 milJiamperes, and 
g,,, about 2,000 microhmos, 

J1 = 5 X 103/;0 • 

From the treatment of the gas-free space-charge-limited triode in 
Part II, we know that the normal shot effect in such tubes can be 
expressed in terms of a temperature-limited-diode current J0 : 

J 0 =I'21 (21) 
where9 

1.29 UmV• r2,,,,, ___ _ 
(22) 

CT I 
lcT 

and V0 = -- , 7' being cathode absolute temperature, k Boltzmann's 
e 

constant. In typical tubes, r 2 is about 0.05. For the representative 
tube under consideration the ratio of mean square ion-eli:.:ited fluctua­
tions to the ion-free space-charge-reduced shot fluctuations is 

J1 l;g - ~ 105 - = 2 X 107 1,0 • 

Jo I 
If the ion noise is to be kept below, say, twenty per cent of the normal 
shot effect, the grid gas-current should not rise above one hundredth 
microampere. So low a figure suggests a basic reason for the poor 
experimental agreement amongst studies of space-charge-limited shot 
effect before the advent of modern getters. Even today it represents 
a severe manufacturing tolerance. It should be pointed out again that, 
for a constant gas-current, ion noise decreases at higher frequencies. 
The expectation that large ion-transit-angles will reduce the theoretical 
value of J 1 has already been col}firmed by a few rough comparative 
measures of J 1 at one and ten megacycles. 

Ion-free noise in multi-collector tubes runs higher than in triodes10• 

The mean-square plate fluctuations in receiving-type pentodes run two 
to four times greater than the figure for triodes expressed by (21). 
For pentodes, then, the threshold gas currents are proportionately 
larger. 

MEASUREMENT 

The standard RCA-56 structure was used. This is a cylindrical 
mount having a 0.050-inch cathode, a 0.255-inch anode, and an oval 

o Part II, p. 470, Eq. (43b). 
1o See Part III, pp. 244-260; October ( 1940). 
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grid with a minor diameter of 0.095 inch and a major diameter 
(between side rods) of 0.170 inch. It was anticipated that this struc­
t.ure, representative of many in common use, would correspond closely 
enough to that of the para1lel plane model to permit comparisons, par­
ticularly since the bulk of the current is concentrated in a sector in 
the vicinity of the minor grid diameter, and d1 and d2 can, therefore, 
be estimated with confidence despite grid e1lipticity. The structural 
parameters, (13), were then assigned the following approximate values 
on the basis of design. data: 

a= 0.88, /3 = 0.81, a= 0.72, ,\ = 1.16. 

The last two, although functions of the transit-time ratio k, are vir­
tually constant over the range of operation, and were computed for 
h=o. 

Noise was measured with the equipment described in Part II at a 
( 

frequency of about one megacycle, over a band of about ten kilocycles. 
Original plans called for use of a comparator diode, but it was found 
difficult to maintain sufficiently high impedance in diodes carrying 
saturated currents in the order of ten milliamperes. The current fluc­
tuations in such cases are believed to obey the standard formula for 
true shot effect. But in the presence of the strong fields necessary to 
produce saturation the emission becomes field-sensitive (Schottky 
effe"Ct), so that accurate work demands recognition of the finite con­
tribution 01 the diode to the total circuit impedance. We found it Jess 
awkward, therefore, to use the signal substitution method, also described 
in Pm-t II. 

Into some . of the tubes CO was introduced by heating calcium 
oxalate in a side arm; Ca(C00)2 • CaO +CO+ CO2• A liquid air 
trap removed the CO2 • After being flushed with about 2 centimeters of 
gas, the tubes were sealed off at a pressure of about 5 microns. Gas 
currents, read directly after sealing off, were always several micro­
amperes. All such tubes showed a tendency to "clean up" during opera­
tion, but the rate was not sufficient to interfere with measurement. 
Indeed, the effect could be reversed by overheating the cathode or the 
plate a small ·amount, a welcome phenomenon for studies of perform­
ance versus gas density. 

Into the other tubes studied no gas was introduced. But, after 
sealing off, high-frequency heating was applied until the gas current 
rose to the desire.d value. Gas so evolved was presumably representa­
tive of the residual gas in commercial tubes. 

Exact interpretation of the data requires a measure of the normal 
space-charge-limited fluctuations which exist in the absence of gas. To 
this end both groups of tubes were provided with getters which, at the 
end of the ionization· studies, could be relied upon to clean up the gas. 
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Measurement of the residuP.l fluctuations agreed well enough· with the 
theoretical expectation (21) on the two occasions in which this pro­
cedure was followed, so that, for the rest, the measurement was not 
considered necessary. 

In every respect the performance of the tubes with evolved gas 
coincided with that of the tubes into which CO had been introduced. 
This tends to confirm the findings of many gas analyses that CO is a 
chief constituent of residual gas. There is, however, the possible alter­
native, that the constituents of' the evolved gas had such an average 
molecular weight and ionization probability11 as to simulate CO. The 
question was not pursued. 
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Fig. 6-Measured values of ionization noise versm:, 
ion current to the grid of a triode containin~ 

carbon monoxide 

Juggling the gas content, as described above, yielded the data of 
Figure 6, demonstrating that ion-provoked noise is proportional to gas 
current, as one would expect. In this instance, gas was released by 
raising the cathode temperature in steps from an estimated 980°K to 
1180°K, meanwhile holding anode potential at 250 volts, and maintain­
ing a constant cathode current of 8 milliamperes by means of minor 
adjustments of the grid bias. 

Figures 7 and 8 illustrate a representative set of observations of 
the kind used to test the analysis. This tube contained evolved gaa. 
The anode potential was fixed at 250 volts. Cathode current was varied 
from 0.5 to 9.0 milliamperes by running the grid bias up from -17 to 

11 E.g., Any mixture of CO, N., NO, and Oa; cf. Tate and Smith, loc. cit. 
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-10 volts. Grid current, transconductance, and noise were measured 
simultaneously12• The experimental values of J 0 were obtained after 
the run by flashing a getter. Failure to obtain a closer fit to the theo­
retical curve for J,, may be due largl'ly to incomplete gettering; the 
residual gas current amounted to 0.009 microamperc for the largest 
cathode current. Plotted value,; of ,/ 1 are measured noise corrected by 
subtraction of the theoretieal J 0 • From (17), the largest fractional 
increment in ion-free cathode current was estimated to be 5 per cent, 
corresponding to a H of 420 microamperes for an / of 9.0 milliamperes. 
It, therefore, appears justifiable to ignore the influence of the ions upon 
transconductance, space potential, etc. 
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Measured mean-square noise always exceeded prediction in the 
manner typified by Figure 8. The most reliable comparison of theory 
and measurement is made for large J 1, where the measuring sensitivity 
was best, experimental error least likely, and the importance of the 
correction J 0 negligible. For the lowest point, the ratio of observed to 
calculated J 1 is 2.5; for the highest, 1.2. In consideration of the many 
obvious analytical departures from reality, the fit along the upper, 
most accurate part of the curve is considered a rather good agreement. 

It should particularly be noticed that the expression for J1 depends 
greatly upon the ratio d2/d1• In actuality, the virtual cathode in close-

12 It is certain that the gas density was not constant, but increased with 
current. Precise information on this point was not essential and was not 
sought. However, by putting the analysis into reverse, one can estimate 
from (4) that the .gas pressure (O°C) rose from about 0.2 to about 0.7 
micron. 
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spaced tubes may be so positioned that the proper d1 differs signifi­
cantly from the cathode-grid spacing. A corredion of this sort would 
further improve the agreement. Whi!e provisions for this, as well as 
for other refinements., could he arranged, they appear hardly justified 
at present. 

CONCLUSIONS 

We have attempted to provide a sound quantitative understanding 
of the basic fluctuation phenomena in conventional vacuum tubes con-
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Fig. 8--Fluctuations (J,) in the anode current of the 
triode of Figure 7 containing evolved gas1 corrected 
by subtraction of the residual fluctuations (J.) mea­
sured after flashing a getter. Curves calculateil 

from theory. 

taining small amounts of gas. We conclude that it is proper, at least 
for coated-cathode types, to regard CO as a representative gas for this 
purpose, and that it is possible hereby to predict the noise performance 
of such tubes in terms of structural constants, normal electrical char­
acteristics, and the control-grid gas current. Both calculation and 
measurement suggest that the ionization component of noise may gen­
erally be ignored when the grid gas-current is less than a few hun-
dredths of a microampere. · 
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PART V-FLUCTUATIONS IN VACUUM TUBE 
AMPLIFIERS AND INPUT SYSTEMS 

BY 
W. A. HARRIS 

Summary-The detwrmination of fluctuation-noise magnitudes in amp1Ji­
fie1·s ca,n be accomplished by compa,ring the amplifier circuits with equivalent 
circuits including noise generators which simulate the fiuctuat,:On-noise 
sources. Noise-equivalent resistance or noise-equivalent conductance values 
based on thermal-agitation formulas may be used to represent the voltage­
squared or current-squared outputs of these generators. Jr,: this PART V 
applications of the "noise generator" method of analysis to various systems 
using vacuum-tube amplifiers are illustrated. Formulas, based on the 
theoretical analyses of the vreceding Parts, are given for noise-equivalent 
resistance values applicable to space-charged-limited vacuum tubes. These 
formulas are arranged for use with published tube data. A table of noise­
equivalent resistance values for a number of tube types is included. Formu­
las for the noise-equivalent conductance values applicable to photo tubes 
and television camera pick-up tubes are given. 

It is shown that noise picked up by the antenna of a radio receiver 
can be rep1·esented by a noise-equivalent resistance proportional to (but 
in general, not equal to) the antenna-radiation resistance. 

The effect of feedback on signal-to-noise ratio is discussed. Even when 
thB feedback does not affect the signal-to-noise ratio to a serious degree, 
the possibility of the presence of feedback must be taken into account before 
inferences are drawn from experimental data as to the relative impor­
tance of noise sources. 

INTRODUCTION 

KN THE preceding Parts of this series it is shown that there is a 
definite, predictable fluctuation in the plate current of a space­
charge-limited vaeuum tube; detailed theoretical studies are pre­

sented and formulas, verified by experimental work, are given to permit 
the calculation of fluctuation magnitudes and the prediction of the 
results of changes in tube parameters and operating conditions. The 
present section is written with the object of illustrating the application 
of the results and formulas of the preceding sections in the design of 
vacuum-tube amplifier systems and in the prediction and explanation 
of their performance. 

The method of presentation foil owed v,vill be based on the discussion 
of examples and problems of types encountered in design work. In 
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most cases the fluctuation phenomena are of interest because they pro­
duce noise, so the term •·noise" will usually be used instead of the 
expression "fluctuation phenomena." Formulas for tube noise, based 
on those given in the preceding Parts, will be presented in simplified 
forms with, at times, .some sacrifice in accuracy. This does not detract 
in any way from the importance of the more rigorous forms of the 
equations. It is our knowledge of the soundness of the underlying 
theory which gives us confidence in the approximate formulas, within 
their limitations, and when discrepancies and doubts do arise we can 
turn to the complete forms to find out whether the difficulties are due 
to the approximations made or to some other cause. Reference to the 
historical summary given in Part I should be sufficient to suggest the 
result of the absence of detailed analytical studies in the past. 

Tube noise is one of three major components of the fluctuation noise 
in an amplifier system, the others being thermal-agitation noise in the 
input circuit and noise entering the system with the input signal. The 
grid of the first tube in an amplifier system is a convenient reference 
point for comparing the effects of noise from these sources and for 
comparing the resulting total noise level with the signal level at which 
the system is designed to operate. 

EQUIVALENT CIRCUITS AND NOISE GENERATORS 

In the consideration of an amplifier system, we want to be able to 
identify sources of fluctuation noise and to evaluate the contributions 
from these sources without concerning ourselves each time with such 
details as the mechanism by which the shot-effect fluctuations in the 
emission of electrons from the cathode of a tube are related to fluctua­
tions in the plate current. One method of avoiding these details is to 
treat an amplifier as if all the fluctuation noise comes from "noise 
generators" connected at appropriate points in the circuit. These 
"noise generators" may have the noise-producing properties of resistors 
or of temperature-limited diodes. The equations describing these 
properties are the shot-effect and thermal-agitation formulas discussed 
in the preceding Parts.1 

The mean-square fluctuation current "i'1 from a temperature-limited 
d.iode, measured in a frequency band t::.f, is given by the equation: 

if°=2elt::./ 
where e is the electronic charge, 1.59 X 10-18 coulomb, and I is the 
diode current. Consequently, 

if= 8.18 X 10-19 I t::,.f 

1 Part II, pp. 450, 460-471, April (1940) RCA Review; Part III, pp. 
245-255, Oct, (1940) RCA Review. See also Part I, p, 272 and references, 
Jan. (1940) ROA Review. 
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when I and ·i are expressed in amperes and 6/ is expressed in cycles 
per second. We can describe a constant-current noise generator pro­
ducing an output of 3.18 X 10-10 current-squared units per kilocycle of 
bandwidth by stating that "the noise-equivalent diode current of the 
generator is one milliampere". We retain the current-squared unit 
because the noise power output of a system including a noise generator 
of this type is proportional io the mean-square current output of the 
generator and noise power outputs are quantities which can be added 
directly. Two noise generators connected in parallel, each having a 
noise-equivalent-diode-current rating of one milliampere, would pro­
duce the same results as a single generator with a noise-equivalent­
diode-current rating of two milliamperes. 

A short-circuited resistor produces a mean-square fluctuation cur-

rent 7i- in a frequency band 6/ in accordance with the equation: 

i~ = 4kTg6f 

where g is the conductance of the resistor, or the reciprocal of its 
resistance; k 1 is Boltzmann's constant, 1.372 X 10-23 joule per degree; 
and Tis the temperature, degrees Kelvin. We can compare the mean­
square current output of one of our noise generators with that of a 
short-circuited resistor at a given temperature; for a temperature of 
290° K the mean-square current from a resistor with conductance g is 

£i = 1.59 X 10-20g 6/ 

The temperature 290° K is near enough to "room temperature" for 
practical purposes, so the relation between the "room-temperature" 
noise-equivalent-conductance rating and the noise-equivalent-diode­
current rating of a constant-current noise generator can be written2 

Ueq = 20 lcq 

The sytnbols Ueq and Icq will be"Used for' noise-equivalent conductance" 
and "noise-equivalent diode-curr1:nt", respectively. The constant­
current noise\ generator referred to above Ucq = 1 milliampere) would 
have a noise-equivalent conductance of 20 milliamperes per volt, or 
20,000 micro~hos. 

The mean-square thermal-agitation voltage 'eJ across the terminals 
of a resisto.r in a frequency band 6{ is 

e2=4kTR6f 
or, for a te~perature of 290° K 

e" = 1.59 X 10-20Rt::.f 

2 It is of little consequence whether we say that the coefficient 20 is 
obtained by usinir 29o•K for room ~mperatqre, or that it is obtained by 
rounding the ·coefficient obtained for ,ome other assumed tempera tu~. The 
coefficient is actually 6800/T, so "room tem~eratures" of 300°, 294°, and 290° 
give coefficients 19.8, 19.7, and 20.0, res~tively. The corresponding Fahren­
heit temperatures are·.81 •, '10d, and 68°; 
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The choice of a "noise-equivalent resistance" value to represent the 
output of a constant-voltage noise generator is made for the same 
reasons as those given above. The srmbol Rcq will be used for "noise­
equivalent resistance" in this Part3• A constant-voltage noise gen­
erator with a noise-equivalent resistance of 100,000 ohms produces a 
fluctuation-noise output of 1.59 X 10-1~ voltage-squared units per 
kilocycle of bandwidth. 

The application of the usual circuit theorems in connection with 
the noise-equivalent diode current, conductance, or resistance values 
assigned to our "noise generators" becomes evident when we remember 
that these values correspond to current-squared and voltage-squared 
outputs. Thus, a constant-voltage noise generator with a noise­
equivalent-resistance value Rcq at the grid of a tube produces the same 
result as a constant-current noise generator at the plate with a noise­
equivalent conductance value Ucq when 

Ycq(plate)= Ym2 Rcq(grid) 
The symbol g,,. is the tube transconductance. 

Since the numerical value of the noise-equivalent diode current is 
one-twentieth of the value of the noise-equivalent conductance, we 
have 

and by definition4 

l 6q(plate)= T2li 
where r 2 is the shot-effect reduction factor for the tube. r 2 is the factor 
determined from theoretical considerations in Parts II and III. 

A constant-current noise generator Ycq in parallel with an admit­
tance Y is equivalent to a constant-voltage noise generator 

Oeq 
Req=--

IYl2 
in series with an impedance 1/Y in any frequency band 6! small 
enough so that Y can be considered constant in that band; and con­
versely, a constant-voltage noise generator Rcq in series with an imped­
ance Z is equivalent to a constant-current noise generator 

Req 
Ocq=--

. 1z12 
in parallel with an admittance 1/Z in any frequency band 6! small 
enough so that Z can be considered constant in that band. 

The diagrams of Figure 1 illustrate the uae of "noise generators". 

a The symbol Rerr and the name "effective resistance" used in Parts II 
and III in connection with tube noise are ambiguous when applied to circuit 
noise. The effective resistance of a circuit may be an entirely different 
quantity than the noise-equivalent resistance applicable to the circuit. 

'Part II, Summary, p. 441; Apr. (1940) RCA Review. 
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The first diagram (Figure 1-a) represents an amplifier system con­
sisting of an input circuit, the first vacuum tube, an amplifier includ­
ing the output circuit of the first tube and additional stages, and an 
output system which might include a loudspeaker or a television screen, 
or alternatively a load circuit and a power-output meter. Noise in the 
output system is due to the combined effect of fluctuation voltages 
from tubes, input-circuit thermal agitation, and noise from external 
sources; the major part of the tube noise is due to reduced shot-effect 
fluctuations in the plate current of the first tube, as discusssed in Parts 
II and III. When the gain of the first stage is low, it may be necessary 
to take into account the noise introduced by the interstage coupling 
.circuit and by the second tube. 

Figure 1-b indicates the substitution of a noise-free tube and a 
constant-current noise generator .for the tube of Figure 1-a. The 
"generator" can have the characteristics of a temperature-limited 
diode; then we can determine the noise-equivalent diode current, which 
is the product of the plate current and the shot-effect reduction factor 
1'2, as determined by such equations as (43-a), Part II, and assign this 
current to the noise generator. The fluctuation-noise output from the 
"diode" noise generator is similar in both frequency-distribution and 
amplitude-distribution characteristics to the fluctuation-noise output 
of the actual tube. Thus, we can obtain the same noise-power output 
and ... at the same time produce _noise which "sounds" the same as the 
noise from the original tube by this substitution. We deecribe the 
generator by stating that it has the characteristics of a temperature­
limited diode which introduces the same current fluctuations into the 
circuit as did the original tube. The use of a noise generator of this 
type in our hypothetical equivalent circuit is directly comparable to 
the use of a "comparator diode" for the measurement of tube noise.5 

It· is also feasible to represent the plate-current fluctuations as if 
they were derived from thermal-agitation in a resistor. Since we want 
a "constant-current" (i.e. infinite-impedance) generator we cannot 
draw a noise-producing resistor as part of the circuit, but we can 
assign the appropriate noise-equivalent-conductance value to the noise 
generator of Figure 1-b. If we must draw a resistor we can draw a 
noise-free negative resistance of equ~ magnitude in parallel with it. 

The third diagram (Figure 1-c) is a more useful representation 
for many purposes, since it shows tube noise introduced by a noise 
generator at the grid of the tube. 8 This noise generator can be rep­
resented as having the noise-equivalent-resistance value R11, and other 
noise can be represented as coming from a second noise generator 

I Part n, pp. 108-110, Aug. (1940) RCA Review. 
• Part II, p. 471, July (1940) RCA Rctlliew. 
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having the noise-equivalent-resistance value R1,; then it is correct to 
say that the total noise from these two sources corresponds to the 
noise-equivalent-resistance value (R,. +Rh). The ideal tube substituted 
in this case should have infinite input impedance so the voltages sup­
plied by the noise generators will not be short-circuited or reduced. 
The impedance of the real tube can be considered as part of the input 
circuit. 

The circuit of Figure 1-d may represent conditions in an actual 
amplifier more accurately. The noise generators are assumed to pro­
duce noise distributed in accordance with the thermal-agitation law, 
in a uniform manner at all frequencies, but the frequency distribution 
of noise in various parts of the system is controlled by selectivity 
factors. The filter shown between the two noise generators Rb and Ra 
in Figure 1-d is assumed to have a selectivity characteristic corre­
sponding to that of the input circuit of Figure 1-a. If we assume that 
Ra and Rb are approximately equal, that the amplifier passes a fre­
quency band of width 8 kc and the filter passes a band of width only 
4 kc, the output noise will contain contributions from both generators 
(i.e. tube and circuit) in the 4-kc band, but noise from Rn only (tube) 
in the range between the limits of the 4-kc band and those of the 8-kc 
band. The noise would sound differently than the same total noise 
power in either the 4-kc or the 8-kc band. 

When the object of drawing or considering an equivalent circuit is 
to facilitate the computation of noise-power output or signal-to-noise 
ratio, the question of the exact frequency distribution of the noise may 
be of little consequence. Then the circuit of Figure 1-e would be pre­
ferred to 1-d, since direct addition of the noise-equivalent-resistance 
values for the noise generators is possible in Figure 1-e. Ra,' (Figure 
1-e) is made enough greater than Ra, to compensate for the effect of 
the filter; consequently, it does not represent the tube noise directly. 
The noise generators in Figures 1-e, 1-d, and 1-e become identical when 
the effect of the filter is negligible ("broad" input circuit, "sharp" 
amplifier) • 

Noise from the second tube and the coupling circuit can be taken 
into account by the addition of another "generator", R0 (Figure 1-f). 
Since the noise-equivalent resistance represents the mean-square volt­
age produced by the noise generator, a factor equal to the square of 
the stage gain is used to refer the noise-equivalent-resistance value 
for a noise generator at the second grid, to the first grid. The method 
indicated can be extended to any number of stages, but it is not likely 
that tubes beyond the second will make an appreciable contribution 
to the total noise. In Figure 1-f, Ra, and R.,, represent noise-equivalent­
resistance values for the ftrst tube and the input circuit; R0 can be 
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describ'ed as representing the noise-equivalent-resistance value for the 
additional (second tube and circuit) amplifier noise, referred to the 
grid of the first tube. The total nohie-cquivalent resistance (excluding 
noise which might be introduced from external i;ourccs) is 

(a) 

] 
(b) 

NOISE­
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CIRCUIT 
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l 
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Fig. 1 

The noise generators introduced in Figures 1-b to 1-f have an 
important property in common with the noise sources which they 
replace, in that they produce noise distributed in a uniform manner 
over a wide frequency band. However, there are some cases in which 
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we prefer to consider constant-frequency generators equivalent to the 
others in the sense that they cause the same output-meter dt-flection 
as the original noise sources of the r.mplifier. In such cases, we can 
use the equivalent circuit shown in Figure 1-g, and assume the sub­
stitution of an amplitier with a rectangular band-pass characteristic 
of bandwidth t::,f and a noise-equivalent voltage generator operating 
at a frequency inside this passl'd band. The bandwidth t::,f must be 
determined from the frequency characteristic of the amplifier in such 
a manner as to satisfy the relation 

y c2 = V 4kTR,qt::,./ 

or, t::,.f=el/4kTR,q 

The quantity t::,f will be referred to as the effective bandwidth of the 
amplifier. 

In these equations v1f is the rms voltage of the new generator 
and Rea is the total noise-equivalent resistance used in the previously 
discussed method of representation. When room-temperature noise­
equivalent-resistance values are considered, the equations become 

or, 

W = 1.3 X 10-10 ~ 
t::,f = 0.6 X 1020& / R,,q 

(1) 

If we want to assume separate generators corresponding to the 
separate noise sources, we must also assume that each operates at a 
different frequency inside the passed band so that their contributions 
to the power output will be added in the proper manner. Generally, 
it is easier to determine the noise-equivalent-resistance values first, 
add them, and obtain the noise-equivalent voltage from this result. 

The effective bandwidth of an amplifier can be determined from a 
curve of power output against frequency by dividing the area under 
that curve by the ordinate corresponding to the chosen "noise-equiva­
lent-voltage" frequency. When a curve of output voltage against fre­
quency is available, the same result is obtained by using the squares 
of the ordinates of that curve. An approximate value obtained by meas­
uring the frequency difference between the half-maximum ordinates 
of the curve of power output against frequency or between the cor­
responding (0.707 maximum) ordinates on the curve of power output 
against voltage can be used in many cases. An effective-bandwidth 
determination is referred to in the description of the amplifier used 
for measurements, Part II.1 

The effective bandwidth determined for fluctuation-noise computa-

, Part II, p. 108, July (1940) RCA Rewew. 
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tions is generally considerably leRs than the bandwidth which repre­
sents the "frequency range" of an amplifier. This difference can be 
illustrated by a comparison of two amplifiers, one "cutting off" sharply 
at, say, 3000 cycles and the second giving some attenuation at 3000 
cycles, but some response at 6000 cycles. The two amplifiers will not 
sound alike, although they may produce the same noise-power outputs 
when they are connected to similar input systems. 

APPLICATION TO RADIO RECEIVERS 

The generality of the method of anlysis discussed is illustrated 
by considering its application to a radio receiver of the superhetero­
dyne type. In a receiver the output system passes a band of frequencies 
from possibly 100 to 5000 cycles. To represent a superheterodyne 
receiver the amplifier shown as a block in Figures 1-a to 1-g must 
include a frequency-conversion stage for converting the signal to the 
intermediate frequency and a detector for producing the audio­
frequency output. The detector makes noise analysis quite troublesome 
when we try to predict the noise-power output in the absence of any 
signal, but this is not an important condition. When a signal is being 
received the "carrier" component of the signal establishes the receiver 
gain because it determines the detector sensitivity, and the amount of 
ave voltage developed. With a given carrier voltage, the audio-frequency 
voltage output is proportional to the sideband amplitudes, and the 
ratio between output and sideband amplitude is substantially constant 
so long as the modulation does not exceed 100 per cent and the audio 
system is not overloaded. The sidebands do not have to be those 
produced by modulation of the signal at its source. If we introduce 
a second signal differing by an audio frequency from the carrier 
we observe that the output is proportional to the amplitude of the 
second sign~l when this amplitude is not too great. MoreoV'er, when 
the carrier is present we can introduce a second signal differing by an 
audio frequency from the intermediate frequency, into the i-f amplifier 
and obtain a similar result. The noise generators in Figures 1-a to 
1-g produce signals corresponding to the "second signal" referred to, 
so the receiver functions as a linear amplifier with respect to the noise 
when a carrier is present. 

The signal-to-noise ratio in a radio receiver depends on the rela­
tion between the sidebands of the received signal and the outputs of 
the noise generators. Consequently, when we decide to turn from 
consideration of noise-equivalent resistances to noise-equivalent volt­
ages (as in Figure 1-g) it is proper to refer to the noise-equivalent rms 
voltage as the "equivalent-noise sideband input." This expression is 
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generally abbreviated to "ensi" when it is used in receiver-measure­
ment discussi-Ons. In a double-side-band system the effective band­
width to be used in making the conversion from noise-equivalent 
resistance to noise-equivalent voltage (ensi) is twice the effective 
audio-frequency bandwidth. The effective audio-frequency bandwidth 
can be obtained from a curve of power output against modulation fre­
quency by dividing the area under the curve by the ordinate chosen 
to correspond to the noise-generator frequency. In this case the actual 
noise-generator frequency is the carrier frequency plus or minus the 
chosen audio-frequency value. 

NOISE FORMULAS 

Use of the method of analysis described in the preceding sections 
depends on assignment of noise-equivalent-resistance and noise-equiva­
lent-conductance values to the "noise generators" shown in the dia­
grams. The following equations are recommended for this purpose: 

For triode amplifiers 
2.5 

Req=-­
Um 

For pentode amplifiers 

1,, ( 2.5 20101 ) 
Rea=---- --+--

1,, + 1c2 g,,. Um2 

For triode mixers 
4 

R•a=--
Uc 

2.5gm 
or, 

For pentode mixers 

1,, ( 4 20102) 
Rea=---- --+--

1,, + 1c2 Uo ul 

or, 
I,, ( 2.5i; 20102) 

Rea=---- ----+--
1,, + 102 Uc2 U.2 

For multigrid converters and mixers 

1,,(1,,- 1,,) 
B,a=20----

1,,g,,S 

(2) 

{S) 

(4) 

(4a) 

(5) 

(5a) 

(6) 
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The following approximate relations for triode and pentode mixers 
are useful when the data l'L'quired for Equations ( 4) and (5) are not 
available. The values "as amplifier" refer to conditions at the peak of 
the assumed oscillator cycle. 

!le (as converter)= Jg,,, (as amplifier) 

lb (as converter)= .}/1, (as amplifier) 

1r2 (as converter)-= i/, i (a-; amplifier) 

Rcq (as convcrtcr)=4R"1 (as amplifier) 

(7) 
(8) 

(9) 

(10) 

Equation (10) a1J1iliPs to pcntod" ·mixers only. For triode mixers, 
use Equations (7) and (t.1) to obtain R,q• 

The noise from phototubcs and television l'amera J>iek-up tubes 
operating without internal (ga;; or :;eeondary-embsion) current ampli­
fication can be represented by eonstant-current noi;;e gcuerators with 
outputs corresponding to noise-equivalent conduetances as follows: 

Ycq = 201 (11) 

The equation for a similar device with an internal cmrent-ampli­
fication factor N (to a first approximation) is 

Yeq = 20Nl (12) 

Conversion from noise-equivalent resistance to noisl•-equivalcnt rms 
voltage is effected by use of Equation (l) : 

y;Ji = 1.3 X IO-IO V Req6./ (1) 

Conversion from noise-equivalent conductance to noise-equivalent 
rms current is 'effected by use of the corresponding equation: 

v~ = 1.3 X 10-10 V Uea6.f (1-a) 

The relation between noise-equivalent conductance and noise­
equivalent diode current is 

leq = 0.05 Uea (13) 

Most of the symbols used in these equations have been defined or 
have conventional significance. The definitions are: 

R6q, noise-equivalent resistance 
Uaq, noise-equivalent conductance 
lea, noise-equivalent diode current 
911,, grid-plate transconductance 

Uno average transconductance (frequency converters and mixers) 
Uc, conversion transconductance (frequency converters and 

mixers) 
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I b• average plate current 
lc2, average pcreen-grid current 
I a• average cathode current 

Ve'!, noise~quivalent rms voltage for bandwidth 6/ 

\/'if, noise-equivalent rms current for bandwidth 6/ 
6/, effective bandwidth 

I, Equations (11), (12), average output current 
N, Equations (11), (12), ratio of output current to photo­

emission current. 

Equations (2) to (6) are derived from the equations for fluctuation 
noise in triodes and pentodes given in Parts II and III and from 
equations for fluctuation noise in converters and mixers given by E. W. 
Herold.8 Equations (7) to (10) are approximations derivable from 
certain idealized tube characteristics. 

Equation (2) is derived from Equation (56) of Part II, 

BT 
Re,,=---

uT oflm 

In Part II it is demonstrated that the quantity 8 has a value of 
approximately % (the asymptotic value is 0.644). The quantity u 

will be near unity for triodes likely to be of interest in input-circuit 
applications. Assignment of the value 8/9 to u, 1000° K to T (for an 
oxide-coated cathode), and 300° K to T 0 gives Equation (2). The 
coefficient 2.5 is reasonably accurate over most of the expected range 
of variation for the significant quantities. Substitution of a tungsten 
filament for the oxide-coated cathode would make the use of a different 
coefficient necessary, but practically all tubes of current interest use 
oxide-coated cathodes operating at temperatures near 1000° K. 

Equation (3) is derived from Equation (13), Part III. In this 
case the original equation was first written as the sum of two terms. 
The coefficient 20 is the quotient e/2kT0 which determines the relation 
between noise-equivalent conductance and noise-equivalent diode cur­
rent. 

Equations ( 4), ( 4-a), (5), and (5-a) are developed from equations 
given by Herold.8 Equations (4) and (5) apply for approximately 
optimum oscillator voltage and (4-a) and (5-a) may be used for con­
ditions deviating considerably from optimum conditions. Herold's 
equations are given in terms of conditions at the peak of the assumed 
oscillator cycle, but the ratios between average and peak values for 

a E. W. Herold "Superheterodyne Converter System Considerations in 
Television Receivers," RCA RefJiew, Vol. IV, pp. 824-38'7, Jan. (1940). 
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currents and transconductances given in the same paper enable us to 
rewrite the equations in terms of the average quantities. As a final 
step, the coefficients for Equations (4) to (5-a) were adjusted slightly 
to make them consistent with those of Equations (2) and (8). 

Use of Equation (6) amounts to the substitution of the factor 

] 4 -Jb / 4 -r;f/Jb 
---- for the factors ----- and F2 used in Herold's equations 

la la 
for heptodes and hexodes, for outer-grid and inner-grid injection, 
respectively. The substitution gives values for R6q which are higher 
than Herold's values by as much as 30 or 40 per cent under some con­
ditions, but use of Equation (6) has an advantage over an arbitrary 
choice of F2 in that it predicts "full shot-effect" for Ii, as the limiting 
condition for high signal-grid biases. 

There is a difference in meaning for a noise-equivalent resistance 
value applicable to an amplifier and for a value applicable to a frequency 
converter or to a mixer. In either instance the noise-equivalent­
resistance value can be considered as derived from a noise-equivalent­
conductance value representing the plate-current fluctuations, but in 
the case of a converter or a mixer this derivation (division by conver­
sion transconductance squared) yields a noise-equivalent-resistance 
value which is applicable only in a frequency band which centers at 
the chosen signal frequency and which does not extend half way to 
the intermediate frequency or half way to any adjacent image fre­
quency. An equivalent circuit of the type of Figure 1-e is implied with 
a band-pass filter between the noise generator and the grid of the tube. 

Use of Equations (11) and (12) amounts to the assumption that 
photoelectric emission is subject to shot-effect fluctuations, an assump­
tion adequately justified by theory and experiment.0 Equation (12) 
neglects additional noise from the amplification mechanism. 

TUBE NOISE: TABULATED VALUES OF Req 

The data in the following table were obtained by using Equations 
(1) to (9). The noise computations for each type were made by 
using published data conditions (as noted) with the appropriate equa­
tions; the values for triode and pentode converters were obtained by 
use of Equations (7) to (9) for currents and conversion-transconduc­
tance values and Equations (4) and (5) for noise-equivalent resis­
tance. In some instances it is possible to obtain higher transcon­
ductance values by changing operating conditions, but this does not 

• V. K. Zworykin, G. A. Morton, and L. Malter, "The Secondary Emis­
sion Mult_!plier-A New Electronic Device" Proc. I. R. E., Vol. 23, No. 3, pp. 
361-375, March (1936). 



TUBE NOISE VALUES 

Voltagu CW"l·ent• Tran.eon- Noi.e-Bquivalent Reautance 
App&atiotl 2',n,e duclancc 

Plate Scrun Bitu Plate Screen Cathode Jlicromll,n Colctllated 
Volt• Volt. Volts mo mo - OAm. 

6SK7 Pentode Amplifier 250 100 -3 9.2 2.4 11.6 2,000 10,500 

6SJ7 Pentode Amplifier 250 100 -3 3 0.8 3.8 1,650 5,800 

6SG7 Pentode Amplifier 250 125 -1 11.8 4.4 16.2 4,700 3,300 

6AC7/1852 Pentode Amplifier 300 150 -2 10 2.5 12.5 9,000 720 
956 Pentode Amplifier 250 100 -3 5.5 1.8 7.3 1,800 9,400 

1T4 Pentode Amplifier 90 45 0 2.0 0.65 2.65 750 20,000 

6SA7 Frequency Converter 250 100 0 3.4 8.0 11.9 460(c) 240,000 
6K8 Frequency Converter 250 100 -3 2.5 6.0 8.5(b) 360(c) 290,000 
IRS Frequency Converter 90 45 0 0.8 1.8 2.75 250(c) 170,000 
6L7 Pentagrid Mixer 250 100 -3 2.4 7.1 9.5 375(c) 255,000 
6J5 Triode Amplifier 250 - -8 9.0 - - 2,600 960 
955 Triode Amplifier 180 - -5 4.5 - - 2,000 1,250 
6AC7/1852 Triode Amplifier 150 150 -2 - - 12.5 11,200 220 
6AC7/1852 Pentode Mixer 300 150 -l(a) 5.2 1.3 6.5 3,400(c) 2,750 
6SG7 Pentode Mixer 250 125 -l(a) 3.0 1.1 4.1 1,180(c) 13,000 
956 Pentode Mixer 250 100 - l(a) 2.3 0.8 3.1 650(c) 33,000 
6J5 Triode Mixer 100 - - l(a) 2.1 - - 620(c) 6,500 
GAC7/1852 Triode Mixer 150 150 -l(a) - - 6.5 4,200(c) 950 
956 Triode Mixer 150 - -l(a) 2.8 - - 660(c) 6,100 

(a) At peak of oscillator cycle. 
(b) Hexode section only. Triode section takes its current from a separate part of the cathode. 
(c) Conversion transconductance value. 
(d) For effective bandwith of 5000 cycl&. 

Jlea.ured 
Ohm. 

9,400-11,500 
5,800 
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210,000 

~10,000 
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3,000 
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0.94 
0.70 
0.53 
0.25 
0.90 
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result in any radical change in the noise-equivalent resistance values. 
The noise-equivalent voltage input values were obtained by using 
Equation (1) and are included to facilitate comparisons with experi­
mental data. It is generally preferable to use the noise-equivalent 
resistance values for circuit computations. 

Most of the measured values in the table are from data supplied by 
E. W. Herold. The acorn types (955, 956) are seen to have about the 
same noise-equivalent values as Types 6J5 and 6SK7 respectively, as 
might be expected. Type 6AC7/1852 is in a class by itself with respect 
to noise because of its very high transconductance. 

POSITIVE-ION NOISE 

The fluctuation-noise component produced by collision ionization, 
discussed in Part IV, is quite properly omitted from the equations for 
noise-equivalent resistance. Residual gas in sufficient quantity to cause 
an appreciable increase in the fluctuation noise is not desirable from 
any point of view connected with normal tube operation. It is desir­
able, however, that we be able to determine the conditions under which 
residual gas will cause an appreciable increase in the noise power out­
put of a system. 

An estimate of the effect of residual gas can be obtained from the 
equation, 

where 

Req (gas)= ( 20R2 + A1 ::3 ) I,,, 

R = grid-circuit resonant impedance 
JG= cathode current 
1,,, = positive-ion current to grid 
g,,. = transconductance 
A1 is a coefficient of the order of 40,000 

(14) 

The term 20R211u represents shot-effect voltage fluctuations produced 
by the gas current in the grid circuit. It may be increased several 
fold by induction effects connected with ion-transit time, even at fre­
quencies of a few megacycles. The second term is derived from Equa­
tion (20), Part 1v.10 

When A 1 is 40,000, the two terms are equal for 

R 2 =2001a.1Um3 

By substituting typical values for JG and g,,,, we find that the first term 
is probably the greater when R exceeds 20,000 ohms. 

10 Part IV, p. 884, Jan. (1941) RCA R811W10, 
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The noise-equivalent resistance value for thermal agitation in the 
grid-circuit resonant impedance is numerically equal to that impedance 
at frequencies near resonance. The total noise-equivalent resistance 
component depending~n this impedance (neglecting transit-time effect) 
is 

Rcq = R + 20R21,8 = R (1 + 20R/,8 ) 

The fluctuation noise due to gas exceeds that due to thermal agita­
tion when the product Rl1v exceeds one-twentieth of a volt. When the 
grid-circuit impedance is one-tenth megohm a positive-ion grid current 
of one-half microampere doubfos the mean-square fluctuation noise. 

When the grid-circuit impedance is low, the second term of Equa­
tion (14) predominates and at the same time the tube noise is likely 
to predominate over the circuit thermal-agitation noise. An equation 
for fluctuation noise in a system using a pentode amplifier connected 
to an input circuit with resonant impedance R can be written 

and the most important terms can be compared for any conditions 
which may be of interest. 

INPUT-CIRCUIT NOISE 

The input circuit used with an amplifier can introduce noise because 
of thermal agitation in the resistance of that circuit, and it can also 
transfer the noise generated in or picked up by the microphone, photo­
tube, antenna, or any other input device to the grid of the first amplifier 
tube. It is evident that the noise from either cause may be the con­
trolling factor in the choice of the first amplifier tube, since there is 
little object in using a tube with an inherent noise level much lower 
than that introduced by the input circuit. When the input-circuit noise 
is predominantly that due to thermal agitation, the determination of 
the noise level and the comparison with the amplifier -noise are fairly 
simple matters. The general method to be used in such cases has 
already been indicated. 

MICROPHONE AMPLIFIER 

As a specific illustration we can consider the case of a microphone 
amplifier (Figure 2). The microphone is assumed to be of a type 
having a definite internal resistance; it may be one of the types using 
a ribbon or a moving coil as the voltage-generating element. Noise 
will be generated in this element in accordance with the thermal-
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agitation law. The input transformer shown in Figure 2 can have a 
ratio high enough to make the noise from this source at the secondary 
of the transformer considerably greater than the noise-equivalent input 
voltage applicable to the first amplifier tube. This condition is realized 
when the reflected resistance at the secondary terminals (microphone 
resistance times voltage ratio squared) is considerably greater than 
the noise-equivalent resistance of the first tube. 

As an example, let the first tube be a Type 6SJ7 pentode operated 
under resistance-coupled amplifier conditions. Reference to a table 
containing data for this method of operation11 shows that for a supply 
voltage of 300 volts a plate-load resistor of 0.1 megohm followed by 
a second-tube grid resistor of 0.5 megohm, and a screen resistor of 
approximately 0.5 megohm give suitable operating conditions. The 
voltage gain is approximately 100. The value of the transconductance 
indicated by this gain and these specified load resistors is 1200 
micromhos. 

)K]!r-@ i'""''"'"-1 [] 
MICROPHONE 'INPUT TRANSFORMER 

Fig, 2 

The currents may be estimated by assuming that the plate-voltage 
drop is about one-half the supply voltage and that the screen current 
is about one-fourth of the plate current; resulting values are 1.6 mil­
liamperes and 0.37 milliampere, respectively. The noise-equivalent 
resistance, determined by using Equation (8), is approximately 6000 
ohms. The reflected impedance at the transformer secondary is likely 
to be of the order of 100,000 ohms, so the tube fluctuation noise is not 
important. 

The noise-power level in the input circuit can be determined from 
the thermal-agitation formula when the effective bandwidth is known 
or assumed. The equation for the mean-square thermal-agitation 
voltage across the terminals of a resistor is 

&=4kTRAf 

and the average power el/R, is, therefore, 

1i=4kTAf 

For a temperature of 290° K, the equation becomes 

If= 1.6 X 10-20 Al 

U: BCA Bemving _Tube Ma.ual RC-14; resistance-coupled amplifier 
chart. 
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The noise-power level in deribels, referred to a standard 10-milliwatt 
level is 

Noise (db) = 10 k•gt:,/-178 

When 6/ = 10,000 rycles, the noise power output is 138 db below 10 
milliwatts. 

The microphone signal output level is likely to be of the order of 
-40 or -50 db. The fluctuation-noise level is, therefore, 70 or 80 db 
below the signal. In some amplifiers a multigrid tube, Type 6L7 or 
1612, is used because it offers the advantage of a second control grid 
for volume-control use. The noise-equivalent resistance of such a type 
as a resistance-coupled amplifier might be 100,000 ohms at maximum 
gain and a megohm or more when the gain is reduced by application 
of negative bias, but even these values permit satisfactory signal-to­
noise ratios. The choice of a first tube for an audio-frequency amplifier 
quite evidently depends on factors other than fluctuation noise. Hum, 
microphonics and mechanical or leakage noises are generally far more 
important. 

PHOTOTUBE 1 NPUT CIRCUITS 

A high-vacuum phototube produces noise in accordance with the 
shot-effect law, 

Consequently 
and 

'{'I-,- 2c/ 6/ 
lcq =-= I 
Ucq-:--: 20/ (11) 

Here {J is the mean-square fluctuation rurrent and / is the average 
phototube current. 

When the light input to the phototube is modulated in a sinusoidal 
manner the relation between the mean-square signal current and the 
average current is 

P=l M 2/2= !12M2 

The factor M is the modulation factor for the light input or the current 
output. 

The signal-to-noise power ratio (or current-squared ratio) is, 
therefore, 

'fiJ"i,'J, = ¼ 1 M 2/et::.f 

For values I= 1 microampere, t:,f = 10,000, and M = 1, 

PJl2 = 1.6 X 108, or 82 db. 

The phototube noise can be considered as coming from a constant­
current generator with a noise-equivalent conductance value of twenty 
times the average phototube current. Equivalent circuits for this sub­
stitution al'e shown in Figures 3-a and 3-b. 
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When the phototube load resistance is one megohm, the fluctuation­
noise contributions from phototube and resistor are equal for a photo­
tube current of 0.05 microampere. At higher current levels the photo­
tube noise predominate:-;, but the current of 0.05 microampere gives 
noise 69 db below the signal level for a 10,000-cycle effective band­
width and 100 per cent modulation. 

Direct amplification of the current emitted by the photo cathode 
can be accomplished by "gas amplification" or by secondary-emission 
amplification. The effect of such amplification is to increase the signal 
and the noise outputs in the same ratio, except for the addition of a 
small amount of noise associated with the amplification mechanism.r• 
If we assume as a first approximation that the signal-to-noise ratio in 

I 9a 9b R1 rr-0i•£1BE © <R ~ r ~AM>U;OERf 
PtOTOTUBE \CONSTANT-CURRENT 9a = 20 I 

NOISE GENERATORS I 1 
(a) 9b= Ri + Rz 

(b) 

the phototube output is unchanged by this amplification we find that 
the noise-equival~nt conductance would be 

gC(] = 20 IN (12) 

N is the current-amplification ratio. When N = 5, the phototube noise 
becomes equal to the noise from a one-megohm load resistor for an 
output current of only 0.01 microampere. This value conesponds to n 
photo-emission current of only 0.002 microampere. If we were inter­
est~d in a tube working at audio frequencies at such a low output level 
we would still obtain a signal-to-noise ratio of 55 db for 100 per cent 
modulation and a 10,000-cycle bandwidth from the tube itself. Sub­
traction of 3 db for the added resistor noise and 10 db as an allowance 
for lower modulation levels leaves a 42-db signal-to-noise ratio as nn 
approximate theoretical value for the assumed conditions. Use of a 
high-vacuum phototube without current amplification, with the same 
load and the same light input, would result in a total noise 1·educlion 
of 3 db and a signal reduction of 14 db, so the result would be a 31-db 
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ratio with the same allowances as in the other case. At these low oper­
ating levels the signal-to-noise improvement with current amplification 
would be quite marked, but the assumed outputs arc considerably below 
those usually encountered in practice. ThC' real value of gas amplifica­
tion in phototubes used for sound work comes from the fact that the 
input signal to the amplifier becomes greater ir. comparison to the 
hum, microphonics, or other disturbances which might be prer,,ent. The 
high assumed load resistor permits us to ignore normal tube fluctuation 
noise in this case also. The one-megohm value is not inconsistent with 
the assumed 10,000-cyrle effective bandwidth if the mput-circuit 
capacitance, including that of the phototube, does not exceed 15 /tpf. 

TELEVISION CAMERA PICK-UP TUBE 

The output signals from an Iconoseope or from other television 
camera pick-up tubes have certain characteristics in common with 
those of phototube-output signals. The output current is proportional 
to the light input; the signal which we wish to amplify appears as 
modulation of this current; and fluctuation current is produced in the 
pick-up tube in accordance with the shot-effect law. The major differ­
ence is in the effective band width, whieh is of the ordl •· of 5 mega­
cycles in the television case. 

When the capacitance of the pick-up tube and the first amplifier 
tube total 20 µ1tf, a resistor of 1600 ohms could be used to obtain 
approximately uniform response over a 5-megacycle band. It would be 
practical to use an amplifier tube with less than 1600 ohms for its 
noise-equivalent resistance, thm:; insuring that the amplifier tube does 
not contribute seriously to the noise level. However, the thermal­
agitation noise of the resistor would exceed the pick-up tube noise 
for all pick-up tube currents less than 30 microamperes, and would 
seriously limit the sensitivity of the system. 

This thermal-agitation noise can be greatly reduced by the substi­
tution of a resistor of considerably greater value. The signal voltage 
developed in the input circuit then becomes greater at low frequencies 
than at high frequencies, but this effect can be compensated for by 
using an inductance as the plate load for the first amplifier tube. A 
resistance in series with this inductance balances the effect of the 
resistance in parallel with the input-circuit capacitance. This circuit 
arrangement is indicated in Figure 4-a; additional refinements, such 
as circuit elements to provide the right amount of damping at the plate­
circuit resonance frequency, are not considered. 

Figure 4-b is an equivalent circuit showing the pick-up-tube noise 
and the resistor noise introduced by constant-current noise generators 
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with noise-equivalent conductance values of 201 and 1/R, respectively. 
The tube noise is shown as introduced by a constant-voltage noise 
generator Req• The diagram gives a correct indication of the noise­
frequency distribution; noise current from g 4 and g,, is amplified in 
a uniform manner over the amplifier-frequency band since it enters 
the system in the same manner as the signal, while noise from Req is 
amplified in the manner indicated by the plate load of the first tube. 

The noise voltage produced by R,q could also be produced by a 
constant-current noise generator represented by a noise-equivalent 

AMPLIF"IER 

(a) 

I.,_~-~----~~UB£ 

I ~§~ f[~i I 
CONSTANT.:cuRRENT 4.v = ¼ + jwc 
NOISE GENERATORS 

(b) g.,=20I 9b=½ 

(c) 

NOISE POWEi\ 
OUTPUT 

PEI\ 11\ILOCYCLE 
BANDWIDTH 

(d) 

[ 

[ 

conductance varying in the proper manner with frequency. This "gen­
erator" is represented as g0 (f) tn. Figure 4-c. The mean-square voltage 
delivered by Req in a small frequency band df is 

d el'- 4kT R,,11 df 
The square of the admittance of the input circuit is 

IYII=(:) 3 +0HJ"=gs+,,,2c2 
The mean-square current in Y which would produce the mean­

square voltage d el is 
dl'=d'il IYl1 =4kT R,q IYl'df 
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The mean-square current produced by a conductance g 0 is 

di'i-=4kTg0 df 

Consequently, the required noise-eyuivalent conductance to produce 
the same noise-equivalent mean-square voltage as that from Rea• in a 
11pecified narrow frequency band, is 

Uc= Req (g2 + w2C2) 

W c can symbolize this by the equation 

Dea(!) =Rea IYJ 2 

The total noise-equivalent conductance represented in Figure 4-c is 

Ueq(f) = g,,, + Ub = Uc(f) 

or, substituting values, 
1 Req 

Uc,zm =201 +-+- + R,qw~C2 

R R~ 

The noise power output per unit bandwidth for the system is pro­
portional to Ucq(f) so it can be represented by the curve of Figure 4-d. 
An average noise-equivalent conductance value can be obtained readily 
from this equation. It is 

_ 1 Req l 
Uc,1 =20/ +- +--+-R~""'2m= c2 

R R 2 8 

The total noise-power output will be proportional to this value. 

Let R = 50,000 ohms 

C=20µµf. 

Rcq = 720 ohms 

f,,.a,, = 5 X 106 cycles per second 

Then, when I is given in microamperes, 

Ueq = (201 + 20 + 0.29 + 96) X 10-0 

= (20/ + 116) X 10-6 mho 

The corresponding equation 'for the circuit usfog the 1600-ohm resistor 
is 

1 R011 

Uca=201 +-+­
R R 2 

= (201+ 625 + 281) X 10-e 

= (201 + 906) X 10-0 mho 
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At low current inputs an advantage of about 9 db in signal-to-noise 
ratio is indicated for the circuit of Figure 4-a. The current input 
required to produce noise equal to the fixed noise under the assumed 
conditions in the circuit of Figure 4-a is 5.8 microamperes and the 
rms fluctuation current in a 5-Mc band with this current flowing is 
0.0043 microamperes; the rms fluctuation current with no signal input 
(I= 0) is 0.003 microampere. Since noise is evidently not at a pro­
hibitive level with the 5.8-microampere signal, operation at lower levels 
may be assumed. At low-input levels the first amplifier tube is the 
principal noise source. 

The frequency-distribution curve for the circuit, shown in Figure 
4-d, will quite evidently produce a different effect on the television 
screen than would a uniform distribution. Fluctuation "noise" on a 
television screen gives somewhat the appearance of a snow storm. 
When the noise is concentrated in the high-frequency portion of the 
band to the extent indicated in Figure 4-d the result is finer "flakes. 
Tests have shown that greater noise power outputs can be tolerated 
under this condition than under the condition of uniform frequency 
distribution. Therefore, the effective improvement obtained from the 
circuit of Figure 4-a (under the assumed conditions) over the circuit 
using the 1600-ohm load resistor would be even greater than the 9-db 
power-output-ratio improvement. 

RECEIVER INPUT CIRCUITS 

The noise from the input circuit of a radio receiver can be divided 
into that produced by thermal agitation in the circuit itself and that 
picked up by the antenna. The first part is readily determined. An 
equivalent circu'it such as the circuit of Figure 1-d* can be used to 
represent the system, with a noise-equivalent resistance value equal 
to the resonant impedance of the circuit assigned to the noise generator 
Rb. When the input circuit does not have much effect on the overall 
selectivity of the receiver the "filter" of Figure 1-d can be eliminated 
and the noise-equivalent resistance for the amplifier can be added 
directly to that for the circuit. 

When the first circuit is selective enough to have an effect on the 
overall selectivity, the noise-equivalent resistance for the amplifier 
should be multiplied by the ratio of the effective bandwidth determined 
for the amplifier only, to that for the complete system. The noise­
equivalent resistance value thus obtained corresponds to the value for 
the noise generator R'a of Figure 1-e.* It can be added to the noise­
equivalent-resistance value for the input c.ircuit as before and the 

•Seepage 511, RCA RIMBw, April, 1941, 
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noise-equivalent sideband input for the receiver can be determined by 
using the total noise-equivalent resistance and the overall effective 
bandwidth. 

Example: Let the first tube be an r-f amplifier with a noise-equiv­
alent resistance of lQ,000 ohms. Assume an effective bandwidth of 
6000 cycles with the first circuit disconnected and 4000 cycles with-the 
first circuit in use; an input circuit operating at 600 kilocycles with 
a "Q" of 100 could produce this result. Let the resonant impedance 
of the input circuit be 50,000 ohms. The resulting total noise-equivalent 
resistance is 65,000 ohms. "Ensi" for this receiver, referred to the 
grid of the first tube, would be 2.1 microvolts. 

Of course, we could obtain the same result by using the effective 
bandwidth and the noise-equivalent resistance of the amplifier as refer­
ence values and assigning a correspondingly reduced noise-equivalent 
resistance to the circuit. The total noise-equivalent resistance would 
then be 43,000 ohms and the effective bandwidth 6000 cycles; "ensi" 
would still be 2.1 microvolts. 

An extension of the same idea can be applied in the analysis of a 
receiver using an "untuned r-f" stage ahead of a frequency converter. 
A circuit for such an arrangement is shown in Figure 5-a, and a repre­
sentation of a curve of power output against frequency for a constant­
current "sideband" signal introduced at point "A" is shown in Figure 
5-b. This curve applies when the receiver is adjusted for a signal of 
1000 kc; the assumed intermediate frequency is 455 kc and the cor­
responding oscillator frequency is 1455 kc. The dotted curve (Figure 
5-b) represents the response of the interstage coupling circuit, and 
the relations between the heights of the rectangles and the dotted curve 
represent the relative gains (squared) of the converter itself at the 
different frequencies indicated. The squares of the relative overall 
gains determined for one such system were as follows: 

Frequency 
(Relative gain) 2 

1-f 
455 
1.72 

Signal 
1000 
1.00 

Image 
1910 
0.75 

Sd-karmonic 
Images 

2455 3365 
0.22 0.15 

Small responses could be observed at higher frequencies but their 
importance with respect to the total noise output was small. 

Additional data for this system were: 

Converter noise-equivalent resistance ......... . 
R-f gain .......•..................•......•. 
R-f tube noise-equivalent resistance ..•........ 
Circuit resis.tance (1000 kc) .•••••.•..•..•.•..• 

240,000 ohms 
5 

10,800 ohms 
100,000 ohms 
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Converter noise-equivalent resistance values are referred to the signal 
frequency only; the value of 240,000 ohms referred to the r-f grid 
(divide by 25) gives 9600 ohms. 

The r-f tube produces noise at all the response frequencies, but 
comparison is to be made with a circuit operating at only one of those 
frequencies-1000 kc. Consequently the noise-equivalent-resistance 
value to be added on account of the r-f tube ·is obtained by adding the 

--- .... 

45~ 
(b) 

POINT 11A11 

CONSTANT-CURRENT SIGNAL INTRODUCED 
AT POINT•,,:_• IN CIRCUIT(a) 

... ... ... ............. 
... ... ... .... ... .... ... ... __ 

1000 1910 2455 
F'REQUE:NCV •K~ 

Fig. 5 

(relative gain) 2 factors and multiplying their sum by the noise-equiv­
alent resistance for the r-f tube; the resultant product is 41,500 ohms. 
The total noise-equivalent resistance for the system is consequently 
161,000 ohms. A "broad" input circuit is assumed. 

ANTENNA NOISE 

An antenna can be regarded as a transformer coupling the input 
circuits of a receiver to "space". In this sense, the radiation resistance 
of an antenna is the reflected resistance of "space" measured at the 
antenna terminals, and the efficiency is the ratio of the radiation 
resistance to the total resistance of the antenna. There will be a 
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thermal-agitation voltage at the terminals of an antenna of the magni­
tude determined by the antenna temperature and the ohmic or disRipa­
tive resistance of the antenna, but noise associated with the "radiation 
resistance" component does not originate in the antenna; it is properly 
classified as "received" noise. 

There is one situation in which thiR received noise can be calculatr<l. 
If we imagine an antenna in a large enclosure, with the boundarie;, and 
the contents of the enclosure maintained at a constant temperature, we 
know that the antenna must then be in thermal equilibrium with any 
resistor connected across its terminals. This condition means that the 
thermal-agitation law must apply to the radiation resistance of the 
antenna as well as to the dissipative resistance. 

When a resistor is connected to the antenna, part of the thermal­
agitation energy is radiated into the enclosure. Maintenance of thermal 
equilibrium requires that an equal amount of energy be received by the 
antenna; otherwise the resistor would be cooled by the loss of thermal 
energy to the surrounding space. The thermal-agitation voltage asso­
ciated with the radiation resistance would be a measure of this received 
energy. If the boundaries of the enclosure were cooled to a temperature 
below that of the resistor, the resistor could actually lose he 1t by radia­
tion, no thermodynamic principle would be violated and the thermal­
agitation voltage association with the radiation resistance would be 
reduced. We could take this into account by using a noise-equivalent 
resistance for the antenna equal to the sum of the dissipative resistance 
and the proper fraction of the radiation resistance; or if the tempera­
ture of the enclosure was higher than that of the antenna and the 
resistor, we could use a suitable multiple of the radiation resistance. 

Unfortunately, since we cannot locate any boundaries for the space 
enclosing a real antenna, this method of noise calculation cannot be 
used. An experimental approach would require a determination of the 
amount of noise picked up by antennas of known characteristic~ at 
various frequencies. Perhaps analysis of the results of such an inves­
tigation would reveal a steady component of noise which could be 
classified as thermal agitation. Our real interest, however, would be 
in the determination of that minimum noise level which could be 
expected to persist for time intervals long enough to permit the recep­
tion of useful signals. We need not be greatly concerned as to whether 
or not the name "thermal agitation" is properly applicable to that 
minimum noise. 

The "transformer" analogy indicates that the received noise power 
will be proportional to the radiation resistance when other factors (such 
as directivity) remain constant. If we assume that the relation between 
radiation resistance and noise input is known for a particular system 
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we can represent this component of noise by a noise-equivalent resist­
ance i-mch as R0 in the circuit of Figure 6-b; R, will be a multiple (or 
fractiot1) of that component of the circuit resistance measured at the 
grid, which h1 due to the antenna radiation resistance. This component 
is indicated as R2 in Figure 6-b. Its magnitude can be calculated by 
transformer theory and the ratio of its magnitude to the total resist­
ance ( R~/ (R1 + R2 ), Figure 6-b) determines the efficiency of the 
system as a whole. The ratio of "R/' to the total R,q determines the 
C'fficiency of the system with respect to signal-to-noise ratio, for if R .. 
is much greater· than (Ra+ Rb) the signal-to-noise ratio in the receiver 
approaches equality with the signal-to-noise ratio existing in "space." 
It is evident that this desirable condition can be realized most readily 

~_______..~_==== _ __:-[] 

(a) 

lb) 
Fig. 6 

if the ratio of the noise-equivalent-resistance value corresponding to 
the radiation resistance, to the radiation-resistance value happens to 
be large; but thi's is no more significant than a statement that a quiet 
receiver is of no particular value in a noisy location. When it is found 
that the ratio is small in a given situation, we are justified in doing 
everything possible to improve the coupling between the antenna and 
the grid of the first tube and to reduce circuit losses to a minimum. 

In most home receivers operating at low frequencies the component 
of circuit impedance derived from the radiation resistance is so small 
that noise picked up by the antenna under quiet conditions is negligible 
in comparison with the internally-generated fluctuation noise. At 
higher frequencies, however, it is practical to build efficient antennas 
of reasonable dimensions. Consequently the determination of minimum 
values for the ratio of radiation resistance to noise-equivalent resist­
ance at the higher frequencies may become a matter of considerable 
importance. 
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FEEDBACK 

A simple circuit involving feedback i':l shown in Figure 7. A signal 
current i is introduced from a high-irr.pedance source. A voltage eg is 
developed between the grid and the <''lthode of the tube. The plate 
current ib flowing through the "tickl<>r coil" induces a voltage in the 
grid circuit. This induced voltage has the same effect as a second 
current 

M M 
i1 =-i,, =-gmefl 

L L 

introduced into the circuit in the same manner as the signal current, 
and the value of eq is the resultant of the effect of these two currents 
in the grid circuits. Represent the impedance of the grid circuit as 
Z. Then, 

eg=( i +: gn,eg) Z 

iZ 
or eg=-----

M 
1--gmZ 

L 

ig,,.Z 
and i~ = -----

M 
1--g,,,Z 

L 

A spurious current component originating in the plate circuit will be 
represented by i',, and a spurious component originating in the input 
circuit will be represented as i'. Inclusion of these components gives 
t,he total current into the grid circuit as 

M M 
itotal = i + i' + - i'1, + - g,..e0 

L L 

consequently eg = Z ( i + i' + ; i',, ) + ; g,,.Ze, 

( i + i' + ; i',,) z 
ore,,=--------

M 
1--g,,.Z ,. 
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and ib = !J,.,l',1 + i'1, 

(i + i') g,,,Z 
- + i'1, 

M 
I - -g111Z 

L 

(i+i') g,,,Z+i',, 
-

M 
1--g.,,Z 

L 

l+ 

M 
-Un,Z 
L 

M 
1--g,nZ 

L 

The numerator represents just the plate-current components which 
would be observed in the absence of feedback, so it is evident that the 
signal component and both spurious components are affected to the 
same degree. The result should not be surprising; it is difficult to see 
how feeding part of the output back into the input could affect the 
relation between the desired signal and spurious signals introduced 

Fig. 7 

with the desired signal or generated between the "input" and "output" 
points. 

It is conceded that situations of greater complexity, to which the 
above statement does not apply, can be developed in vacuum-tube 
amplifier circuits. However, the circuit of Figure 7 can be used to 
illustrate some of the effects of feedback on signal-to-noise ratio and 
particularly on the measurement of noise. 

(1) When a second amplifier stage following the circuit of Figure 
7 produces a significant amount of fluctuation noise, the amount of 
feedback affects the signal-to-noise ratio by its effect on the first-stage 
gain. 

(2) The feedback in the circuit of Figure 7 changes the effective 
bandwidth of the circuit and, consequently, it may change the effective 
bandwidth of the whole system. The signal-to-noise ratio in the plate 
circuit of the tube would be unchanged if the signal power were dis­
tributed uniformly over the frequency band passed by the system, or 
if the frequency band passed by the following amplifier was so narrow 
that Z could be replaced by R in the equations for Figure 7 for that 
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band; otherwise, the total signal-to-noise ratio in the output of the 
amplifier of Figure 7 would change with the amount of feedback. 

(3) The frequency distribution of the output noise changes when 
feedback changes the effective bandwidth by a significant amount. 

In the measurement of noise it is common practice to make a meas­
urement of noise-power output with the input circuit of the first tube 
effectively shorted (a "carrier" signal is introduced when necessary) 
and to compare the result of this measurement with the noise-power 
output observed with the input circuit in use. With the circuit of 
Figure 7 the feedback is eliminated when the input circuit is shorted. 
Shorting the input circuit might result in a considerable change in the 
noise-power-output component due to tube noise, especially when the 
foodback is regenerative. It is evident, therefore, that the ratio of the 
noise-power output measured with the input circuit shorted to that 
measured with the input circuit operative does not always represent 
the ratio of tube noise to total noise. When there is regenerative feed­
back into the input circuit there will be a decrease in noise-power 
output when the input circuit is shorted, even though the circuit noise 
is entirely negligible. 

The principal limitation to the scope of this series is implied by the 
title phrase "At Moderately High Frequencies." There is a source of 
current fluctuations associated with the component of tube-input con­
ductance produced by electron transit-time effects, a source which 
becomes important when the input frequency is high enough to make 
the transit-time input conductance relatively large.12 There are also 
complications introduced at high frequencies by electron-transit angles, 
which make it more difficult to take feedback into account in noise 
determinations. The lower limit of frequencies at which these effects 
become important depends on the high-frequency operating charac­
teristics of the first amplifier tube; the limit may range from about 
30 to 200 megacycles. The theory and application methods presented 
in this series are believed adequate to permit the complete determina­
tion of the more important manifestations of fluctuation phenomena 
at lower frequencies. 

12 D. 0. North and W. R. Ferris, "Fluctuations Induced in Vacuum 
Tube Grids at High Frequencies." Proc. I.R.E., Vol. 29, pp. 49-50, Febru­
ary (1941), 
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Summary-A study has been made of the segregation into beams of the space 
current in devices of the over-all size of commercial ~ecciver tubes and at 7,otentials 
less than 300 volts. Electrode coating., of luminescent material were used to make the 
beam traces apparent on any or all electrodes. Qualitative relationships between 
beam formations and relative electrode potentials are slated. Space currents of a Jew 
m1lliamperes have been concentrated into beams less than 0.010 inch wide in simple 
structures. Special control grids associated with conventional cathodes have been found 
to combine good space current control with ejJective beam formation. These effect.$ 
together with control of beam width and direction can be obtained in a single device. 

Simple structurrs arr used to segregate the electron discharge from a 8ingle cathode 
into a few or many similar electron beams. Between such structures and the outermost 
electrodes are placed perforafrd positive electrode., u-ith their openings disp08ed to 
receive and pass the electron beams. Such electrodes are found to receive as Uttle as 
two per eent of the current computed from their projected area. Such perforated 
electrodes include conventional type grids. 

The relationships between beam widths and electrode potentials have been found 
to be such that mutual volt-ampere relations can be radically different from those 
hitherto utilized. Linear, saturation type, or spedal volt-ampere relations can be 
obtained. Individual electrode volt-ampere relations- can be altered by utilizing the 
action of the field of such an electrode to change the W1°dth and direction of the beam 
impinging upon that electrode independently of interelectrode coupling. A variety of 
negative conductance devices have been made on this principle. 

I. INTRODUCTION 

THE high vacuum devices in which electron beams have been used 
previously, such as the X-ray tube and the cathode-ray oscil­
lograph, have employed, for the most part, small space currents, 

single beams of circular cross section produced by essentially spherical 
electrostatic or magnetic lens systems, and high electrode potentials. 
Attempts to take advantage of the properties of beams for other pur­
poses have usually resulted in structures more or less like those em­
ployed in the above devices and evidently derived therefrom. Such 
structures, as compared with receiving tubes and small pow3r tubes, 
tend to be expensive to make, large in size, inefficient in their use of 
cathode power, and inadequate in their ability to carry current. 

• Decimal classification: R138. 
t Reprinted from Proc. I.R.E., October, 1986. 
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The present investigatioh representR a different approach to the 
subject, and was b<'gun as thf' result of an observation made more than 
ten years ago on a commercial form of triode whose anode had been 
coated with luminescent material. With a certain ratio of potf'ntials 
on grid and anode there appeared on the latter narrow, sharp-('dged 
luminous lines oppoRite the openings between grid win•s, indicating a 
nearly compl<'te segregation of 8pace current into beamR. The space 
current so segr<'gated was many milliamperes at anode voltages of two 
or three hundr<'d and the widths of the luminous bands could be con­
trolled by the electrode potentials. 

These observations suggested that electrodes of various kinds, lo­
cated in the noncurrent carrying spaces bctw"<'n b"ams and us<'d for 
control purposes, might have a high input impedance even though 
operated at positive potentiali,, and that screening electrodes similarly 
placed might receive and waste V('ry littl<' space currC'nt. It was also 
thought that the variation of beam width might make possible, by 
redistribution of space current between various positive electrodes 
suitably placed, transconductanc<' and conductanrc characteristics 
of kinds unobtainable in devices utilizing the space-charge phenomenon 
alone. 

Such expectations have bf'cn fulfilled in a variety of devices which 
are characterized by compactness, relative simplicity, high current 
carrying ability at low potentials, the use of rectangular section beams 
produced by .cylindrical lens systems, the use of several beams from a 
common cathode, and structural forms adapted to assembly methods 
more nearly like those for amplifier and small power tubes than those 
for devices of the cathode-ray oscillograph type. 

The devices here presented belong, with one exception, to a class of 
devices in which the advantages of segregation of the discharge into 
beams and of variation of beam width and focus are utilized. Two other 
classes of devices dependent upon the deflection of the median planes 
of rectangular section beams and upon the use of magnetic fields are 
excluded from this discussion. 

The work along these lines was begun a number of years ago, and 
the elementary principles and potentialities of it were establishecl. 
Later it was learned that work of a somewhat similar kind was being 
done in Germany by Knoll and Schloemilch.1 • 2 

1 M. Knoll and J. Schloemilch, 41Electron optical current distribution in 
electron tubes with control electrodes," Arch.far Elektrotech., vol. 28, pp. 507-516; 
August 18, (1934). 

1 M. Knoll, "Amplifying and transmitting valves considered as a problem 
in electron optics," Zeit. fur. Tech. Phys., vol. 51, no. 12, pp. 584-591, (1934). 
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II. METHODS OF OBSERVAT10N 

In structures for the study of beam phenomena appropriate elec­
trodes were coated with a thin and uniform layer of fine particles of a 
luminescent material such as willcmite. Such a layer becomes luminous 
where and only where electrons of sufficient energy arrive at a sufficient 
rate. If the space current is divided into beams, there appears on a 
coated and bombarded electrode a luminous pattern corresponding to 
the cross section of the beams at the surface of the electrode. Observa­
tions of that pattern can often be made with the potential of the bom­
barded electrode as low as twenty volts. In cases where it was not clear 
from the luminous pattern of beam traces just what had happened 
to the cross section of the beam in transit to the target, a low pressure 
of gas and the consequent glow made it possible to observe the beam 
througliout most of its path. The pressure of the gas introduced for 
this purpose was always insufficient to cause observable change in 
the trace patterns and hence the observed beam paths were only 
slightly different from those in high vacuum. It will be seen from the 
data below that this method of study is of practical utility in the de­
sign of beam devices. 

The first ten figures illustrate the beam-forming properties of simple 
structures in association with conventional forms and sizes of cathodes 
and certain elementary properties of the beams thus formed. The re­
m~ining figures show some typical devices for the utilization of such 
beam properties. 

Ill. OBSERVATIONS 

Fig. 1 shows scale sections of a triode with parallel plane electrodes 
and indicates the pbserved beam traces on the anode or No. 2 electrode 
at 250 volts for four different grid or No. 1 electrode potentials. The 
shapes of the equipotential surfaces in the grid openings are roughly 
indicated. With the grid at seventy-six volts positive, approximately 
geometrical shadows of the grid wires appear as indicated on the anode 
with temperature-limited space current. The grid is here approximately 
at its space potential, the calculated value of which is seventy-eight 
volts. A similar trace pattern was observed with space-charge-limited 
current with the grid at its correspondingly lower space potential. In 
both cases the equipotential surf aces are parallel planes except in re­
gions very close to individual grid wires. In the same figure, the traces 
for twenty-two and five-tenths yo Its positive and for zero volts on the 
grid correspond, respectively, to focus of the electron beam on the 
anode and between the anode and grid. These two cases are for space­
charge limitation of the current. The fourth section of the figure shows 
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the result of placing the grid above its space potential at 172 volts 
whereby the grid opening becomes a diverging lens and the traces of 
adjacent beams overlap, as indicated, on the anode. 
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Fig. I-Beam formation by grid openings. 
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The actual appearance of the beam traces for these four cases is 
shown in Fig. 2, which is a group of four photographs of the anode of 
the triode of Fig. 1 for the above four conditions. The preceding two 

Fig. 2-Beam traces on an anode. 

figures are representative of the manner of beam formation not only 
for the plane grid structure, but for a helical grid in a cylindrical struc­
ture at different but corresponding potentials. In the cylindrical case, 
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the traces for focus oftrn have a width one tPnth or lC'ss of the distance 
bt'tWP<'Il tracrs and arC' very sharp rdgrd. 

Figs. 3 and 4 arc maps of thP C'quipotPntial surfaces obtained by 
means of a firld-mapping apparatu.;; on a 75-to-1 bcale modC'l of the 
triod{' of Figs. 1 and 2. The potpntials ar<' thNc shown as pPrc<'ntages 
of the anode potrntial; thr grid potrutials corrC'spond in pNrmtage to 
the actual potentials of Figs. 1 and 2. Tlw fidd maps for thr grid po­
trntials of nine and zero per C<'nt cannot, of course, corr<'spond accu­
rately to thoRC' <'XiRting in thr obi•wrvations of bC'am traces above, be-

.Fig 5-lleaml! hy a long1tud1':al element grid 

cause, as stated, those two particular obs<'rvations were made for 
the 1,pace-chargt'-Iimit<'d condition which is not simulat<'d by the field­
mapping apparatus. The two maps indicate the kind of fi<'ld in the 
grid opening which ronstitutes a converging lens. The above figures 
and data illustrate the fact that tht' space current can be segrt'gated 
into beams without the cutting off of emiRsion from any part of the 
cathode. 

Fig. 5 shows a cylindrical anode, or No. 2 electrode, a coaxial cath­
ode, and two longitudinally placed wires constituting the beam-forming 
or No I electrode. With the latter at forty volts negative bias, two 
narrow beams are formed. The anode trace of one of them is indicated. 
Tht- location of the intersections of the zero equipotential surface with 
the cathode surface for that case indicates that a considerable part of 
the cathode is cut off as regards emission, unlike the case of the first-
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mentioned <lcviC'e for similarly narrow beams. The map for z<'ro bias 
of No. 1 electrode shown m the upper half of th<' figure mdicates no 
cutoff of <'mU,'3lon at the cathode. 

In Fig 0, a typical in'->tancf' of the manner m '\\ lnch the width of 
the beam trae,e \ ariei, with anode pot<>ntrnl 1& sho\\ n The unlab<>l<>d 
electrod<> l<J the catho<l<' m th1'-> and all following fi.gur<>~. For a positive 
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bias on the bPam-forming el<>ctrode, an increase of anodt> potential 
causes a decrease of bC'am width, while for a negative bias the reverse 
is true. This 1llustratf's a behavior which proves to be general except in 
such structures and at such potentials that a crossover or focus of the 
beam occurs before 1t reaches the anode. The constancy there shown of 
the beam width for zero bias of No. 1 electrode is typical of closely 
spaced structures for anode potentials above a CC'rtain value for each 
particular structure. At anode potentials lower than that value the 
traces are observed to increase in width in some cases, before they be­
come invisible. There are several causes tending to spread the beam at 
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such low potentials, and it cannot be Raid at once which of these pre­
dominates. 

Corresponding lwam formations by lonµ:itU<linal wirPs have been 
observed for numbc-rs of wires from onf' to dµ:ht, n11d for a wide range 
of wire diametC'rs and spacings from th(• cathode. 

Fig. 7 shows a case in which the two wirc•s ar<' much largN than the 
cathodc-. It also shows the ronstanry of beam width whf'n the ratio of 
the potC'ntial on No. 2 to that on No. 1 is kf'pt constant. This illustrates 
another general behaYior subject to qualification for low potentials as 
above. 
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Fig. 8 shows an example of the way in which beam width and cur­
rent vary simultaneously with negative bias on a two-wire beam-form­
ing electrode. Fig. 9, derived from Fig. 8, shows the constancy of the 
current-to-width ratio over a considerable range. It should not be con­
cluded from this that the current per unit width is constant throughout 
the beam. Actually a "piling-up" of current at the sharp edges of a 
wide beam is often observed. No generalization of current-to-width 
ratio or of current distribution in beams can be made at present. 

Such two-wire structures, while useful for beam formation alone, 
have a very poor control over the space current. In Fig. 10, however, 
a beam-forming structure No. 1 is shown which gives a transconduc­
tance more nearly of the conventional order and also a segregation into 
a rather narrow beam. The coated area of the cathode is about seventy­
five per cent of that of an RCA-57 cathode of the same size, The atruc-



17 

15 0 

~12 

" z 
< 
0 
'"10 .. z 

0 

li! 
"' 31 
I 
2 
le .. , 

I 

, 5 

I 

.. 

ELECTRON BEAMS IN LOW VOLTAGE DEVICES l99 

10 

18 

,. 
14 

10 
N .. z ~-.. .. 
u ., .., 
., 6 

2 

,_ 

J_ •-
L I-- J_ 

'-- -I--l---- -
~ C-

--
- -
-

-l-

L -

l 

I 

TUii! Nt.111 -
{N~\ 

NI 

I I 
I,_ I 
1.-----;4" I D--f 
Nt2 VOLTS• 75 

1--- I--

-

J_ ~ - ,_ 
I- ~ii 
~ - ,.I( 

ta,"' ,I-" L I- ,-
~ -

-
7 

! !- . 
'--- C-

-
,vo• 

'fd:J .., - "' ~ 
0 

-, ecr .. 
- L i 

-
s/,'f, 

'-- ~ - ~- " z - < . 
- ~i J_ J_ 

1, 
.l! 
< .. .. - .... .... ,_ '--

. 
•v 

,rt 

-140 -120 - 100 -eo -eo -40 -zo 0 
ELECTRODE N• I VOLTS 

Fig 8-Beam width and current. 

l--- J I l ti J..J -· - I -
l--- tt ~~~j 1-bJ;:r ... -

~, 'L I• - ~ L ELI C 
I- I- -

- ,,,. mae -
~":;\ ~ N•Z 

1\.... I 
I_ I 
l---a4"1 o--.1 
Nt2 VOLTS• 75 

I 

- ,_ - -.. . 
ll!AM T1'ACE ANIM. II" ON N•J"'tU:cTNoot "' 111'11" 

,F.ig. 9-0urrent-to-widtb ratio of a beam. 

-



200 ELECTRON TUBES, Volume I 

ture consists of a helical wirc> grid Pnclosc>d in a shcPt-metal cylinder 
with a slit as indicated. The wires of the grid are thus transverse with 
respect to the longer dimension of the rectangular section beam formed 
by the slit and, while they cause the beam trace to be divided up into 
sections along that dimension, they do not seriously distort it in its 
shorter dimension. 
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Fig. 10-Beam formation and normal transconductance. 

IV. DISCUSSION OF OBSERVATIONS 

From the above and many other observations, certain simple 
principles can be formulated which are sufficiently general in their 
applicabihty to constitute a valuable basis for the design of beam de­
vices of the kind presented here. With reference to small triode struc­
tures operated space-charge limited and to anode potentials above a 
value which varies with the structure but which is usually of the order 
of twenty volts, the observations support the following statements: 

(1) A nonemitting electrode operating at cathode potential and 
constituting a part of the catbode or intervening between it and the 
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anode determines, on the anode, trace patterns which are constant with 
varying anode potential. 

(2) If the ratio of the potential of the intervening electrode to that 
of the anode is kept constant, the beam traces are also constant. This 
generalization, of which the preceding is a special case, is consistent 
with a corresponding mathematical generalization on electron paths 
where initial electron velocities are zero, as expressed by Langmuir and 
Compton.3 The error caused by initial velocities has been too small to 
be observed in the small structures used except, as mentioned above, at 
low electrode potentials. 

(3) If a thin electrode containing an opening is introduced between 
cathode and anode in such a way as to conform to a previously existing 
equipotentialsurface, the opening acts upon theelectron stream through 
it as a converging or a diverging lens, according to whether the elec­
trode is below or above its space potential, respectively. The opening 
has approximately no deviating effect upon the stream when the elec­
trode is at its space potential. In the latter case a grid is observed to 
form on the anode a shadow pattern which is a geometrical projection 
of itself. 

In many structures; the converging effect of an opening may be 
such, at suitable potentials, as to give a focus or crossover of the elec­
tron stream either at or before the anode as in Fig. I. In other struc­
tures such as that of Fig. 5, the divergence of the beam entering the 
opening may be so great as to prevent the formation of such a focus at 
potentials less negative than those at which there is complete cutoff 
of the space current. 

(4) In structures according to (3) and at such potentials that no 
focus occurs, it can be said that an increase of anode potential decreases 
the dimensions of the beam trace when the apertured electrode is posi­
tive and increases them when that electrode is negative. For the range 
of potentials in which one crossover of the beam occurs the reverse 
statement is true. 

(5) For low positive, zero, or negative biases of the beam-forming 
electrode there may be faint, sharp-edged beam traces on the anode 
corresponding to a minor beam system which behaves somewhat dif­
ferently from the accompanying major beam system. This minor 
system, often clearly distinguishable from any distortion fringing of 
the major traces, has its origin in a virtual source formed by those 
electrons which go directly toward a beam-forming element at which 
they cannot arrive because of its zero or negative potential. Such 

a I. Langmuir and K. T. Comp~on •Electrical diechargea in gaaes," Part I I, 
Bev. Mod. Phys., vol. 3, p. 252; April, (1931). 
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electrons are diverted at some region relatively close to the element and 
thus form a weaker trace pattern which behaves differently from the 
major traces. This minor pattern disappears abruptly at some low 
positive potential on the beam-forming element, indicating that the 
electrons in question are absorbed by that clement. Some structures of 
the type of Fig. 1 show this minor system clearly. The current in such 
a minor system is usually a small percentage of that in the major sys­
tem. Suitably placed screen grids and other electrodes at positive po­
tentials may, for practical purposes, be sufficiently nearly "currentless" 
without resort to suppression of the minor beam system. Where the 
beam-forming electrode is an integral part of the cathode base struc­
ture, the minor beam system may be entirely absent. Such an arrange­
ment constitutes a means for avoiding these undesired beam forma­
tions. 

(6) Another effect which can be misleading in the investigation of 
beam behavior is the appearance on an anode of a general diffused 
luminescence which is characterized by the absence of sharp boundaries. 
The conclusion which has sometimes been drawn that this diffused 
bombardment is evidence of inefficient beam formation is erroneous in 
many cases. Such diffused glow is usually present and is caused by high 
velocity secondary electrons originating at the major traces and re­
turning to the same electrode with sufficient velocity to cause lumines­
cence. The conclusive evidence in certain cases is that, when a beam of 
cross section determined by the major trace on an anode is let through 
a slightly larger opening in a similar anode and collected by a more 
remote electrode at higher potential, there is no dijf used luminescence 
on the apertured first anode and its current is very small. Moreover, in 
the development of devices having positively operated low-current 
screen and control electrodes the suppression of secondary emission 
from the anode by slotting or by coating it with soot from a flame re­
sults in a large reduction in the residual current to those electrodes 
even when they are from twenty to forty volts below anode potential. 
Other observations on specially made devices have confirmed the above 
interpretation. 

(7) Insulator surfaces close to the electron stream act as additional 
electrodes. Observations by means of beam traces show very clearly 
the effects of adjacent mica, glass, or other insulators. The effects of 
such surfaces are consistent with those of so-called "floating" conduc­
tors similarly placed. If an insulator surface has, under particular con­
ditions, the ability to emit secondaries in e:s:cess of the impinging pri­
maries then it can be made to assume either of two stable "floating" 
potentials. One of these is close to cathode potential, the other is some 
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positive potential mmally less than that of the highest potential elec­
trode in the device. A transient rif,e of poi Pntial of the insulator can be 
communicated to it inductiv<'ly so as to Rhift it abruptly from its lower 
to its higher stable valu<'. A sudden rhange of beam-trare pattern re­
sults. It was by means of such obR<'rvations that a certain erratic be­
havior of dewlopmental forms of the RCA-58 and othc>r tubes was 
found to be associated with thP polarization of the glass envelope at 
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Fig. 11-Low screen current in a two-beam structure. 

the higher of the two "floating" potentials. Reduction below the one­
to-one value of the secondary emissivity of the interior surface of the 
glass by coating it with finely divided material such as carbon elimi­
nated the existence of the upper floating potential and the behavior 
associated therewith. 

V. DEVICES UTILIZING ELECTRON BEAMS 

(t) Low-current positive potential electrodes. 
In Fig. 11 is shown a two-beam device employing a beam-forming 

and spaoe-curre»t controlling electrode No. 1 according to Fig. 10. 
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The No. 2 electrode may be regarded as the equivalent of a screen grid. 
For the data shown, the No. 3 electrode is combined with the No. 4 
cylinder as an anode. The cathode is of the RCA-57 size, but with a 
coated length seventy-five pl'r ce>nt of normal. With this in mind, it is 
apparent that the transconductance of 870 micromhos shown is only 
moderately lower than normal while the space current is segregated into 
two beams so that the No. 2, or screen, electrode at 150 volts receives 
only 0.7 per cent of the space current of four milliamperes at a No. 1 
bias of zero. This occurs although the projected area of No. 2-electrode 
is seventy-four per cent. 
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Fig. 12-Anode and screen current in an eight-beam structure. 

In the device of Fig. 12, an eight-wire No. 1 electrode has its ele­
ments in register with the eight wires of the No. 2 or screen electrode. 
At the voltages shown the No. 2 electrode receives only 0.2 per cent 
of the space current at five milliamperes although its projected area is 
9.7 per cent. A grid-plate transconductance of 1100 micromhos is ob­
served at five milliamperes. 

The device of Fig. 13 has the wires of its No. 2 electrode 2.67 times 
as large as those in the preceding device but is otherwise the same. One 
curve shows the anode current as a function of the potential of the. 
No. 2 electrode over a positive range. Such an electrode is thus an 
example of a low-current positively operated control electrode but its 
transconductance is extremely poor. Considered as a screen electrode 
at 150 volts, it receives 0.7 per cent of the anode current althpugh its 
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projected area is 25.9 per cent. The increase of current to electrode No. 
2 above 150 volts is due almost entirely to secondary electrons from 
the anode. The low current to No. 2 below 150 volts might be thought 
to be due to loss of secondary electrons from it. That part of the char­
acteristic (not shown) shows very little indication of the flattening ob­
served where secondary emission is considerable. There is ample other 
evidence that segregation and not secondary emission is the cause of 
the low current to No. 2. 

In the device of Fig. 14, a four-wire longitudinal No. 1 electrode has 
its openings in register with the four slits of a cylindrical screen or No. 
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Fig. 13-Low screen current in an eight-beam structure. 

2 electrode with a projected area of fifty-nine per cent. The No. 3 and 
No. 4 electrodes are used together as an anode for the data shown and 
their peculiar form has no significance for this discussion. Current to 
the No. 2 electrode at 100 volts positive is about one per cent of the 
space current when the latter is ten milliamperes. 

In the device of Fig. 15, a cylindrical cathode has its emitting area 
confined to a helical band flush with the equal intervening nonemitting 
area. The helical emitting band is in register with the openings of a 
helical wire grid or No. 1 electrode. The helical nonemitting area of 
the cathode is essentially a beam-forming electrode combined with the 
cathode and has the effect of confining the beams from the emitting 
area to the spaces between grid wires. In addition to this nonemitting 
portion of the cathode two uncoated wires are placed along the cathode 
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in register with the two support wires of the grid in order to shield them 
from electron reception. Both No. I and No. 2 <>lectrodes are sooted to 
suppress secondary emission. Grid and a.node currents are shown for a 
positive range of grid pot('ntials. At a grid potential equal to a.node 
potential, only 0. 7 per cent of the space current is taken by the grid 
although its projected area is 10. 7 per cent. It will be readily accepted 
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Fig. 14-Low screen current in a. four-beam structure. 

that the grid at three hundred volts, or fifty volts above the a.node 
potential, does not lose an appreciable percentage of its current by 
means of secondary emission. Nevertheless the grid there receives 
only 1.4 per cent of the space current. This constitutes convincing 
evidence that there is efficient segregation of the space current into 
beams in the device. It is to be noted that the space current thus segre­
gated and utilized is considerable, being 180 milliamperes to an anode 
one inch long and three quarters of an inch in diameter, at 250 volts, 
with the grid at 800 volts. Structures with similar properties have been 
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made in which the grid elements are all parallel to the cathode axis 
and in register with corresponding nonemitting.strips on the cathode. 
Such devices can be used as amplifiers of classes B and C with dimin­
ished input loss and distortion. In caAes where secondary emission from 
the anode can be effectively suppressed, a new range of operability is 
made possible, that in which the positive peak voltage of the grid 
oscillation is greatly in excess of the simultaneous anode potential. 
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Fig. 15--Low current to-a control grid operating at positive potentials. 

(S) Special mutual characteristics by means of varying beam width. 
In the device of Fig. 16, the beam-forming and controlling electrode 

No. 1 is of the two-wire longitudinal type. The electrode No. 2 has two 
slits registering with the openings of No. 1. The anode consists of Nos. 
3 and 4 in combination and their peculiar form may be disregarded 
for the purposes of this figure. The graph shows that, for large negative 
bias of No. 1, the two beams formed by it pass through the slits of No. 
2 without contributing appreciable current to the latter. As the bias on 
No. 1 is decreased, current begins to flow to No. 2 when the beams 
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become too wide to pass through the slits, whereupon the increment of 
space current with d~creasing No. 1 bias is transferrE>d entirely from 
the anode combination to the No. 2 electrode as is clearly shown. This 
result is consistent with the constancy of the ratio of current to beam 
width shown in Fig. 9. Such a device is typical of a class of devices in 
which variation of beam width is used to redistribute the space current 
among positive electrodes in a manner which can be predetermined so 
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Fig. 16-Special mutual characteristic by varying beam width. 

as to give those electrodes mutual and impedance characteristics of 
various kinds desirable for special purposes. Such characteristics are, 
in many cases, quite impossible to attain with devices depending on 
space-charge properties alone. In the above device, for instance, the 
current to Nos. 3 and 4 shows an upper limit equivalent in effect to 
emission saturation but not subject to the impracticality of the latter 
condition. It also illustrates the sharpening of the cutoff on the No. 2 
characteristic which results from the rejection onto Nos. 3 and 4 of the 
smaller values of space current while No. 1 is very negative. Devices-
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similar in principle but with largernumbers of No.1 elements have been 
made and found to operate in similar fashion but with higher transcon­
ductance. The electrode No. 2 has been replac~d by one consisting of 
slats placed normally to the beam paths and occupying the positions 
of the slits in the device shown. Thereby the functions of the No. 2 
electrode and the anode are invertf'd. Suitable shaping of the bound­
aries of 'the openings in the No. 2 electrode in that case can be made 
to alter the relation of anode currrnt to No. 1 voltagE>, making it either 
linear or some other predetermined form. 
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Fig. 17-Negative impedance by change of focus. 

(3) Special impedance characteristics-Negative impedance devices. 

The device of Fig. 17 is identical with that of the preceding figure, 
but is used differently as indicated. The volt-ampere characteristic of 
electrode No. 3 is shown with the other potentials as there stated. No. 
3 consists of two wires of 0.020-inch diameter placed parallel to the 
cathode and in register with the slits of No. 2. For the potentials shown, 
the field outside of No. 2 is decelerating and focusing in its effect upon 
the beams emerging therefrom. A beam is focused before reaching a 
No. 3 wire when the latter is at low positive potential and the electrons 
passing through this focus return to No. 2 by orbital paths and form 
thereon traces readily seen on each side of the slit. As No. 3 potential 
rises, the focus,of a beam approaches and finally arrives on No. 3, 
when its current becomes the maximum value shown by the graph. 
The further rise of No. 3 potential gives the falling or negative imped-
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ance portion of the characteristic as shown. This decrease of current 
to No. 3 is caused by the recession of the b<'am focus to a region between 
Nos. 3 and 4 and the consequent return of most of the electrons to No. 
2. Thus, the negative impedance of No. 3 may be said to be due to a 
process of defocusing with respect to that electrode. A variety of de­
vices are operable upon this principk. It is noteworthy that the nega­
tive slope occurs while the potmtinl of No. 3 is higher than that of any 
other electrode in the devir<', thus entirely <'xcluding the possibility 
that secondary emission from No. 3 is respomdble for its negative im­
pedance. 
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Fig. 18-Negative impedance by change of electron trajectories. 

In the device of Fig. 18, the two-beam electron "gun" projects its 
beams tangentially with respect to the equipotential surfaces of a 
roughly radial electric field existing between Nos. 3 and 5. The latter is 
shown at a positive potential of twenty-two volts but has also been 
used at zero and negative potentials. No. 4 may have any positive 
potential in a wide range. As the potential of No. 3 is increased, the 
electron trajectories increase in length as indicated by the successively 
longer dotted lines shown on the drawing of the device. Eventually, the 
beams miss No. 3 entirely and are rcceived•on No. 4. During the transi­
tion of the beams from No. 3 to No. 4, the former has a negative im­
pedance as shown. As in the preceding device, such negative impedance 
cannot be caused by secondary emission. This device was rendered 
slightly gassy and the beam paths were clearly seen to behave as stated. 



ELECTRON BEAMS IN LOW VOLTAGE DEVICES 211 

Another negative impedance device, not shown, has been made in 
which the property stated under Section IV, Subsection (4), is utilized. 
The structur(' consists of, in order: a <'athodr, a beam-forming electrode 
used at a positive potential, a regif.1tering :--lit electrode used at a higher 
positive potential, and an anode or <'ollector used at a still higher po­
tential. At some potmtial on the slit electrode,each beam passes through 
its corresponding slit and the current to the electrode is small. As the 
potential of the slit electrode is decr('ased, each beam becomes too wide 
to pass through the corresponding slit; hence the current to tht> t>lectrode 
increases and a negative impedance results. 

The last three devices are rxamples of a class of devices in which 
the negative impedance of an electrode i!, dur to its direct electrostatic 
effect upon the elrctron paths in such a way as to divert current from 
itself as its potential incr('asrs. No ro-oprrating changes of potential 
on other electrodes are necessary and the device is functionally equiva­
lent to a secondary-emission dynatron and has the advantage that the 
constancy of its n('gative impedance is dependent on geometrical con­
stancy of the structurr and not upon the sometimes unreliable second­
ary emissivity. Such devicrs have been made to oscillate at audio fre­
quencies and at fifty megacylces. The starting and stopping of oscilla­
tion are accompanied by visible changes in the trace patterns. 

(4) Luminous trace voltmeters. 

The width of a beam trace, or of the dark space between traces, is a 
measure of the potential of the beam-forming electrode relative to the 
potentials of other electrodes in the devil'<'. This property is illustrated 
in Figs. 1 and 8. It has found application in tube voltmeters in which 
the "pointer" is the edge of a luminous trace, and the scale is the sur­
face of the electrode carrying the trace. Such a device, the RCA 6E5, 
is now used commercially as a tuning indicator and for other purposes. 
The convenient form of the structure in this case is largely due to 
H. M. Wagner. The beam-forming electrode is here actuated by the 
output of a triode amplifier included in the tube. 

VI. CONCLUSION 

A new array of properties of electron discharge devices is introduced 
by systematically utilizing beam formation. The combination of these 
new properties with those already in use furnishes an augmented sup­
ply of means for the improvement of existing types of devices, and for 
the creation of devices having entirely new properties to fulfill the new 
requirements which inevitably arise. 

Experience with such structures as represented here indicates that 
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the utilization of beam. formations is consistent with economy of cath­
ode power and with the attainment of conductances and transconduc­
tances of magnitudes within the useful range even at low voltages. The 
difficulties of design of such structures are considerable in the present 
stage of the art. The difficulties of construction are, in many cases, not 
extraordinary. 
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NEGATIVE RESISTANCE 
AND DEVICES FOR OBTAINING IT*t 

BY 

E.W. HEROLD 

RC.\ Manufacturmg Co., Inc., 
Hnrnson, N. J. 

Summary 

213 

By the use of a concrpt due to Crisson, negative resistance is shown to 
be a phenomenon rontrolled by either current or voltage but not by both 
together. Thus, two main classes are found differing in the shape of the 
1,olt-ampere characteristic, in the conditions for stability, in the effect of 
nn added positive resistanee, and in the effect of an internal time lag. 
Reliability, good power conversion efficiency, and a low ratio of the un­
avoidable self-reactance to thr negative resistance are mentioned as being 
desii-able charaeteristics of any negative resistance. A figure of merit for 
the voltage con troll Pd type is shown to be 1/wC. R,, where C. is the un­
avoidable effective shunt capaeita11ce. In the current controlled case R 0 /wL 0 

is shown to be a mm·it factor, L. being the effective series inductance. The 
addition of external positive resistance lowers the figure of merit for the 
combination. 

A umnber of well-known devices are discussed after classifying them 
in three g1 oups according to principle of opei-ntion. The simple group 
includes such devices as the dynatron and are which produce negative 
resistanre between two elements. The direct-coupled group comprises pri­
marily vacuum tubes having negative transconductance in which nega,.. 
tfoe resistance is produced by a direct connection between the controlling 
a11d controlled electrodes. The general properties of the negative trans­
conduc·tance tube as a negative resistance are detailed, including the effect 
of infcrelectrode capacitances. The third group, the reverse-phase-coupled 
group, is ineluded ~ut not treated in detail. It comprises vacuum-tube 
arrangements requiring a phase revrrsing means for coupling the con­
trolling to the controlled electrodes. 

Applications of negative resistance to the produ,ction of sinusoidal and 
relaxation oscillations, to circuits having sprcial properties, and to meas­
urement work, are mentioned with frequent reference to the bibliography. 
In addition, the features of a tube having negative transconductance as an 
amplifier are pointed out. 

In conclusion a section is devoted to the chamcteristics of the type 57 
tube whieh has negative transconductance between the third and tke second 
grid. As a voltage controlled negative resistance, this tube will produce 
a negative resistance of 9500 ohms with a total cathode current of only 
seven milliamperes. This performance is believed to be better than that of 
most dynatrons. 

(29 pages; 8 figures) 

• Decimal Classification : R189. 
t Proc. I. R. E., October, 1986. 
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ANODE MATERIALS FOR HIGH VACUUM TUBES*t 

BY 

E. E. SPITZER 

RC,\ Ma11ufactu11ng Compan), Jue., 
H,urio,on, N. J. 

Summary 

Continued devclopml'11t of the high 1>acuum tube has 11laycd an c :tfi'cmcly 
important part in the development of radio communicatiou. Since the vowel' 
output of a tube is proportional to the amount of heat that may be dissi­
pated safely from its anode, the anode is one of the moM vital 1iarts of high 
vacuum tubes especially those used for transmitting purJw.~es. Severn/ 
materials have been found suitable for the anodes of f I ansm1ttiug tubes, 
depending u11on the requirements of specific applications and the type of 
cooling adopted; these materials and their characteristics arc discussed i11 
this paper. 

(7 pages; 6 fig10 es) 

* Decimal Clas&ification: R331. 
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ANALYSIS OF THE EFFECTS OF SPACE CHARGE 
ON GRID IMPEDANCE*t 

BY 

D. 0. NORTH 

RCA Manufa<1mlug Company, In<'., 
Hnrri,011, N .. J. 

Summary 

Previous theory of tmnsit-time phenomena in high vacuu1n diodes is 
cztended and augmented to provide an explanation of the high-frequency 
behavior of high-µ, amplifiers with parallel plane electrodes. For mathe­
matical reasons the analysis is restricted to triodes with plate at alternating­
current ground and to tetrodes with screen grid at alternating-current 
ground. Ezpressions for internal input loading and capacity are derived, 
showing the dependence upon frequency, voltages, and tube dimensions, and 
it is shown how the theory in its present form can be made quantitatively 
applicable to many commercial tubes of cylindrical design. 

In agreement with both elementa1·y theory and observation, the theory 
shows that at the threshold of the effect the input loading varies as the 
square of the frequency, For the RCA-57 there is calculated an internal 
input resistance of 21 megohms at one megacycle, dropping to !HOO ohms 

*Decimal Classification: R130. 
t Proc. I. R. E., January, 1936. 
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cit 100 megacycle8. TheBe figureB are in ea:cellent agreement with actual 
meaBurement, and illuBtrafe the tremendou8 importance of tranBit times in 
the design of tubes for ultra-high frequencies. It is likely that internal 
input power losses of this character, together with closely allied losses in 
transconductance, arr primarily responsible for high-frequency failu1·e of 
both amplifier8 and oscillators. 

"Hot" input capacity exceeds the "cold" value. The magnitude and 
dependence upon tube parameters is gi~ien, the increase is primarily due 
to space charge but also depends upon To/T,, the ratio of the electron transit 
time between control grid and plate to the transit time between cathode and 
control grid. ht agreement with obsen1ati011, the theory indicates very slight 
frequency dependence. 

There iB inrluded a brief acc01111t of tern7Je1·ature-/im1ted diodeB, illus­
trating thefr 11011sibilities as a soul'cc of high-frequency negative resistance. 

(2!J pages,· ,I figures; 1 r111pe11di.r) 

INPUT RESISTANCE OF VACUUM TUBES AS 
ULTRA-HIGH-FREQUENCY AMPLIFIERS*t 

BY 

W.R. FERRIS 

RCA Manufad:uring Compuni•, In!'., 
H11rr1son, N .• I. 

Summary 

Vacuum tithes which when operated as voltage am11lifiers at low fre­
quency require no mllasurable grid input power have been f ouftd to take 
very serious amounts of power at ultra-high frequencies. The grid i'ltput 
conductance is shown to be very accurately represented for electrodes of 
any shape by the expression 

Ou =Ksm/2T2 

where g, is the input conductance, Swo the grid-plate transeonduefance, f the 
frequen-cy, and T the electron transit time. K is a parameter which is a 
function of the geometry of the tube and the voltage distribution. A physical 
picture of the effect, a simple theoretical derivation, and (!Xperimental proof 
with conventional tubes are given. 

The magnitude of g, is such that it is the principal limitation for 
amplifiers at frequencies of the order of 100 megacycles, and it seriously 
affects tke amplification at frequencies as low as fifteen megacycles. The 
input 1·e1istance of a typical eommucial tube, the RCA-57, is approximately 
!W,000 ohms at thirty megacNdes. Other comme,·eial tub,·s, being of the 

*Decimal Classification: R132. 
t Proc. I. R. E., January, 1986. 
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same general construction 1111d aize, have input resistance o/ the same order. 
The use of very small tubn, ntCh as the RCA-964, witA GtWrespondingly 
sho,·t transit times is ah.own to be a practical mea'lls of increasing the 
cntJHification obtaina,ble 10itlt t:O'nventionl circuits. 

Input capacity variation 1ll'itk frequency is found to he negligible with 
the RCA-67 even up to eighty megacycles a'lld higher. However, the 1/'f'id­
cathode capacity is a function of the applied voltage; the ratw of th1s capac­
ity 1t'llde1· operating conditions to that with the tube cold having a value of 
fou1· thirds for its minimum. The change in input capacity trom cold to hot 
is of the order of one 111ioromicrofarad for RCA-57. No change in grid-screen 
capacity is ind1eated. 

The plate resistance of acreen-g,id tubes is found to vary with fre­
quency but with the RCA-67 at eighty megacycles it is ove1· twenty times 
the grid resistance and thus constitutes a negligible amount of the total loss 
in the circuit. 

(24 vagrs; 1.1 figures; 1 tnblr) 

EFFECT OF ELECTRON PRESSURE 
ON PLASMA ELECTRON OSCILLATIONS*t 

BY 

ERNEST G. LINDER 

RCA Manufacturlnl!' Company, Inc., 
Camden, N. J, 

Summar11 

A general equation for electron motion in a 11lasma is developed which 
includes a term arising from electron gas pressure. The resulting expres­
sion is 

o1Elot3 + (4'1Tne•lm)E = (kT/m)'\l'E, 

where E is electron displacement, n electron density, and T electron gas 
temperature. From this it is found that the possible frequencies of free 
vibration form a series given by f, = (kT/A~ + ne1/'1Tm)½. The lower limit 
corresponds to the Tonks-Langmuir value (ne•/'ITm)½, while the 0th.er fre­
quencies depend upon the poHible standing waves which may e:rist. The 
theo1'1J e:oplains th.e observed variation of frequency with electron gas 
temperature. 

(fl pages; 1 figure) 

• Decimal Classification: R214.1. 
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AN ANALYSIS OF ADMITTANCE NEUTRALIZATION 
BY MEANS OF NEGATIVE TRANSCONDUCTANCE 

TUBES*t 

BY 

E.W. HEROLD 

RC\ Rudfotron Jli, fsion, RCA MonufBl'luring Company, In,·., 

Harrison, N. J. 

Summarg 

The 1·eduction of capacitance by feedback from the anode of a negative 
tranaconductance tube haa frequently been conaidered an attractive method 
for compenaating for the drop in impedance at high frequenciea of a circuit 
conaiating of R and C in parallel. Experimentally, however, the reaults of 
previous investigators have never been exceptional. This paper prese:tts a 
theoretical analysis of the problem on the aasumption that an ideal tube 
is used for admittance neutralization only. The resulta indicate that ap­
pro.rimately flat response of the circuit up to cutoff is obtained when 

Cm 1 

✓ R,, -2- (1 +g,..Rp)- (1 +gmR,,) 
R, 

c. 

where C., is the feed-back capacitance, C, ia the original shunt capacitance, 
and R, is the effective resistance (see Fig. l(c)). An interdependence be­
tween cutoff frequency C,, R,, and the closeness to oscillation is found for 
a given control-electrode-to-anode transconductance. The effective resistance 
(and hen<,e the gain of a preceding tube) in the ideal case can be raiaed 
several fold over that of the conventional inductance compenaated circuit 
for the aame cutoff and shunt capacitance; th~ greater the increaae and 
consequent improvement, the amaller the safety factor ( defined aa the 
fractional increaae in tranaconductance needed to produce oscillation). For 
the inductance compensated caae 11JoC,R, = 1, while for the tube compensated 
cfrcuit, the 1·elations is approximately 

1 
/JJoC,R, = 1.5 + -

s 
where IIJo ia the cutoff angular f1'Ciquency and S the safety factor. However, 
S and R, a1·e not independent, being related by the approximation 

s+1 
g .. R.=-2---. s: 

A minimum S of about O.~ would seem reaaonable: such a value 11ives an 
improvement over iflductance compensation of six and one-half times for ths 
ideal tube considered. With a practical tubea and circuit, the improvemsnt 
wiU probably be much leBB, posaibl71 one half. 

Under ideal conditions, the relations found for the single tube caae, 
appl71 also to the case of two, cascaded, conventional tubes witk feedback 
from the anode of the second tube to the grid of the first tube. 

(16 pages; 6 figures) 

• Decimal Clasaifieation: Rl39. 
t Proc. I.B.E., November, 1937. 
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"BATALUM", A BARIUM GETTER FOR 
MET AL TUBES*t 

BY 

E. A. LEDERER AND D. H. WAMSLEY 

IIC \ \l,111ufnct111f11g Comp111n. In<', 
llat 11 ... on, , ,J 

Summary 

In the manufucfute of 1•ac1wm tubes, 1t is genemlly desirable to re­
move residual gases by a l'hemical 1n ocess known as gettering. Various 
methods of gettering are reviewed. A new getter, called "Batalum", con• 
sisting of a length of tantalum wire coated with a mixture of barium 
carbonate and strontium carbonate is described. In thr manufacture of 
metal tubes, "Batalum" gettering shows a maiked advantage over the 
older methods. 

(7 pages; 4 figures) 

' Decimal Classification: R331. 
·I RCA Hr11iew, July, 1937. 

THE RATE OF EVAPORATION OF TANTALUM*t 

BY 

D. B. LANGMUIR AND L. MALTER 

UCA M1rnufact111lng Compan), hw., 
Harrl•on, N. J. 

Summary 

The rate of evaporation of tantalum was determined by measuring the 
change of resistance and the change of weight of uniform filaments. Tem­
peratures were held constant throughout each run by adjustments of voltage 
V and current A so that VA 'Ai remained approa:imately unchanged. The rate 
of evaporation can be ea-pressed by log,.M = 7.86 - 99,910/T, where M is 
the rate of evaporation in grams per cm1 per second and T is the tempera­
ture on the Kelvin scale. 

(fl pages; 1 fig11re; 1 table) 

t Physical Review, April 15, 1939. 

* Decimal Classification: R331. 
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RECENT ADVANCES IN BARIUM 
GETTER TECHNIQUE*t 

RY 

E. A. LEDERER 

Jt('A Mnnufndurfng Compnn}, Iur., 
Harrison, N .• I. 

Summary 

219 

Barium metal of high purity and without undesirable by-p1·oducts cau 
be obtained by chemically reducing barium berylliate. Barium berylliate, 
the barium salt of the hypothetical dibasic beryllic acid, has been discovered 
only recently. It is stable in air, bnt can be easily reduced by tantalum or 
similar reducing agents at about 1300°G with approximately 60 per cent 
efficiency. The resulting barium metal is of silvery appearance and is very 
active in the clean-up gas. The preparation of barium berylliate and 
methods for testing it are briefly outlined. The design, manufacture, and 
use of a simple, inexpensive, but highly efficient getter for the control/f'd 
production of b(lri11m metal from barium berylliate (Ire described. 

(.9 pages; 6 figures; 2 t(lhles) 

1 Decimal Clasiadfication: R331. 
i• RCA Re1•iew, January, 1940. 

SPACE-CHARGE LIMITATIONS ON THE FOCUS 
OF ELECTRON BEAMS*t 

BY 

B. J. THOMPSON AND L. B. HEADRICK 

RCA Mnnufncturlng Comp1111y, Inc., 
Hnrrlson, N. J. 

Summary 

A calculation has bec11 made of the effect of space charge in the region 
between the lens and the focal µoint on the focus of electron beams of 
rectangular und circular cross section under conditions of zero velocity of 
electron emission 1t11d with the lenses free from spherical abermtion. 

The results show that fo1· an electron beam of circular C'ross section 
having a given curi ent and voltage, and included in a cone of a given initial 
angle, there is a resultant minimum beam diameter at the focal point a 
given distance f1·om the lens which rannot be reduced by changing the radial 
force, 01· focusing component, of the lens. The value of the minimum beam 
diameter is nowhere zero and it increases more rapidly than the distance 
between the lens and focal point. Thus, for the J)roduction of a television 
pict1.t1·e with a given angle of deflectio11 the definition should imp1·011e as the 
screen approaches the lens. 

• Decimal Classification: R588. 
t Proo. I. R. E,, July, 1940. 



220 ELECTRON TUBES, Volume I 

For a beam of circular cross S'lcfion the factors determining this mini­
mum spot size at a given distance from the lens are the initial beam radius 
R., the beam velocity V,, and the current ]. The spot size may be reduced 
only by increasing R., increasing v., or c!ecreasing I. 

For a rectangular beam with one dimension infinite., the minimum beam 
tM.ckness depends upon the perpendicular force or focusing component 
supplied by the lens. The- beam thickness may be zero up to a given distance 
from the lens and beyond this distance the minimum beam thickness in­
creases with distance from the lens. To increase the distance from the lens 
at which the beam thickness or in the beam velocity or a decrease in current 
would be required. 

The spreading of the electron beam between the final lens and the 
luminescent screen, caused by space charge, is a small fraction of the spot 
size obtained in direct-viewing kinescopes as used for television reception. 
However, this is not necessarily true of th~ projection-type kinescope where 
much higher values of beam current density are generally employed. Be­
cause at such high values of beam-current density the position of the focal 
point will change considerably with beam current or with picture-signal 
modulation there may be a large change in spot size at the screen. 

(7 pages; 10 fignreR) 

SPACE-CHARGE EFFECTS IN ELECTRON BEAMS*t 

BY 

ANDREW V. HAEPF 

RCA Manufacturing Company, Inc., 
Harrison, N. J. 

Summarg 
The effects of space charge in long, magnetically focused electron beams 

directed parallel to positively charged sheath electrodes are determined from 
a simple analysis. The main effects of space charge are: (a) to introduce 
departure from the potential distribution of the electrostatic case; (b) to 
set an upper limit for the beam current; and (c) to introduce instabilities 
and hysteresis phenomena in the behavior of the tube. It is shown that in 
a long beam the longitudinal potential gradient is negligible throughout the 
major portion of the beam length so that the upper limit for beam current 
is independent of beam length and of potentials of end electrodes, but 
depends only upon the relative transverse dimensions of the beam and of 
the surrounding sheath electrode and upon the sheath-electrode potential. 
The analysis gives expressions for maximum beam current, for space­
potential distribution and for the minimum value of the focusing magnetic 
field, in terms of the beam and sheath-electrode dimensions. and the sheath­
electrode potential. 

The UBB of multicellular sheath electrodes to minimize the effects of 
space charge is discussed. Thin "sheet" 'beams and "thin-walled" tubular 
beama are treated separately by a simplified "capacitance" method and 
e:x:preBBions for maximum current, space potential, and for minimum,. 
focusing magnetic field are derived. 

The effect of space-charge interaction between multiple beams inside 
a common sheath electrode is considered and a method of control of current 

• Decimal Classification: R188.1. 
t Proc. I. R. E., September, 11J89. 
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in om beam by the current in the adjacent beam is analyzed and also illus­
trated by e:i:perimental data. The effect of modulation of sheath-electrode 
voltage on the space potential for constant beam current, and the effect of 
beam-current modulation on the space potential, are discussed. 

Application of the theory to the oases of beam focused electrostatioally 
is discussed. The experimentally found characteristics of tubes utilizing 
long magnetically focused electron beams a1·e presented and compared to 
those predicted by the theory and a satisfactory agreement is demonstrated. 

(17 pages; 82 figm·cs; 4 tables) 

FLUCTUATIONS INDUCED IN VACUUM-TUBE GRIDS 
AT HIGH FREQUENCIES*t 

BY 

D. 0. NORTH AND W. R. FERRIS 

RCA Manufacturing Company, Inc., 
Harrison, N. J. 

Summary 

A theoretical formula for the noise induced in the input circuit of 
vacuum-tnbc amplifie,·s by fluctuations in th<' electron stream is compared 
with measured 11alues. The results are found to l1c in substantial agreement. 

(2 pages) 

* Decimal Classification: R132. 
t Proc. I. R. E., February, 1941. 

A NEW SERIES OF INSULATORS 
FOR ULTRA-HIGH-FREQUENCY TUBES*t 

BY 

L. R. SHARDLOW 

HCA Manufacturing Company, Inc., 
Harrl&on, N. J. 

Summary 

The electrical properties of power factor and dielectric co11stant, and 
the physical properties of porosity and firing shrinkage have been deter­
mined on an alumina-talc-silica. series of ceramic bodies. The effect of body 
composition and firing temperature on the above p1•operties is shown, and 
some theoretical considerations of these are discussed. It is shown that 
while small timO'U,11,ts of flu:& may be advantageous, large amounts are detri• 
meata.l to the electrical properties. On the other hand large amounts of 
flu:& mag be bfflfl/ioia.l in the production of the desirable physical properties. 

(7 pages; tJ figures; 2 tables) 

• Decimal Classification: R881. 
t RCA Be'IJiew, April, 1941. 



SIMPLIFIED METHODS FOR COMPUTING 
PERFORMANCE OF TRANSMITTING TUBES*t 

BY 
W. G. WAGENER 

RCA Rudlotrou Division, RCA Manufncturlng Co., Inc., 
Harrison, N. J. 

Summary-Simplified 111rlhuds arc givcnf nr quickly co111 pitting 1cith reasonable 
accuracy the performance of transmitting tubes in the usual radio-frequrncy and 
audio-frequency c, /1/llications. These applications cover the cases ll'here lite c11rrc11/ 
u·ave shapes within the t 11bc are pulses of current which flow for /(,ss than /hr full cyclr. 

The factors controlling the bha /JC of these pul.~es arc discusi;c,l and a sim ,,lijif'd 
analysis of th£· /lulscs is presented 

The woble111s of choo~ing the optimum conditions for a transmitting tubr are 
discussed and 1hr rontlition.~ for fully utilizing a lube's capabilities in the tli.ffcrc11/ 
classes of service are presented. These methods are illustrated thoroughly by calcula­
tions for a standard transmitting tube. 

J. !NTTIODUCTION 

IN designing equipment, or in :,tudying the actual p<'rformance of 
cxistin~ installatious, it is i11ntluable to ]1ave knowl!'Jge of the 
capabilitirs of tlw indh·idual compm1<'11t parts. Tlw prrformancP of 

sta11tlard type~ of tra11~mitti11g tube~ as component, part~ in the m,ual 
power amplifier 1-,c•rviccs ran b(• computed with a V<'ry useful accuracy. 
When the user hm, the ability to calculate a tube's capabiliti<'S and 
r<'c1uircments, the d(•1,ig11 of the as:,ociatcd circuit and equipnwnt be­
comes definite and straightforward. At, the same tim<', an appreci­
ation of what a transmitting tube should <lo and why, will aid greatly 
in analyzing trouble or in clarifying obs<>rvcd b<'havior i11 practical 
irn,tallations. Similarly, tl1e attainm<'nt of modulation characteristics 
of greater lin<'arity will be• greatly aided by a know)Pdg<' of the tube 
rt>quiremcnts. Fortunatl'ly wht>n pl'rformancc of tran,nnitting tubrs in 
the usual modes of operation hi to be calculated, a number of simplify­
ing assumptions are reasonable and jm,tifiable. The accuracy of the 
results will probably be W<'ll within the accuracy with which tuh<' 
circuit conditions arc known and within the rcaHonabk n1riatio11H of 
individual tubes from the average of a group. 

If a complete and exact computation of any individual tube it-1 
desired, an understanding of the simpler methods will indicate just 
what more thorough mathematical or graphical solutions are needed. 
These exact solutions may be made readily as an extension of the 

• Decimal classification: R258. 
t Reprinted from Proc. J.R.E., January, 1937. 
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simplifir.d mcthodr- to he pr<'Rmt<'<l. Howcv<'r, for more practica.l p11r­
poReR thf' accuracy der-;ired does not jui-tify such exact analyr,;is. 

Because all radio-frcquE>ncy pow!.'r amplifinR operate in such a 
manner that plate and grid currents flow for only a fraction of the 
cycle, the wave forms are not those of simple direct or sine wave 
currents. It is this complicating factor that has discouraged the ap­
plication of the standard <'lectrical circuit m<'thodi-; of ana]yi-;h, to trans­
mitting tubes. However, such puh,es can be broken down easily into 
their equivalent direct-current and alternating-current components. 
All calculations will then follow the familiar simple nwt hock 

Ep 

t-
Fig. I-Schematic radio-frequency power amplifier circuit. 

In order to understand the behavior of tub<''> opcrat!.'d in this 
manner, it will be necessary to investigate the composition of these 
pulses of current. In general the principal features that mrn,t be known 
are: 

1. The shape of the current pulse. 
2. The peak value, or greatest instantaneous current. 
3. The direct-current component. 
4. The fundamental alternating-current component . 
.5. The higher harmonic component in cases of frequency multipli­

cation. 
II. FACTORS CONTROLLING THE CURRENT PULSE 

In order to ascertain the shape of the current pulses, it will be 
necessary to investigate the action of a typical power amplifier circuit 
and to see how a vacuum tube will respond to the various voltages 
acting within such a circuit. Fig. 1 represents a typical radio-fre­
quency power amplifier circuit and indicates the voltages acting on 
the tube, For completeness a five-electrode tube is shown; for a tetrode 
or triode analysis, the surplus electrodes are omitted. It is seen that 
each electrode has a direct voltage applied to it. In addition, the in­
put and output circuits ea.ch have a parallel resonant circuit in series 
with the supply voltages. 



224 ELECTRON TUBES, Volume I 

Because the resonant circuits store oscillating energy and because 
this enerJ?;y is many times the energy extracted each cycle by the 
loading, the voltages developed across th3 circuits will be practically 
pure sine waves over the full cycle. Thus, the control grid and the 
plate of the tube can be oonsidered as having applied to them by the 
outside circuit a combinrd dirrct voltage and fundamental sine wave 
voltage. 

VOLTS 
+ 

ABOVE 
FIL, 

VOLTS 

TO 
FIL, 

4, 
OR 
le 

D-C PLATE 
SUPPLY 

to'--~~~4-----,~~""lo.f----
"½ 0 +11'/2 

TIME-

Fig. 2-Typical plate and grid voltages developed in a class C radio-frequency 
power amplifier, and the resultant tube currents. 

In the case of two tubes operated as class B audio-frequency ampli­
fiers, the sine wave analysis is also permissible because the two tubes 
are known to develop an almost pure fundamental sine wave in the 
output transformer and to have this voltage applied to· the plate of 
each tube throughout a full audio cycle. 

Fig. 2 shows the typical magnitude and phase of the instantaneous 
plate and grid voltages thoughout a radio-frequency cycle. These 
voltages acting on the tube cause the pulses of plate and grid current 
to flow with the shapes as indicated. It will be seen that the plate 
voltage has a sine wave of peak value (E,,) superimposed on the direct­
current component (E.). The resultant instantaneous voltage is e •. 
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Similarly, the instantaneous grid voltage (ec) is the resultant of a sine 
wave with a peak value of E II superimposed on the negative direct­
current bias (E.). The plate current flows as a result of the combined 
action of these two instantaneous grid and plate voltages (e. and eb), 
As can be seen, the plate current generally flows for less than half a 
cycle. The grid current flows for a shortl'r period of time than the 
plate current. 

Aside from the incidental electrostatic capacities of the electrodes 
which become part of the associated circuit, the vacuum tube is a 
pure resistive device at all ordinary frequencies and has no reactive 
impedances. This statement follows logically because the tube docs 
not store appreciable electrostatic or electromagnetic energy. Furth<'r, 
the associated circuits are normally operated close to resonance so 
that the developed fundamental alternating voltages arc in phai-;e with 
the tube currents. Thus, the problem of the tube and the applied 
circuits can be treated solely on the basis of pure resistances. At the 
instant the grid voltage is at its most poi-itive crest, the plate voltage 
has dropped to its lowest value. 

It will now be advisable to sec how such voltage combinations, 
acting on the plate and grid of a tube along with any direct voltages 
appli<>d to the screen or suppressor, if either is prei:;ent, will control the 
flow of plate current. The total space current (i.) from the cathode 
emitter depends on the geometry of the tube and the combined effect 
of the electrode voltages acting in the plane of the control grid as 
follows: 

where, 

e, 1 is the control grid voltage. 
ec1! µ2 is the effect of the No. 2 grid (screen) voltage (rc 2) at the 

control grid as reduced by the amplification factor (µ2) of grid No. 1 
with respect to grid No. 2. 

e,.f µ3 is the effect of the No. 3 grid voltage (e,1) at the control grid 
as reduced by the amplification factor (µa) of grid No. 1 with respect to 
grid No. 3. 

e1/11-• is the effect of the plate voltage (eb) at the control grid as 
re<foced by the over-all amplification factor (µ&). 

This equation assumes that the voltages arc sufficiently positive 
to fonn no virtual cathode between the control grid and plate. The 
space current will flow only while the total effective voltage expressed 
by the brackets is positive. 
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In the case of a tetrode or a pentodc, the factors µa and µb arc suffi­
eiently large so that the effect of the suppressor voltage and the plate 
voltage can usually be neglected. Thus, for a tetrode or pentode, the 
space current is govC'rnc'd almost solely by c,,+(c,,/µ2). This formula 
does not covC'r the case where the suppressor voltage is sufficiently 
low or negative to control the space current by forming a virtual 
cathode in the vicinity of the suppressor. 

Because the plate current is less than the cathode space current 
by the current drawn to other grids and is also influenced in a small 
way by space charges in front of the plate at low plate voltag<'s and 
by secondary <'lcctrons from other grids, the current that r<'achcs the 
plate seldom followR a thrcc-halv<'s pow<'r law and can be represC'nt<'<l 
by 

for a multigrid tube 

or, 

( Cb) r 
1b = (,\ (, 1 + -; for a triod<' 

where x is an exponent fairly close to 1.0. 
As was shown earlier, Cr, and l'b arc compm,ilP \'oltage., and can 

be represented by 
Cc, = Er, + E11 COS wt 
Cb = Eb - EP COS wt. 

The nrgative sign indicatPs that the altC'rnating-current plate com­
ponent is a voltage drop and llC'ncc is 180 degrees out of phase with the 
applied altcrnatiug grid voltage. Thus, for a triode, 

[ Rb - E\, COS wt]z 
ib = 01 E,, + E 11 cos wt + µ • 

The solution for a multigrid tube will not be carried further be­
cause it is always a simplification of the triode case. Thus, (Eb-E11 

cos wt)/µ can be replaced by Cc 2/ µ2 and will mmally have no alternating­
current component. 

The above equation becomes 

ib = G, [ E, 1 + :b + ( EQ - b:) cos wt] z 

or, 
ib=G1 (direct voltage cornpo11P11t and nllNnn.ting voltng<' com­

ponent)ao. 

If now the direct voltage component is negative, as it is in class 
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C amplifiers, no current will flow until the alternating voltage com­
ponent becomes sufficiently positiYe to overcome the direct component. 
This action is shown in }'ig. 3 where the portion of the cycle during 
which the resultant effective voltage is positive is indicated by the 
:-,haded portion. At the instant the effective voltage rises above the 
zero effective voltage level and becomes positive, the plate current 
begins to flow as Rhown by the typical plate current pulse. The grid 
current flows over a smaller portion of the cycl<> hccau:-,<> the zero effec­
tive voltage level occurs at the plate current "cutoff" point where the 
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OR 
i.c 

POSITIVE EFf"ECTIVE­
VOLTAGE PULSE 

Ef"f"ECTIVE 
O-C VOLTAGE 

3'1T/2 

t o..____,_......,i--+---
-e o e 

Fig. 3-Hcsultant e!Tcctive voltage acLing at catho<le of tube to cause 
the flow of space current. 

instantaneous grid voltage 1s always :,till negatin. The grid voltag<' 
then risC's into the positive region for a shorter duration of the cycle. 

Because the alternating-current cycle is rPpresented as a cosine 
wave, the effective voltage is maximum at wt= 0. As wt increases toward 
1r /21 tho zero eff ectivc voltage level is crossed at some angle 8 each 
side of maximum. At this point, the value of the cosine wave is just 
equal to the negative direct-current component and hence 

or, 

( Eb) E,, +-;: 
cos e = ------­

E 11' p 
.1!J,, - --

u. 
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Thus, the analysis of the output from the standpoint of two tubes 
is complete when the operating load line is a straight line drawn on 
these composite curves. The analysis of the currents in a single tube 
must be taken from the single tube curves with the voltages obtained 
from the composite curves. 

From the composite·curYes, it is easily seen that the required load 
resistance valuc- for each tube is 

Eb - ebmln E,, 
=--· 

HmcC', for this CMC', 

1050 
R11per tube = -- = 1910 ohms. 

0.550 

On the per tube basis again, and from Fig. 81 we find e,maz = + 115 
volts, and i,maz = 80 milliamperes. Then, 

E0 = -(E,)+e,m_,.=45+115=160 volts 
COS 8cr1d =45/160= 0.272 

8cr1d = 74 degrees. 

From Fig. 5, i,m,,,JI.=4.8. Thereforl', 

I.=80/4.8=16.7 milliamperes. 

We have, then, 

average driving power prr tube=0.9X0.0167X160 
=2.4 watts 

average driving power two tubes= 4.8 watts. 

In order to understand the grid circuit requirements, it is advisable 
to plot a curve of instantaneous ie values. This curve for the 203-A 
analysis is shown in Fig. 13. On this curve are also shown the values of 
plate output, power input, and plate dissipation averaged over a full 
audio cycle and plotted against peak signal amplitude. It is essential 
to note that the maximum plate dissipation occurs at a signal less than 
the maximum. 

VIII. CoNct.usION 

In conclusion it is seen that the performance of vacuum tubes in 
power amplifier service can be computed in a straightforward manner. 
The requirements for linear modulation have been indicated and the 
application of these requirements demonstrate why in grid modulation 
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Thu~, for analysis of th<' plate curr<'nt pu}i:;e and the plate circuit 
pPrformanc<', it ii; quite rcasonahl<' to trt>at .1· as 1.0 for the pPak, direct­
eurrE>nt, and altt>rnating-currc>nt values. For :r to be unity ii:; the same 
n,s ascribing to the tube the quality of linear performance. That this 
is reasonable is also borne out by the well-r<'cognized experience that 
class B audio-frequency amplifins and class B linear power ampli­
fi<'rs can be made to operate with a small degree of distortion. In class 
B work, the cutoff angle {8) is constant and linearity is due to the effcc­
th·e firi:;t power exponent in the equation relating plate current and 
<'fi'Pcth·p \"Oltage. 

.,., 
~ ., 
~ 
w• 
> 

~ ., 

TYPICAL TUI£ PULSE& 

FUNDAMENTAL SQUARED 
SINE PULH 

FUNDAMENTAL TU81 
ANO SINE PULII 

~•-1------tt;f'-------~l----~o_e_ 

-•oj -•d' -40• -ad' o 20• "'" 

•=-75• wt-

Fig. 4-Typical plate current pulses having the same direct-current values. 

Analyses of various pulse shapes as a function of the cutoff angle 
and degree of linearity of the pulse have been made frequently. Per­
haps the most recent and most complete for the immediate purpose of 
class Band C computations are those made by F. E. Terman and J. 
H. Fern,1 and by F. E. Terman and W. C. Roake.2 The former gives 
the hannonic components as a function of angle of flow and is valu­
able for computations of harmonic operation. A solution which is also 

1 F. E. Terman and J, H. Ferns, "The calculation of clau C amplifier and 
harmonic generator performance of screen-grid and similar tubes," Paoc. I.R.E , 
vol. 22, pp. 359-373; March, (1934). 

1 F. E. Terman and W. C, Roake, "Calculation and design or clasa C 
amplifiers," Paoc. I.R.E., vol. 24, pp. 620-632; April, (1936). 
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applicable to class AB work, or to waves with flat tops such as might 
be obtained with limited emission, has be,m given by Yuziro Kusu­
nose.3 For convenience, the curves of the ratio of peak value to direct­
current component, peak yalue to ·alternating-current component, and 
the ratio of alternating-current to direct-current component for a cut­
off sine wave and a squared cutoff sine wave (x=2.0) are given in Fig. 
5 as a function of fJ. For compteteness, the basic formulas for the 
analysis of these two pulses with all harmonic components are given 
in the Appendix. 

In case the exact graphical or mathematical analysis of these pulses 
is desired in an individual case, the results may be applied in the same 
manner in these computations as the results of this simplified analysis. 
The final results will then be quite accurate because the assumption 
of the sinusoidal variation of input and output radio-frequency voltage 
is very reasonable. The analysis of the actual current pulses that would 
be picked off step by step as indicated in Fig. 8 could be made by a 
graphical Fourier analysis. A simple way of doing this has been out­
lined by I. E. Mouromtseff and H. N. Kozanowski.' 

IV. OPTIMUM TUBE OPERATING CONDITIONS 

Now that a full knowledge of the important components of the 
-current pulses expected in a transmitting tube is at hand, it is neces­
sary to determine how such pulses are developed in a tube in order to 
utilize fully the capabilities of the tube. Because the power in the out­
put resonant circuit is proportional to both the alternating voltage 
developed across the impedance of this circuit and the alternating­
current component of current flow into this impedance, an individual 
tube's capabilities will be most fully developed when these alternating­
current factors are at their maximum values. This brings up the ques­
tion of the inherent limitations of a vacuum tube which will determine 
the maximum values of the alternating-current components. 

The principal limitations are the maximum voltage that can be 
applied, the peak value of the current that can be drawn continuously 
from the emitter, and the maximum power losses that can be permitted 
within the tube consistent with the full life expectancy of the tube. 
These values are established by the manufacturers whose experience 
is incorporated in the ratings given the tube. Thus, a solution tha:t is 
consistent with the tube requirements and the normal operation as 

1 Yusiro Kusunose "Calculations on vacuum tubes and the design of 
triodea, • Bulletin No. 237 of the Researches of the Electrotechnical Laboratory, 
Tokyo, Japan, September, (1928). 

•I.E. Mouromtseff and H. N. Kosanowski "Analysis of the operation of 
vacuum tubes as claas C amplifiers," Paoc. I.R.E., vol. 23, pp. 752-778; July, 
0935). 
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expected in the hands of qualified persons ts given In the maximum 
rated values of direct plate voltage, direct plate current, direct-current 
plate power input, plate dissipation, direct- current grid bias, and direct 
grid current, as listed under the various classes of operation. 

It will now be interesting to see what happens in• triode operating 
as a class C amplifier with a fixed amount of input power (with both 
E,, and I,. constant), as the plate load impedance is varied. Variation 
of the load impedance means that the developed alternating platf' 
voltage will vary and that the grid circuit conditions must be ad­
justed to keep the direct plate current constant. Fig. 6 shows how the 
power output increases to a maximum and the grid driving current 
rises very rapidly in the neighborhoo.d of the maximum output region. 

t 

INPUT ~OWtR KtLD CONSTANT 
£.,•CONSTANT 
l .. a CONS.TANT 

' 
w•m~ 

I 
I 
I 
I 

Fig. 6-Power ampltfier performance with constant power input. 

Thus, an optimum operating impedance is indicated. This optimum 
operating impedance is the value which develops the maximum output 
with the lowest grid current and, hence, the lowest driving power. 

It is possible to calculate the optimum load impedance from the 
desired voltage value and current value required in the plate circuit. 
As explained previously, the maximum or peak value of the current 
pulse occurs at the instant the grid is at its maximum positive value 
( +ecmu) and the plate voltage is at its minimum value (t6m1n). This 
point of maximum current on the static tube curves defines the upper 
limit of the operating curve which is traced across the static curves 
during a full radio-frequency cycle. It is point (A) in Fig. 8. From the 
location of this point in terms of i11mu, ecmu, and e11m1n, the full opera­
tion of the tube may be forecast. 

In the triode, the optimum oJjerating impedance indicated in Fig. 
6 corresponds to the impedance necessary to place the maximum 
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CUtlcnt point at Ccmax =ebmin• In this region if Cbmin is allowed to fall 
below e•max, no further increase in peak plate current occurs although 
the grid current risps very rapidly. This is then the poii1t at which the 
top of the plate current pulse bC'gins to develop depressions or valleys 
due to the very low value of the instantaneous plate voltage compared 
to the other voltages in the tube. In a tetrode or pentode, this point 
may be found by an inspC'ction of the static plate ib vs. Cb curves in 
the region of low plate voltage and positive grid voltage, and where 
1 further increase in pm,itiYc grid voltage docs not raise the plate cur• 
rent but only results in an increase of grid current. 

Thus, a tube is fully utilized when the largest downswing of plate 
voltage is developed and when this downswing docs not result in a 
serious clip in the crest value of the plate current pulsC'. The location 
of this maximum current point may frequently be rnricd in individual 
cases in view of the fact that a small change in plate circuit efficiency 
results in large changes of grid driving power since the peaks of grid 
current drawn vary so rapidly at this balance point. 

V. CHOICE OF TUBE MAXIMUM CURRENT POINT 

AND PLATE CIRCUIT ANALYSIS 

It is the location of the maximum current point on the tube char• 
acteriRtics which is the key to the complete solution of any operating 
problem. This point can be found directly from the desirC'<I or actual 
operating conditions. 

In the :fi:st place the power input to the tube is usually known for 
any application in terms of the plate voltage and plate current. De­
pending on the type of operation, the operating angle (0) will be known 
approximately. From O the ratio of the peak value of the current pulse 
to the direct.current component is establishr-d and may be found from 
Fig. 5. This factor times the plate current (I b) fixes the desired peak 
plate current. This peak plate current (hmax) is then located on the 
static curves, and its position fixes the maximum Yalue of the in­
stantaneous grid voltage. The minimum niluc of the inf:tantaneous 
plate voltage will also be determined with the choice of this point. 

As has been stated for the triode, the location of this point is most 
favorably :fixed in the region where the instantaneous values of grid 
and plate voltage are about equal. The exact location depends on the 
amount of grid current one wishes to draw. For the tetrode or pentode, 
this point is set at the lowest possible value of plate voltage before the 
individual curves on the i,, vs. e,, characteristics begin to knee over 
rapidly. Again, the exact point varies slightly with the amount of 
l!'rid current desired. In a tetrode or pentode, the point lies roughly il' 
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the region in which the minimum value of plate voltage approaches 
the screen voltage or the posith·e suppressor voltagr, respectively. 

From the location of this peak value of plnte eurrrnt on the tube 
curves, the swing of the plate voltage (E,'p) from the direct plate volt­
age is known. The swing of the posith·e grid voltage above the filament 
potential is fixed. From the exprcsr:,ion for the cosine of the cutoff angle, 
the plate voltage components, ::ind the grid swing above filament, it 
is possihle to calculate tlie required grid hias. Thus, 

- ( B, +.:b) 
cos O = ------

but, 
Eo = C,mux + ( - E.). 

Dy rcarrang.cment, 

1 [ ( RP) Ee = l - Cc,n3 ,r: + -
- cos 0 µ 

Eb) cos 0 - -; . 

It is now po::,::.iblc to calculate the alternating gri(l voltage (Ev) 
as the sum of thq absolute valurs of +c,max and the negative grid bias. 

From the cutoff angle O, the ratio of altrmatiug fundamental cur­
rent (lp) to the direct currmt (h) is known. Hence, IP is determined. 
The power output, the power input, and the efficiency may now be 
computed as follows: 

Power output, 
lp Ep , 

P.O. =-::: -- = 1/2I,,,E1, y2 y2 
Power input, P.I. = IbEb 

1/2/pEp 
Plate· circuit efficiency= ---· 

hE11 

Thus, the maximum current point is determined and the plate 
circuit analy::5is is complete. 

VI. ANALYSIS OF GRID Cnwurr 

As may be seen by reference to Fig. 2, the rapid rise of grid current 
produced as the plate voltage swings down in the region of the grid 
voltage gives the pulse of grid current quite a peaked form. The form 
of the pulsr, ns well as its total magnitude, varies rapidly. Such peaked 
pulses have been found to be fairly close to a squared sine wave form 



PERFORMANCE OF TRANSMITTING TUBES 236 

(exponent equal to 2.0). Sec J?ig. 71 where two sample grid current 
waves are drawn alongi,ide a r,;quared sine wave of the same peak value 
and angle of flow. Although this squared binc wave is only an approxi­
matio11 of the exact wave, it is reasonable in \'icw of the rapid varia­
tion of the direct grid current with slight changes of adjustments. 
Hence, th<' approximation k; of real value in c~timating the rn.lucs of 
direct grid current from the know11 peak Yaluc's. 

In the complete solution, the total alternating grid voltage swing 
is known and the dir<'ct grid current can be calculated from the peak 
value reached at the known maximum current point and the ratio of 
p<'ak to direct current for the angle of grid current flow. The power 
repre .. cntcd by these values is quite clo&c to the product, E,, I,, where 

.,, ~· J 
< 
> 3 

"' > 
j:: 2 
< 
J 

~I 

0 20• 

wt-

SQUARED SINE PULSE 

TYPICAL Tt.,D£ GRID­
CURRENT PULSES 

J<'ig. 7-'l'ypical grid current pulses having the same peak values. 

E,, is the crest amplitude of th<' alt<'mati11g ,·oltagc in the grid circuit, 
and J, is the direct grid current. This relation has bc<•n d<'morn,tratcd 
recently by H.P. Thomas,5 though he shows that probably 0.fl E,, 10 is 
a closer approximation. As was pointed out by :F. E. Tcrman,6 this 
result follows logically from the fact that practically the whole grid 
current flows while the alternating grid voltage is uear its peak ampli­
tude (E0). 

VII. TYPICAL TUBE PERFORMANCE CALCULATIONS 

To show the complete calculations for a typical transmitting tub<', 
let us take a type 203-A triode. For class C operation, the angle 8 is 
usually in the neighborhood of 60 to 80 degrees as a practical balance 
between plate circuit efficiency, grid driving power, and reasonable 
peak emission requirements of the filament or cathode. 

• II. P. Thomas, "Determination of grid driving power in radio-frequency 
power alllplifiers," Pnoc. I.R.E., vol. 21, ;pp. 1134-1141; August, (1933). 

• F. E. Terman, "Radio Engineering, p. 234, McGraw-Ilill Book Company, 
Inc., (1932). 
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1. Calculation of Radio-frequency Power Amplifier 
(a). Class C Telegraphy. 

In this service, the type 203-A tube has the following maximum 
ratings: 

Direct plate Yoltagc; E6= 1250 volts 
Direct plate currcut, h= 175 milliampN'-'H 
Direct-current. plate power input, I'. I.= 220 watts 
Direct grid curr<'n t, I,= 60 milliamperes 
Plate disi,ipation = 100 watti, 

!r,VI 
I•, r" I 

0-7 .I 200 

::~ +71 

Fig. 8-Typical operating points plotted on static plate and gri<l curves 
of a type 203-A tube. 

Let ui; take the following conditions for the computations: 
E& = 1250 volts, I b = 175 milliamperes, and 8 = 75 degrees 

The tube maximum current point will be established on the line 
where+e,n,ax=e~in• Referring to Fig. 5, at 8=75 degrees for the sine 
wave case, it is seen that the ratio of peak to direct-current value 
(ibmax/1,.) is 3.7, and the ratio of alternating-current component to 
direct-current component (/p/h) is 1.7. Hence, 

i&,_ == 3. 7 X 175 == 647 milliamperes. 
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At this point, the voltage requirements are found from the i,. vs. 
c11 curves of Fig. 8 to be 

Cemas = 140 volts, and Cbmin = 140 volts 

Using these voltages, and from Fig. 8, we find icmax = 160 milliamperes. 
Then, 

EP = Eb - e1,m10 = 1250 - 140 = 1110 volts 

and, 

E.= l [(-fcmas+Ep)cos0-E6 ] 
1 - cos O µ. µ. 

= --~--[ (- 140 + 1110)0.260 - 1250] 
1 - 0. 200 25 25 

= - 101 volts. 

Therefore, the total grid swing is 

Eg = ecmas + (- Ee) = 140 + 101 = 241 volts. 

As lp/h= 1.7, we have 

lp = 1. 7 X 17,j = 297 milliampnes 

P.O.= 1/211,Ep = 1/2 X 0.207 X 1110 = 1G5 watts 

P.I. = hEb = 0.175 X 12.30 = 2Hl watts 

P.O. 165 
Efficiency = -- = - = 75 per rrnt. 

P.I. 219 

In the grid circuit, wr have 

- E. + 101 
COS 8,:rid = -- = --- = 0.42 

Eg 241 

8,rid = 65 degrees. 

from the squared sine wa,·e, wave, 1·,rnax/ lc=5.4. Therefore, 

I. = 160/5.4 = 30 milliamperes. 

Grid driving power = 0. 9 X 241 X O. 030 = 6. 5 watts. 

(b). Class C Telephony, Plate Modulated. 

In this service, the tube is operated in a manner similar to that of 
the previous class C telegraphy application. Howe,·er, the plate supply 
voltage (E,.) instead of being a pure direct voltage has superimposed on 
it an audio-frequency voltage. The amplitude of the audio voltage 



288 ELECTRON TUBES, Volume I 

varies with the intensity of the modulating signal. The largest signal 
that can be superimposed without introducing serious distortion is 
that whose alternating-current amplitude equals the direct plate volt­
age. This signal acts to drive the supply voltage up to twice its normal 
value and down to zero,.during the audio cycle. 

An idea of the tube capabilities may be obtained by carrying out 
calculations at the carrier, or zero-modulating signal condition, and 
at the crest of the cycle of the largest permissible audio signal where 
the plate voltage has been doubled and the tube conditions are at 
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Fig, 9-Typical tube voltages and currents developed in a plate modulated 
class C radio-frequency power amplifier. 

their maximum. These relations are shown in Fig. !) for the carrier and 
crest conditionR. In thiR maximum modulation state, the ratio of audio­
frequency signal crest amplitude to direct plate voltage supply (Er.) is 
1.0. This ratio is the modulation factor. 

In order to obtain distortionless modulation, we must'have a linear 
relationship between currents and voltages. Thus, as the plate supply 
Yoltage (Eb) is doubled, the radio-frequency output voltage and cur­
rent must double. Likewise, as Eb is d-riven to zero, the input and out­
put currents and voltages must fall to zero. Averaged over an audio 
cycle, however, the direct supply voltage and current (E,. and J,.) 
remain constant because the superimposed audio variations are 
symmetrical about the direct-current values. For a modulation factor 
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of 1.0, the superimposed audio-frequency cres11 voltage and crest cur­
rent become equal to the direct RUpply voltage and current (Eb and I b), 
Hence, their root-mean-square values arc equal to Eb/v2 and 1,,/v2 
and the audio-frequency modulating power required is 1/2 Eb I b· Thm;, 
when a tube is being modulated with a modulation factor of 1.0, the 
total input power is the sum of the direct-current input aud audio­
frequency input, orEbh+1/2Ebl,,or3/2Eb h The radio-frrqueney 
modulated carrier power also goes up 50 per CC'nt with complC't<' 
modulation because the cnC'rgy in the side bands is Own r,o pN C<'nt 
of the carrier enNgy. Sine<' the tuhc efficiency rPmaim; almoi-.t con­
stant, the tube plate dissipation lossC's rise 50 per cent. In ord<'r to 
allow for this level of dissipation, it is 1wc<'i-.i-ary for tlw carrier lossc:-; 
to equal two thirds of the maximum rated dissipation of the tuh0. 
These factors have usually brcn consider<'d in specifying the maximum 
rated value:-- of a transmittinl,!; tube type for diffrrent S<'rvices. 

Plate modulated servic0 usually requires a higher grid bias nilt ng0 
than the unmodulated class C ser\'ic<'. This will be seen readily ut the 
completion of the calculations which show tlwt the bias must cha11µ;<' 
with the modulation in the plate circuit. This variation is more c·usily 
obtained where it is not too large a fraction of the total bias, and lwncc 
'it is well to assume a large bias niltagc•. Huch rnlucs reduce the total 
angle of plate current flow and tl1<' cutoff anµ:le to less than that for 
the usual class C trlcgraph serYice. Calrulation:,; may he made hy as­
suming initially either an oprrating angle (0) or a specific rnluc of 
bias. To drrr.onstrate the lattc>r type of calculation and to a:--;;urc the 
large value of bias voltage, these calculations will he made on the basis 
of an assumed grid bias voltag<•. 

As a plate µiodulated radio-frequency power amplifier, the type 
203-A has the following maximum ratings at the currier: 

Direct plate voltage, Eb= 1000 volts 
Direct plate current, lo= 175 milliamperes 
Direct-current plate power input, P.l. = 175 watt:-; 
Direct grid current, I.=60 milliamperes 
Plate dissipation =65 watts (two thirds of trlegraph ratit1µ:) 

Let us take the following conditions for tiw computations: 
E,, = 1000 volts, I,,= 175 milliamperes, and E c = -200 volts 

With the bias stipulated, it is necessary to make first an appoxima.: 
tion of 8 in order to establish the voltages involved. These Yolta.gcs 
will then permit 8 to be calculated to a sufficiently correct final Yaluc>. 

Say 8-60 degrees. From Pig. 5, i,,,111,x/ I b = 4.6. Hence, 
hmax==4.6X175=805 millimnperes. 



240 ELECTRON TUBES, Volume 1 

Assume that the maximum current point is on the line of equal 
grid and plate voltages. Then, from the i11 vs. e11 curves of Fig. 8, 
ecmax = + 160 volts and Cbmin = 160 volts. Therefore, 

and, 

E,=200+160=360 volts 
Ep= 1000-160=840 volts 

( - 200 + 1000) 
. 25 

cos 8 = -------- = 0.50 
840 

360--
25 

8 = 60 degrees. 

The original estimate of 8 i8 ::;een to have been satisfactory. 
At 60 degrees, from Fig. 5, I vi h = 1. 79. Therefore, 

Iv = 1.79 X 175 = 313 milliamperes 
P.O. = 1/2 X 0.313 X 840 = 131 watts 
P.I. = 0.175 X 1000 = 175watts 

Plate di8sipation = 44 watts 
Efficiency = 75 per cent. 

At the audio signal maximum (modulation factor of 1.0), the values 
become for no distortion: 

Eb = 2 X 1000 = 2000 volts 
E,, = 2 X 840 = 1680 volts 
I" = 2 X 313 = 626 milliamperes. 

These values must be attained with the same load circuit imped­
ance and usually with the same grid circuit radio-frequency driving 
voltage. It is then desirable for the grid bias voltage to be permitted to 
vary over the audio cycle in order to attain thiR linear modulation. 

At the crest, a trial Yaluc of 8 is found to be 78 degrees. From Fig. 5, 
I vi I.= 1.67, and ibmaxl I.= 3.5. Therefore, 

and, 

lp 626 
111 == -- = -- = 375 milliamperes 

1.67 1.67 

ibmaa == 3.5 X 375 = 1310 milliamperes. 

From the crest values, we have 

e&m1a == 2000 - 1680 == 320 volts. 

From the i.,, vs. e.,, curves for ibmax-= 1310 and ebmln -320, it is found that 
+eomu must be 220 volts. 
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Because E11 is the same as for the carrier condition, the bias voltage 
(E.) must be reduced to have e,max shift from +160 volts at the carrier 
to +220 volts at the crest of the audio cycle. Therefore, E 11 =360 volts 
= -Ec+220 volts, and E.= -140 volts. 

Practically this variation may be obtained quite well by the use 
of a grid leak resistor to develop the bias voltage. Let us compare the 
carrier and crest conditions of the grid circuit to see how the bias shifts 
can occur. The maximum current points to attain this with a given 
value of grid resistor (E.) have been found and are given below: 

E, ..... 
E, 

Carrier 

360 
+160 
-200 

Crest 

360 
+220 
-140 

From Fig. 8 at the maximum current point and from Fig. 6 

i('.,.. 
Oar! 
..... 11, 
le 
Re 
1,R, 
Driving power 

220 
56.5 
6.0 

36.6 
5460 
-200 

11.9 

133 
67 
6.2 

25.6 
5460 

-140 
8.3 

volta 
volta 
volta 

milliamperes 
degrees 

milliamperes 
ohms 
volta 
watts 

It is seen that a.~ ebmln rises, it must pull away from ecmax so that 
the peak grid current is reduced; hence, the direct grid current may 
develop less bias in the grid resistor. It is thus seen that a poor regu­
lation source of bias is desirable for plate modulated telephony. This 
bias may preferably be a combination of fixed and grid leak bias as is 
discussed in an article on this subject by I. E. Mouromtseff and 
H. N. Kozanowski.' 

(c). Class C Telephony, Grid Modulated. 

In the grid modulated radio-frequency power amplifier, the grid 
excitation is an unmodulated radio-frequency voltage and the direct­
current grid bias.has an audio-frequency signal superimposed on it. 
Thus, for the analysis of a single radio-frequency cycle, the grid bias 
may be considered to have been shifted by the audio-frequency signal. 
The analysis is similar to that for class C amplifiers except that the 
carrier maximum current point must be chosen so that sufficient oper­
ating leeway is allowed to permit the plate circuit radio-frequency 
voltage to double at the crest of an audio cycle. In order to assure 
that the tube will be fully utilized, it is best to make the initial calcu­
lations at the crest of the audio cycle. 

Fig. 10 shows the developed radio-frequency voltages and the plate 
and grid circuit current pulses. It should be noted that the direct plate 
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voltage is the same at both the carrier and crest conditions, and hence 
the developed plate voltage swing (Ep) at the carrier can utilize only 
about half the direct voltage. Then, at the crest of the audio cycle when 
the radio-frequency voltages and currents must be doubled, the plate 
voltage swing can approach the full direct plate voltage amplitude 
without driving Cbmln down below the instantaneous positive peak grid 
voltage. The limited plate voltage swing at the carrier means that the 
radio-frequency output is low and that the plate circuit efficiency is 
only about half that of a class C telegraph amplifier. 

VOLTS 
+ 

ABOVE 
F'IL. 

t 

CARRIE:R CRE:ST OF' AUDIO CYCLE: 

,01-_-~?~_-.:_~5.;-~~~:=:::::;a===~=:,-
VOLTS EcCREST or\ 

TO AUDIO CYCLE 
F'JL. 

I ,/'.le i;0~--/4,_~l~t_c ____ ~,__ ____ _ 
TIME-

Fig, 10-Typical tube voltages and currents developed in a grid modulated 
class C radio-frequency power amplifier. 

At the crest of the audio cycle, the grid bias (Ee) has been reduced 
in magnitude to raise the peak grid voltage and to drive a much 
greater peak plate current through the tube. let us assume the cutoff 
angle at this point has increased to 90 degrees. At the crest of the 
audio cycle, J,, rises to a little more than double. 

In class C radio-frequency power amplifier service with grid modu­
lation, the maximum ratings are the same as in class B radio-frequency 
power amplifier telephony service where the modulation also appears 
in the grid circuit. For the 203-A, the maximum ratings at the carrier 
are: 

Direct plate voltage, E-. = 1250 volts 
Direct plate current, 1,, = 150 milliamperes 
Direct-current plate power input, P.I. = 150 watts 
Plate dissipation = 100 watts. 
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For 130 \\nti8 input, kt U8 take Eb= 12-l0 volb nnd h= 120 milli­
ampere8. A~ I b more than doubles at the crt'f-.t of the audio cycle, 
assume I bcmt = 270 milliamp('l'('f-;, 

Thm;, at the cre,;t, E~= 1250 voltr,;, lb= 270 milliamperes, and 
8=90 degrees. J:rom Fig. 5, ?°bmax/h=1r, and lp/h= 1.57. ThNcfore, 

?bmax = 1r X 270 = 848 milliamperes 
IP = 1.57 X 270 = 424 milliamperes. 

Taking the maximum current point of 848 milliamperes on the line 
of equal grid and plate voltages from Fig. 8, we have Ccmax = Cbmin = 165 
volts. Then, 

EP = 1250 - 165 = 1085 volts 

- Eb 
Ee = -- at 00 degrees = - 50 volts 

µ 

E0 = 50 + 165 = 215 volts 

P.O. = 1/2/pEp = 1/2 X 0.424 X 1085 

= 230 watts at crest of audio cycle. 

At the carrier, EP and IP mw,t be cut to half values. Therefore, 
lp=424/2=212 milliampereR, and Ep=1085/2=542 volts. 

Say 8 = 65 degrees as an approximation to determine voltages. From 
Fig. 5, i1>max/lb=4.2, and lp/lb=l.76. Then, 

lb = 212/1.76 = 120 milliamperes 
i11 = 4.2 X 120 = 504 milliamperes 

ebmin = E,, - EP = 1250 - 542 = 708 volts. 

From the i1, vs. e,, curves of Fig. 8, in order to attain ibmax at ebmin 
== 708 volts, ecmu. must be +so volts, and i,max is found to be 25 milli­
amperes. 

Since the radio-frequency gri<l voltage is constant, E0 = 215 volts 
and since E. = -(215-80) = -135 volts, we have 

and, 

1250 
- (- 135) + 25 

cos 9 .= ------- = 0.44 
542 

215--
25 

8 = 64 degrees. 

Thls value of 8 is in satisfactory agreement with the assumed value. 
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Then, 

and, 
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P.O. = 1/2 X 0.212 X 542 = 57.2 watts 
P.I. = 0.120 X 1250 = 150 watts 

Efficiency = 38 per cent 
Plate dissipation = 92.5 watts 
COS 8,irad = 13.3/215 = 0.627 

8&rid = 51 degrees. 

From Fig. 5, icmax/ I•.,. 6.6. Therefore, 

I. = 25/6.6 = 3.8 milliamperes. 

This current, however, does not indicate the peak driving condi­
tion. At the crest, ecmax:: 165 volts, ebmln = 165 volts, and from Fig. 8, 
icmax=200 milliamperes. We also find cos 8grid=50/215=0.232 and 
O,r1d = 76.5 degrees. From Fig. 5, icma:,J I<= 4.6. Therefore, 

I, = 200/4.6 = 43.5 milliamperes. 
and, 

driving power = 0.9 X 0.0435 X 215 
= 8.4 watts at crest of audio cy,'.l}e. 

Since the bias at the crest is - 50 volts, and at the carrier is -135 
volts, the audio voltagt' peak swing must be the difference, or 85 volts. 
The audio supply must be capable of supplying 43.5 milliampcrt's of 
current at the peak and of not distorting under the varying load 
throughout the remainder of the cycle. The radio-frequency excitation 
must be 215 volts and capable of good regulation under the varying 
load. Similarly, the source of carrier bias of -135 volts must be of 
good regulation because it must pass this same varying grid current. 

Over an audio cycle, the direct plate current from the supply rises 
and falls almost linearly so that the direct-current average is practi­
cally equal to the direct plate current drawn at the carrier. Thus, the 
input power to the plate circuit is practically constant. As modulation 
occurs, the power in the radio-frequency output increases by the 
amount of the side-band energy. Since the plate dissipation is the 
difference of the direct-current input power and the radio-frequency 
output power, the plate loss is maximum at zero modulation, or under 
carrier conditions. 

(d). Class B Telephony. 

This case is very similar to the grid modulated class C power 
amplifier except that 6 is maintained close to 90 degrees. T.he bias is 
practically constant at the cutoff point, and the radio-frequenoy exci-
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tation is a modulated carrier whoae amplitude varies about the carrier 
level with the changes in the audio signal. The currents and voltages 
acting in the tube throughout a radio-frequency cycle are .pictured in 
Fig. 11 and show that the carrier efficiency must be low since only 
half the available plate voltage swing can be developed at the carrier. 
Calculations should be made at the crest of the audio cycle to assure 
that the tube is fully utilized. 

This mode of operation is freer from distortion than the grid modu­
lated case since the angle (8) does not change appreciably throughout 
the audio cycle. The bias and direct plate voltage remain practically 
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Fig. 11-Typical tube voltages and currents developed in a class B radio-
frequency power amplifier (telephony). 

constant at values that reduce the effective direct component voltage 
in the basic equation to approximately zero. Hence, any variation of 
the alter~ating-current component cannot change the angle much 
from 90 degrees. 

In this service the maximum ratings for the 203-A at the carrier 
are: 

Direct plate voltage, E,, = 1250 volts 
Direct plate current, J • = 150 milliamperes 
Direct-current plate power input, P.I. == 150 watts 
Plate dissipation = 100 watts. 

Let us take Ir.uheourle,== 120 milliamperes, and E1,= 1250 volts for 
a carrier input of 150 watts. At the crest, the tube output currents are 
doubled, and eince O is constant, the input current is also doubled. 
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At the crest, then, /b=240 milliamperes, Eb=1250 volts, and 
8=90 degrees. From Fig. 5, ibmax/lb=1r, and lp/h=l.57. Therefore, 

1bmax = 1r X 240 = 755 milliamperes. 

From thr ib vs. rb curves of Fig.8, take the maximum currr.nt point 
on th<' limiting-line of <'c=ei,. For ib=755 milliamperes, ermax=<'bmin 

= 155 volb,. Then, 

BP = 1250 - 155 = 1095 volts. 

At the carrier, I b = 120 milliamperes, Eb= 1250 voltR, and 8= 90 de­
grees. So 

1bmax = 1r X 120 = 377 milliampem,. 
but, 

EP = 1/2 X 1005 = 547 volts. 
Therefore, 

Cbmln = 1250 - 547 = 703 volts. 

From Fig. 8, at ibmax = 377 milliamperes and <'bmin = 703 volts, 

ermax = +GO volts. 

If Ee is adjusted to the cutoff point at the carrier, Ee= -50 volts 
and E 0 =60+50=110 volts. At the crest, E 0 must be double and, 
therefore, E 0 =2X110=220 ,·olts. 

However, it has already been shown that for the required plate cur­
rent at the crest, ermax must be +155 volts. Thus, E.= -(220-155) 
= - 65 volts. This small change in bias from the carrier point is usually 
made up in the regulation of the bias or excitation sources, since the 
grid current loading varies greatly over the audio cycle. The resulting 
crest angle will vary only slightly from 90 degrees. 

A tabulation of the grid circuit calculations follows: 

Carrier Crest 

Eo 110 220 volts 
E, -50 -65 volts 

i-.. •• (from fig. 8) 20 190 milliamperes 
50 65 

COS Bsrld --0.455 -=0.295 
llO 220 

6,rld 63 73 de1reee 
i, .. ,!Ic (from 

1''i1. 5) 5.5 4.8 
r. 3.6 39.5 •milliamperes 
R, (aesumedl 420 420 ohms 
J,R, -1.5 -16.5 volts 
Er11..t -48.5 -48,5 volts 
E,,..,.. -50 -65 volts 
1Jrivm11 power 0.9 X0.0395 X220 =7 .8 watts 

It should be noted that a very small degree of regulation (due to 
Re - 420 ohms) in the grid bias supply aids the linearity of perf onnancc. 
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Finally, we have 
I 11an-., = 1.57 X 120 = 188.5 milliamperes 
P.O. == 1/2 X 0.1885 X 547 = 51.5 watts 
P.I. = 0.120 X 1250 = 150 watts 
Efficirncy = 34.4 per crnt 
Plate dissipation = 98.5 watb;, 

As in the case of the grid modulatrd clar.;s C amplifier, the plate 
dissipation is maximum at the carrier, and the direct plate current av­
eraged over the audio-frequrncy cycle remains constant. 

2. Calculation of Class B Audio-Frequency Power Ampl?'firr. 
In class B service the operating angle is 90 drgrPrs, and hl'nce a 

tube carries plate current for 20 or 180 <legrreH of the cyck•. By using 
two tubes, one for each half of the cycle, it is possible to obtain the 
complete sine wave of current. Howevrr, the analyr.;is of each individual 
tube can be made in the manner that has been presented. 

At maximum signal, the maximum ratings for each 203-A in this 
service are: 

Direct plate voltage, E,, = 1250 volts 
Direct plate current, lb= 175 milliamperes 
Direct plate power input, P.I. = 220 watts 
Plate disRipation = 100 watts 

Let us take Eb= 1250 volts, h = 175 milliamperes, and E, = - 45 
volts. From F.g. 5, 9= 90 degreeR, ibmaxl I~= 1r, and ibrnax = 1rX 175 = 550 
milliamperes. Arbitrarily take C6min = 200 volts. Then, EP = 1250- 200 
= 1050 volts. 

Proceeding a~ for radio-frequency circuits, we have from Fig. 5, 
lp/h = 1.57, and lp=275 milliamperes. Thcreforr, 

P.O.= 1/2X0.275X1050= 144.5 watts 
and, 

P.O,two tubea=2X144.5=289 watts 

A simpler and more direct method, however, is to calculate the 
power output from the sine waves of voltage and current present. The 
maximum plate current (ibmax) calculated above is the amplitude of the 
full sine wave of current from the two tuul's. Since the developed ampli­
tude of the alternating voltage iu the plate circuits of the two tubes is 
a full alternating-current sinewavr, the usual alternating-current power 
computations may be applied. Hence, 

P .0. = 1/2 ibmu XE,, 
P.O,tw"' iu1.,.,.=l/2X0.550Xl050=289 watts 



ELECTRON TUBES, Volume I 

and the total power input is 

P.l,two tubo1=2X0.175Xl::l50=438 watts. 
Therefore, 

efficiency= 66 per cent. 

Some confusion is apt to occur in the detailed analyRis of two tubes 
operating in class B due to the fact that they arC' not operated at com­
plete cutoff with zero signal and to the fact that the tubes interact 
through the common magnetic circuit of the output transformer. Thus, 
for small signals the tubes opcratf' as push-pull class A amplifiers, with 
large signals as class AB pm,h-p111l amplifiers, and with very large sig­
nals almost as pure class B amplifiers. 
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Fig. 12-Composite plate characteristic for combined tubes and transformer as 
used in class B audio-frequency power amplifier under the following con­
ditions: Et=l250 volts, E.= -25 volts, and lt=-175 milliamperes. 

This confusion can be completely dispelled by referring to the 
graphical method outlined by B. J. Thompson.7 In this method the 
static i,, vs. eb curves of the two tubes are placed so as to form a com­
posite plate circuit characteristic curve of the combined tubes and 
transformer, as reproduced in Fig. 12. Operation of the 203-A's at 
E. = - 25 volts has been chosen for the illustration. Because the plate 
currents from the two tubes flow through opposite halves of the output 
transformer, their magnetizing forces cancel and only their differences 
act usefully in the secondary output. Hence, the composite plate circuit 
curves for corresponding signal grid voltages arc formed from the dif­
ferences of the plate currents and are shown as broken lines. 

7 B. J. Thom!!_aon, "Grap_hical determination of performance of puah-pull 
audio nmplifiera," Paoc. I.R.E., vol. 21, pp. 591-600; April, (1933). 
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Thus, the angle of plate current cutoff (8) is defined as the angle 
whose cosine equals the ratio of the direct-current component ampli­
tude to the alternating-current component amplitude. For simplicity, 
8 will be called the cutoff angle. The plate current flow then occurs 
over a portion of the cycle equal to 28. Similarly, the flow of grid cur­
rent occurs over twice the angle (8crld) wh<'re 

- Ee, 
COS Ogrid = -­

Eo 

because the alternating-current component (E0 cos wt) overcomes 
the bias (Ee,) at wt= Ocrld• 

Thus, the angles (8 and 8cr1d) specify when the resultant effective 
voltage governing plate current flow, and the actual grid voltage 
governing grid current flow, become positive. Hence, the plate current 
flows over 28 of the cycle and grid current flows over 28,:rld of the 
cycle. It remains now to establish the approximate shape of the plate 
current pulse that must flow between - 8 and + 0 and the grid current 
pulse that flows between - 011rid and + Ocrld• In other words, what is 
the exponent x in the equation and is it a constant? 

III. SHAPE AND ANALYSIS OF THE CURRENT PULSE 

Analysis of several actual plate current pulses, that are typical of 
the pulses obtained in tubes, shows that although x is not constant 
it may be treated as practically equal to unity in establishing the 
ratio of the peak to the direct-current value, and the ratio of funda­
mental alternating-current component to direct-current component as 
a function of the angle of flow (28). Fig. 4 shows a pure sine pulse with 
x = 1.0 for 0 = 75 degrees. The direct-current component and the funda­
mental alternating-current component (which with the higher order 
harmonics form the pulse) are also Rhown. The ratio of the peak to the 
direct-current value is 3.7 and the ratio of the alternating-current 
fundamental crest amplitude to the direct-current amplitude is 1.70. 
The pulses shown by dashes are actual plate current pulses which ha\·e 
been drawn with the same direct-current component and whose 
alternating-current fundamental is the same within the accuracy of 
the solid line curve (AC). Note that the maximum values are quite 
close to the pure sine wave maximum. For comparison the extreme 
case in which the pulse is a squared sine wave (x=2.0) with the same 
angle and same direct-current component is also shown in dots. It 
is interesting to see that the alternating-current fundamental is not 
widely different. In fact this ratio of alternating-current to direct-cur­
rent component varies relatively slowly with both 6 and x. 
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the plate efficiency of the tube must inherently be low. From a study 
of the conditions to be met at the carrier and at the crest of the audio 
cycle, the importance of the amount of regulation of the various volt­
ages and power supplies can be seen. 

The results of these simplified computations should indicate what 
items arc important in obtaining the most satisfactory results from 
transmitting tubes. Of course, the best way to study the practical over­
all modulation charactrristics of a power amplifier system is to use an 
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Fig. 13-Instantaneous current curves of a class B alternating-frequency power 
amplifier and power performance curves vs. signal amplitude. 

indicating device such as a cathode-ray oscillograph. To interpret and 
control the results, however, it is always well to be able to estimate the 
relative importance and effects of the factors influencing performance. 

APPENDIX 

1. Results of Fourier Analysis of Simple Pulses. 

(a). Sine Wave Pulse. 

Current pulse = i = cos wt - cos 8 

where positive current flows during each cycle between wt• -8 and 
wt•+e. 
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Dircct-cum'ni componf'nt = 1/,r (Hin O - e cos 0) 

Fir8t harmonic = l/,r (0 - 1/2 sin 20) cos wt 

. 1 ["in (11 + 1)0 Rin (n - 1)9 
nth harmonic = - --- --- + -----

,r n+I n-I 

- _:_ cos 0 sin ne ] cos nwt. 
n 

(b). Squared Sine Wave Pulse. 

Current pulse = i = (cos wt - coR 0)2 

where positiYe current flow:; during t-ach cycle between wt= -8 and 
wt=+O. 

Direct-current component = 1/271' (0-(3/2) sin 20 + 20 cos2 9). 

First harmonic = 1/71' ( - 20 cos 6 + 3/2 sin O + 1/6 sin 36) cos wt 

Second harmonic = 1/,r [ 1/4(1 + 6 cos 2 6) Rin 20 

- 2(sin 0 + I/3 sin 39) cos 9 + 0/2] cos 2wt 

nth harmonic = l/,r { 2/ n (I/2 + cos 2 9) sin nO 

[
2sin (n - 1)0 

- cos 9 
n - I 

2sin(n+l)9] sin(n-2)0 
+----- +----

n + I 2(n - 2) 

sin (n + 2)0} 
+ - 2(n + 2) cos nwt. 

2. Extrapolation of 'Vacuum Tube Static Curves. 

It sometimes happens that the static curves of a vacuull) tube 
lH'cd to be extended to aid in making the computations. With certain 
requirements maintained, this can be done quite well by using the 
three-halves power law relating currents and voltages. Provided the 
relative magnitudes of all electrode voltages are not changed, but are 
each varied by the same percentage, the distribution of total current 
to the electrodes will not be altered, and all currents will rise and fall 
as the three-halves power of the voltage changes. 
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This follows from the fact that the shape of the voltage fields 
within the tub<' is not <listurbcd. Thrn:;, th<' magnitudes of the currents 
are affected a11d not the distribution to the different electrodes. The 
application of this rule is limited to regions that do not approach the 
limit of cathode emi~sion. The accuracy may a)Ro be adversely af­
fected somewhat by high secondary emiRsion currents. 
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Summary-In the development of magnetron oscillators, one of the principal 
dijficuUies has been the overheating of the cathode. The present article diacusae, an 
effect which is at least partially responsible for this, and which consists in the gaining 
of eueaa energy by some electrons, which then bombard the cathode. The effect is of 
importance also because of its bearing on transit time, orbit shape, tube noise, shape 
of cutoff curve, etc. 

E:eperimental results indicate that a M a:ewellian distribution of velocitiea i, 
superimposed on the orbital velocities, the energy of the random motion being deri1Jed 
from the orbital motion. This leads to the formation of a new type of virtual cathode 
about the real cathode. The properties of this type of cathode are discussed. 

Subjects related only indirectly to cathode overheating, but necessary to its 
understanding, also are discussed, such as current flow and space-charge phenomena 
for cases in which electrons e:eecute cyclic orbits. E:etensive experimental data are 
included. 

lNTRODUCTION 

THE overheating of the cathode in magnetrons, which occurs to 
some extent at all times during operation, but becomes espe­
cially troublesome at high plate voltages, has been one of the 

principal difficulties in the development of a satisfactory oscillator of 
this type. The present article is an outgrowth of a study of this effect, 
undertaken as a 'pa.rt of a development program of centimeter-wave 
oscillators. The work broadened out somewhat as it progressed, to 
include subjects related only indirectly to cathode overheating, since 
it became evident that cathode overheating, and magnetron behavior 
in genera.I, involved some concepts not associated with more common 
types of vacuum tubes. For example, no detailed discussion seems pre­
viously to have been given of current and space-charge phenomena 
for the case in which electrons execute cyclic orbits, as in magnetrons 
and positive-grid tubes. It is clear that current and space charge must 
be vitally affected by the fact that the direction of motion of an elec­
tron may reverse many times. This reversal gives rise to such concepts 
as "returning current," and "number of electron oscillations." As a 
further example, it has been found that electrons in such tubes inter-

• Decimal claasification : R188. 
t Reprinted from Proc. I..R.E., March, 1938. 
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act so that energy exchanges occur, resulting in a Maxwellian distribu­
tion of velocities superimposed on the orbital motion. This has led to 
the application of the technique a.nd terminology developed by Lang­
muir for the investigation of gaseous electrical discharges by probe 
electrodes, to the elect.ron swarms occurring in electron-transit-time 
oscillators. 

Any adequate treatment of magnetron or positive-grid-tube elec­
tronics must necessarily involve ideas and terms foreign to conven­
tional tube theory. An attempt has been made in this article to state 
these concepts in mathematical terms appropriate to the discussion of 
short-wave oscillators. Extensive experimental tests have been carried 
out and checks of the theory made whercvn pm,sible. 

The first observation of excess-energy electrons was made several 
years ago. In 1925 Irving Langmuir1 observed that in certain types of 
high-vacuum tubes -some electron:,; poSHl'8sed the ability to pass to an 
electrode having a more negative potential than the cathode from 
which they originated. Several types of tubes were used. In one the 
anode consisted of a few small-sized wires close to, and paralleling, the 
cathode. A surrounding cylindrical electrode was negatively charged 
with respect to the cathode. An electron current was observed to flow 
to this cylinder in spite of its negative potential. Another tube was of 
the cylindrical magnetron type, having negatively charged end plates. 
A magnetic field was applied parnllel to the filament, of such strength 
that an electron, influenced only by it and the electrostatic field, would 
be unable to reach the plate. In this case small electron currents flowed 
to the cylinder in spite of the magnetic field, and to the end plates 
even when they were twenty to fifty volts negative with respect to the 
cathode. The effect appeared not to be due to oscillations since they 
rarely could be detected. Langmuir showed that the electrons appeared 
to have a Maxwellian distribution of velocities, the temperature of 
which was proportional to the anode voltage. 

More recently similar phenomena have been observed by several 
other investigators, but the true nature of the effect has not always 
been recognized. These recent observations have resulted from the 
large amount of work which has been done during the last few years on 
magnetron oscillator tubes for the generation of ultra-short electro­
magnetic waves. E. C. S. Megaw2 noticed that the filaments of such 
tubes underwent electronic bombardment of sufficient intensity to 
cause a visible increase in brightness. However he attributed the effect 

1 I. Langmuir1 "Scattering of electrons in ionized gases," Phys. Rev., vol. 
26, p. 585; Novem1>er, (1925). 

2 E. C. S. Megaw, "Cathode secondary emission: A new effect in thermionic 
valves at a very short wave length," Nature, voL 132, p. 854; December, (1933). 
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entirely to oscmations. Slutzkin, Leljakow, and Kopilowitsch3 observed 
a similar heating of magnetron filaments, but attributed it to thermal 
radiation from the hot plate of the tuLe Later investigations by 
Slutzkin, Bmude, and Wigdortschik4 led to the conrlusion that the 
effect was caused by oscil]ations. E. Pierret, and C. Biguenet5 at­
tributed it to oscmations. G R. KilgoreR recognized filament bombard­
ment as the cause of the effect, but offered no explanation 0. Pfetscher 
and W. Puhlmann 7 concluded that the bombardment was mduced hy 
oscillations. Two papers by I M Wigdortschik8 have very recently 
appeared in which experiments similar to those of Langmuir are de­
scribed. Evidence for a Maxwellian distribut10n is given, but no ex­
planation is offered The writer has mentioned the effect in several 
previous publications. 9 ,io ,u ,12 

In the cases of Pfetscher and Puhlmann, and also Megaw, definite 
proof has been given indicating that oscillations may cause, or aug­
ment, electron bombardment of the cathode. However, there 1s ample 
evidence that a similar effect cn.n occur also in the absence of oscilla­
tions. The writer has observed, in the case of magnetron oscillators 
for nine-centimeter waves, that very marked bombardment occurs, 
when the tube 1s oscillating, but when the oscillations are stopped, 
considerable bombardment persists, and in some cases 1s even greater 
than during oscillation. 

When gas is present in sufficient quantity, bombardment, by posi­
tive ions also may occur The intensity of this type of bombardment 

'Slutzkin, Leljakow, and Kopilowitsch, "Factors influencing the output and 
efficiency of magnetron oscillators," Phys Zeit. der Sowjetunion, vol 5, p. 887, 
(1934). 

4 A. A. Slutzkiti, S. J. Braude, and I M Wigdortschik, "Production of an 
ion current in high vacuum by means of a magnetic field," Phys. Zeit. der 
Sowjetunion, vol 6, p. 268, (1934). 

• E. Pierret and C. Biguenet, "On the ultra-short waves obtamed with a 
magnetron," Jour. de Phys et le Radium, vol. 6, p. 67; April, (1935). 

• G. R. Kilgore, "Magnetron oscillators for the generation o( frcquenciell 
between 300 and 600 megacycles," Paoc I.R.E., vol. 24, pp. 1140-1157; August, 
(1936). 

'O. Pfetscher, and W Puhlmann, "tl'ber Habann-Generatoren grosser 
Leistung filr Ultrakurzwellen," Hoch,frequenz. und Elektroakustik, vol 47, p. 105; 
April, (1936). 

• I. M. Wigdortschik, "Die Geschwmdigkeitsverteilung der Elektronen 
unter dem Einfluss emes Magnetischen Feldes im Hochvakuumi" Phys. Zeit. der 
Sowjetunion, vol. 10, p. 245, (1936), and "A study of the surp us heating of a 
cathode in a magnetron," vol. 10, p. 634, (1936). 

•E.G. Lmder, "Improved magnetron oscillator for the generation of micro­
waves," Phys. Rev., vol. 45, p. 656j,_ May, (1934). 

10 I. Wolff, E.G. Linder.1,. and .tt., A. Braden, "Transmiaaion and reception of 
centimeter waves," Pxoc. I..tt..E., vol 23, pp. 11-23; January, (1935) 

u E. G. Linder, "Excess energy electrons in high vacuum tubes," Phys Rev., 
vol. 49,...p. 860· June 1, (1936). (Al:>ttraot.) 

u E. G. Linder.,,_ "Description and characteristics of the end-plat«- mag­
netron," Paoo. I,R,.i!i,, vol. 2,, pp. 683-658; April, 0986). 
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depends upon the amount of gas present. In the work descrioed. here 
it wss negligible, as will be shown later. 

The existence of these three different types of bombardment, i.e., 
(1) that due to oscillations, (2) that due to positive ions, and (3) that 
due to the effect discussed in this paper (scattering), is no doubt 
largely responsible for the divergent opinions among different investi­
gators, and the apparent inconsistency of some previous results. The 
present paper will deal only with the third type of bombardment, the 
first two beinit considered comparatively well-known and understood 
phenomena. 

No previous investigators appear to have stuilied the effect in very 
great detail. Langmuir's work seems to have been the most compre­
hensive, but his published account is brief, and no data are given. A 
small amount of data appear in the articles by Megaw, Pfetscher and 
Puhlmann, Wigdort,schik, and the writer. 

CURRENT FLOW AND SPACE CHARGE IN A MAGNETRON 

The present discussion will be confined to magnetrons. Much of it 
obviously will be directly applicable to tubes of the positive-grid type, 
but no attempt will be made to point this out or discuss it in this paper. 
We shaJl consider first a simple tube consisting of a cylindrical plate P, 
Fig. 1, and a concentric filamentary cathode C, mounted within an 
evacuated envelope. A uniform magnetic field is applied normal to the 
plane of the figure. • 

In the absence of a magnetic field, electrons emitted by the cathode 
travel along radial paths to the plate. If a weak field is applied these 
paths become curved. At a certain value of field, known as the "criti­
cal" magnetic field, the curvature becomes so great that electrons are 
unable to reach the plate, and after approaching it closely, return again 
toward the cathode as shown by T. Further increase in magnetic field 
strength causes a contraction of the dimensions of this path but no 
essential change in its shape until the path dimensions become com­
parable with the cathode diameter. The latter case will not be con­
sidered here. The path T represents that of an undisturbed electron 
It will be shown later that disturbances modify electron paths, es­
pecially near the cathode. However, the theory discussed in this sec­
tion is independent of path shape, it being assumed only that electrons 
return periodically to the neighborho.od of the cathode. 

When the magnetic field exceeds the critical value, so that eleotrons 
a.re unable to reach the plate, the plate current is said to be "cut off." 
It is under this circumstance that excess-energy electrons appear. The 
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conditions which then exist in the tube are of considerable interest, and 
importance. 

The simplest case is that in which each electron traverses a path 
such as T but once, and is then recaptured by the cathode. The current 
11 emitted by the C'athode is then c-qual to the returning current I,. 
The net current is zero. If electrons arc emitted at the corn,tant rate 
dN /dt, and if r is the time requirrd for one complete traversal of the 
path T, or radial oscillation, the number of electrons contained within 
the interelectrode space at any instant will be 

dN 
N = r- · (1) 

dt 

The case in which the elrctrons make on the avc>rage but one radial 
oscillation before returning to the cathode probably seldom actually 
occurs. Measurements made by the writer indicate that the average 
number of oscillations is of the order of one hundred in the tubes used 
in the pres<>nt work. Furthermor<> some current always flows to the 
plate in spite of the magnetic firld. (This will be> discussed later.) Equa­
tion (1) must therpfore be modified. 

Assume that dN elrctrons arc rmittrd in an interval of time dt 
short in comparison with the transit timer. In gene-ml during any one 
oscillation a fraction fh of these will be C'Ollectrd by the platr, and as 
they return to the vicinity of the cathode another fraction /32 of the 
initial total will be C'ollccted. Denote by {3 = {3 1 +/32 the total fraction 
collrcted in the first revolution. Then the fraction whiC'h starts from 
the cathode upon a second revolution will be a= l -{3. The time re­
quired for their passage of the cathode will be• dt. During that interval 
another group or dN electrons will be emitted. Hence the total number 
starting on the second cycle will be (1 +a.)dN. Similarly after m cycles 
the total number leaving the cathode will be (1 +a+a2+ • • • +a.m-1)dN. 
We shall consider only cases for which a<J, and make no distinction 
between reflected and secondary electrons. If there is a large amount of 
secondary emission a will exceed unity and the above series will not 
converge. However, if a< 1 and mis infinite this becomC's dN /(I-a). 
It is assumed here that the fraction lost on successive revolutions is a 
constant. This is probably not strictly true, so that a. should be re­
garded as a mean value. 

The total number of electrons in the interelectrode space may be 
found by taking the sum of all the above groups each leaving the 
cathode during an interval dt of the total period -r. These intervals are 
T/dt in number. However it must be remembered that of each group 
leaving the cathode a fraction /31 makes only one half a revolution. 
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Hence, while dN /(I-a) electrons travel from rathode to plate, only 
(l-/31)dN /(1-a) travel back from plate to cathode. The average 
number making the entire trip is 

1 ( dN d.V ) 2 - /31 dN 
- --+·(1-/31)-- =----
2 1 - a 1 - a 2 (1 - a) 

and the total number N in the intcrelrctrodr space at any instant is 
-r/dt times this, or 

2 - /31 T dN 
N = --- --- -- . 

2 1 - a dt . 
(2) 

Some special cac;rs ar<' of int<'rcst. (a) If no drrtroni'i arc collected 
by the plate and all arP collected by th<' filamrnt, then /31 =a=O. In 
this case, (2) reduces to (1). (b) If all are rollertrd by the platr, i.t:>., 
/31=1, a=0, then 

-r dN 
N=----· 

2 dt 

This is just one half the value given by (1), since all electrons 111akC' 
only one half a revolution. (t') As a-1, N becomes very lilrge, F>iJH'<' 
only a small fraction of the electrons are collerte<l by either plate or 
cathode. This means that a very small filament emission may cau,;p a 
large space charge by virtue of the elertrons making many oscillations 
before being captured. 

It is evident from (2) that -r/(1-a) represents the total average 
time D that an elrctron remain& in the interclectrode space, if /31 =O. 
Since Tis the time required for one radial oscillation, 1/(1-a) is the 
number of radial oscillations. This is valid regardless of the path shape. 
Hence we have 

T 
D=R-r=--

1 - l'l! 

where R is the total number of radial oscillations. 

(3) 

l\Iultiplying (2) by c and dividing by D, we may write the following 
relation between the various currents: 

for the case P1 =0. 

Ne 
11 =I,+ lp = -, 

D 
(4) 

Unfortunately a simple tube such as is shown in Fig. 1 is of little 
use experimentally since it does not permit the measurement of either 
11 or [,. In most of the work described below a modified design was 
employed in which the single filament C was replaced by two identical 
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tungsten wires C1 and C2 close together near the center of the tube, 
as in Fig. 2. Only one of these was heated and served as an electron 
source. The other served as a probe electrode. The distance between 
them was small in comparison to the plate diameter so that the electro­
static field was not greatly different from that in the tube of Fig. 1. 
Two tubes of this type were employed. They will be referred to as 
numbers I and II. They were of Pyrex 16.5 inches long and 1.5 inches 
in diameter. The plate, which was 10 inches long, consisted of a silver 
coating painted and baked on the inside of the glass. Electrodes C 1 

and C: were pure tungsten wires of 0.0125-centimeter diameter, held 
taut by spiral tungsten springs. The tube had also disk-shaped tan-

,T 

( 

p 

Fig. l -Trajccto1 y of an u n thsturbf'd 
electron in a magnetron, for the 
case when the magnetic field 
slightly exceeds cutoff value. 

I + 

Fig. 2-Schematic diagram of the 
circuit for tubes I and II. 

talum end plates positioned near the ends of the plate, but these 
played no part in the measurrmrnti, except when specifically men­
tioned. The magnetic field was supplied by a solenoid, which was built 
in s•:ctions, permitting the field to be applied only to the middle five 
inches of the tube, or to the entire tube, as was desired. By applying 
the field to only the central section, cyclic orbits were produced only in 
that section. However, current flowing radially from cathode to plate 
in the end sections produced potential distributions there not greatly 
different from that in the middle section, and thus errors due to end 
effects were reduced. 

With this type of tube, measurements of the returning current Ir 
could be made. If Ci be taken as the emitting electrode1 electrons leave 
it, traverse cyclic orbits, then arc collected by either Ci, C2, or the plate. 
The probability of collection is assumed equal for both of the filaments 
if at the same potential, because of their proximity and identical 
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form, and also, as will be shown later, because the electrons are sub­
jected to disturbances during their motion. The current collected by 
C 2 is indicated by meter A and is equal to one half of the total return­
ing current. 

The circuit was essentially as shown in Fig. 2. In order to eliminate 
the effect of the potential drop along the filament, a commutator was 
usrd with tubes I and II so that current collected by C2 was measured 
only during intervals when no heating currmt was flowing through C1. 
With tubes III and IV, which were of a different type, to be described 
later, no commutator was used since the filament drop was only about 
0.2 per cent of the plate potential. 

In Fig. 3 data are plotted illustrating the occurrence of space-charge 
limitation of current in tube I for small filament-emission currents with 
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Fig. a-Variation of probe current 
(milliamperes) with tempera­
ture~hm1ted emission (milli­
amperes) and plate potential 
(volts). I 0 /2 is the current 
actually indicated by meter A, 
Fig. 2, because of the use of a 
commutator it must be multi­
plied by two to get the total 
probe current. Tube I. 
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Fig. 4-Variation of end-plate cur­
rent (milliamperes)l plate cur­
rent (microamperesJ and mean 
random electron energy (elec­
tron volts), with temperature­
limited filament emission (milli­
amperes). v11 ... V.•400. Tube 
II. 

the magnetic field exceeding the cutoff value. I, is the saturated emis­
sion from the filament, measured by applying about 1000 volts to the 
plate in the absence of a magnetic field. The current collected by the 
probe electrode Ca is indicated by 1,)2. Each curve is lab'eled with the 
corresponding plate potential in volts. All of these curves show space­
charge limitation except the 400-volt one. A dashed line has been drawn 
approximately through the upper bend of each so that the region under 
this line represents the condition of space-charge limitation. Another 
set of similar data for tube II is shown in Fig. 4. This tube was identical 
with the first, but the magnetic field was applied to the entire length 
of the plate, and the end-plate current also was measured. Both plate 
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current I,, and end-plate current I, are shown. As should be expected 
these limit at substantially the same value of I,. I. limits somewhat 
indefinitely since the end plates draw current from portions of the 
filament, which are at varying distances from thC'm. 

In this case practically all the rurrrnt flowed to the end plates. 
The plate current (microampercs in the figure) was comparatively 
small. Tho current Ia to the probe was of the order of one milliampne. 
Therefore it is seen that space-charge limitation occurs for a filament 
emission of approximately 45 milliampereR, whereas cmic.;sion of about 
1500 milliamprrcs would be required in the absC'nce of n, magn<'tic 
field, as calculated from thC' Lnngmuir-Childs law. 

The effect is more striking in thr previous caRe of Fig. 3. Here all 
currents n.re negligibly small except 111 • Space-charge limitation occurs 
at la=0.25milliamperc,i.e., I1=1,=0.5milliampC're, for a plate volt­
age of 100. Without the magnetic field a current of about 11 = 98 
milliamperes would be required. This typical numerical case will be 
referred to repeatedly in the following pagrs. 

The distributions of potential an<l charge which produce space­
charge limitation in the presence of a magnetic field greater than the 
cutoff value are not the same as those in the absence of a magnetic 
field. However the difference is not very great,13 except clobc to the 
cathode. It follows that a fair n.pproximation to N can be obtained from 
the Langmuir-Childs law. Using as an exn.mplc the above-mentioned 
case of Fig-. 3, in which IP is negligiLle, so that we may put /j1 = O, we 
obtain N=15Xl08 and from (4) D=N,/11=4.SXI0-7 seconds. 

The time required for an undisturbed electron to execute a complete 
cycle is given by To= 6.5 X 10-sr / v'v, which yields in the present case 
6X10-9 seconds. Thus if the electron paths resemble those of un­
disturbed electrons, the number of cycles per electron is D/To or 80. 
This result is typical for tubes such as I or II. 

The relation between D and the plate voltage VP may be deter­
mined from (4), and the experimental data of Fig. 3. From the latter 
it is evident that I g1 i.e., 11, varies as the first power of V 11 in the space­
charge-limited region. Since N also changes as V 11 for space-charge 
limitation, it follows from (4) that D must remain constant as V11 is 
changed. This conclusion can be drawn only for the case in which H 
is varied so as to maintain an electron swarm of constant size, as was 
done experimentally. 

u H. G. Mliller, "Electronenbahnen und Mechanismus der SchwinJUngs­
erre1ung im Schlitzanodenmagnetron," Hochfrequenz. und Elektroackuatic, vol, 
47, p. 115; April, (1936). 
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ACTION OF A CYLINDRICAL COLLECTOR EI,ECTRODE IN AN ELECTRON 

SWARM IN WHICH SCATTERING OCCURS 

The theory will be developed for a probe in an electron swarm in 
which energy exchanges between electrons occur. The resulting equa­
tions will then be applied· to the experimental data. 

If a fraction of the orbital energy of an electron is converted into 
energy of random motion, the rlcctron will, in general, not be able to 
return to the cathode surface. For the present no hypothesis will be 
made regarding the mechanism of this energy conversion, but it will 
be assumPd that a mean amount of energy of V electron volts per elec­
tron is changed from the orbital to the random type, the total average 
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Fig. 6-Theoretical col­
lector characteristic ac­
cording to (10). 

energy per electron mnaining constant. On the average then, electrons 
will be able to travel towards the cathode only up ton limiting distance 
at which the potential is V. Electrons approaching the cathode will 
thus have zero orbital energy upon reaching an equipotential cylindri­
cal surface S surrounding the cathode, the potential of this surface 
being V, and its distance from the cathode r, see Fig. 5. Electrons on 
this surface retain their random motion, which, due to the assumed 
random nature of the energy exchanges, is Maxwellian in nature. 

It is evident that S possesses the properties of a virtual cathode. 
To determine its temperature, it is only necessary to equate the random 
energy to the kinetic energy of a gas in terms of temperature; i.e., 

3 
neV =- -nkT 

2 
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2 eV 
T=--· 

3 k 
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(5) 

The surface Sand the cathode C form a diode, in which a current 
11 flows from C to S, and a current I, flows from S to C. Under the con­
dition that the plate current is negligible, 11 = Ir, 

To compute /, we use thP expression developed by I. Langmuir 
and H. M. Mott-Smith,14 for the current from a cylindrical cathode at 
temperature To to an internal rylindricn.l collector against n retarding 
field. This is 

(6) 

where ro is the radius of the collector and lits length, I the saturated 
current density at S, e the electronic charge, k Boltzmann's constant, 
and To the electron temperature due to the cathode heat. 

If Jo is the space-charge-limited current we have in the present 
instance I =lo/21r'Fl. Also the temperature of Sis given by (5) plus that 
due to the real cathode. Hence, 

rolo - . [, = - E-eVfk(T+r,>. (7) 
f 

When a probe is inserted near the cathode, the returning current Ir 
divides between cathode and probe, and sheaths S1 and 82 form about 
each respectively. For simplicity these sheaths will be assumed to have 
circular cros:i section. The currents to each will be in the same ratio as 
their sheath areas, hence the probe current I, is, from (7) 

f2 To[ o -
· I = ---1, = --- E-•V/k(T+T,> 

I f1 + f2 f1 + f2 
(8) 

where r1 and rs are the sheath radii about cathode and probe, respec­
tively. This expression must be further modified if the probe potential 
V, differs from that of the cathode. In that case we must substitute for 
V the term V,- V since that is the actual potential difference. 

The radius of the sheath about the probe may vary with probe po­
tential, the sheath being forced farther away as the probe becomes 
more negative. If probe and cathode are of the same size, and both at 
zero potential, f1 • f2, but as the probe becomes negative f's increases 
by an amount Ar. Hence in place of f 1 +r2 we may write 2r1 +Ar. 

Reflections of electrons from the collector also must be considered. 
No distinction will be made between reflected and secondary electrons, 

14 R. M. Mott-Smith, and I. Langmuir, "The theory of collectors in gaseous 
dilobar1ee." Ph,,a. R811., vol. 28, p. 727; October, (1926). 
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and only the case will be considered in which the ratio of secondaries 
to primaries is low, i.e., less than unity. Thus the only effect of reflec­
tions or secondary emission will be to increase the number of oscilla­
tions. In case reflections occur, the factor ( 1-f), where f is the co­
efficient of reflection, must be introduced. Hence the final expression 
for probe current is 

or, 

Ia = (1 - /)rolo t•CVa-Y>lk(T+To> 

2f1 + Ar ' 

(1 - /)rolo e(Va - V) 
log Ia = log---- + ---- · 

2f1 + Ar k(T + To) · 

(9) 

(10) 

The Langmuir-Mott-Smith relation (6) used in deriving (9) is 
applicable in the presence of a magnetic field, providing the proper 
expression for the saturation current-be introduced. The method used 
above of expressing this current in terms of Io, is applicable for all 
values of magnetic field, and gives the proper value of the saturation 
current. 

If (10) be applied to space-charge-limited cases, Io will be constant, 
if VP is constant. As V 11 is varied Ar will change, but not greatly, and 
the logarithm of the term containing Ar will be but slightly affected. 
The reflection coefficient is in general a function of the incident elec­
tron energy, i.e., temperaturr. However, changes of V11 do not affect 
this, hence f is constant. It follows that (10) gives a nearly linear rela­
tion between log 111 and Va, 

The slope of the line obtained by plotting log 111 against V 11 is 
e/k(T+To). Hence the electron temperature may be determined. In 
the experimental work Tis so much greater than To that the latter may 
usually be neglected. 

Fig. 6 gives the collector characteristic according to (10), log 111 

being plotted against V 11 • It is linear only for Va< V. For V 11 = V, 
Ar= -ri+ro, and 111 = [(l-f)rolo]/(r1+ro). As V 11 incredses above V 
the current approaches the limiting value, 10• This is the limiting value 
only if the filament temperature is sufficiently high to maintain a space­
charge-limited condition; otherwise the limiting value will be lower. 
For very high positive probe potentials I O will depart considerably 
from the value for low probe potentials since the potential distribution 
in the tube will be considerably distorted, and secondary emission 
may become important. For these reasons (10) probably is not valid 
unless V 11 is small compared to VP, and also sufficiently small that 
secondary emission may be neglected. The actual characteristic would 
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therefore likely differ considerably from that of Fig. 6 for large positive 
values of V11 • 

The potential distribution near the probe or cathode for retarding 
potentials may be obtained by making use of Poisson's equation for 
cylinders 

__!_ ± (r d V) = 41rne, 
r dr dr 

(11) 

and Boltzmann's law, 
(12) 

which governs the charge distribution between the electrode and the 
virtual cathode. Inserting (12) in (11) and expanding gives 

d2V 1 dV - + - - = 41rn0eEVelkT. (13) 
dr 2 r dr 

The solution of this for V=O, and dV/dr=O, when r=O, is 

V = - : Vlog[l -(i~)] (14) 

where >., the Debye distance for the electron swarm near the collector 
where the density is no, is given by 

kT 
>,2 =--. 

81rnoe2 
(15) 

The electron density distribution is obtained by substituting (14) 
in (12), which gives 

(16) 

The radius of the virtual cathode is found by putting V =Vin (14). 
Thus, 

Similarly, 

r == v1 - E-314 4>. = 2.ox. 

ii == 4.48no, 

(17) 

(18) 

In applying these equations to the numerical case mentioned previ­
ously it is necessary to compute no, This may be done by use of the 
expression15 

11 I. Langmuir and K. T. Compton, "Electrical discharges in gases," R,11. 
Mod. Pk11a., vol. 3, p. 242; April~ (1931), 
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where 11 is the emission current density in amperes per square centi­
meter, and To the cathode temperature. This yields no=5Xl01, 

whence 
>. • 0.049 centimeter, 

and 
f = 0.14 centimeter. 

Expanding (14) in a power series we have 

whence it is evident that near the cathode V varies as r2, and as an 
increasingly higher power as the virtual cathode is approached. Be­
yond the virtual cathode the variation must approach the logarithmic-
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Fig. 7-Probe-current (m1llmmperes) curves for several values of magnetic 

field, versus probe potential (volts). Tube I II. 

law characteristic of concentric cylinders, it being remembered that 
although the current from the real cathode is space-charge limited, 
that from the virtual cathode is not. 

Fig. 7 illustrates the typical behavior of a magnetron under various 
magnetic field strengths, and shows the existence of excess-energy 
electrons. The tube used here was smaller than those previously de­
scribed, having a cylindrical tantalum plate of 2 millimeters radius, 
and 8 millimeters length. Two tungsten wires 0.0125 centimeter in 
diameter and 0.05 centimeter apart were positioned near the central 
axis and served as cathode and probe. This will be referred to as tube 
III. Its behavior was qualitatively the same as that of the larger tubes 
I and II. 

In the figure, probe current 10 is plotted against probe potential 
V11 , and curves are labeled with their corresponding magnet current 
I H• If the magnetic field is zero, the probe collects no current when it ia 
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at negative or zero potential, and a small, slowly increasing current 
as it becomes more positive. For a field a little below cutoff (IH=540) 
the behavior is unchanged qualitatively, but the current collected is 
larger. As the magnetic field passes through the cutoff value there is a 
sudden change in that the probe begins to collect electron; when it is 
negative, as is shown by the rurve for 111 =600. 

As the probe becomes increasingly negative the current collected 
approaches zero. If positive ions were present in appreciable numbers a 
point would eventually be reached where the electron current would be 
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Fig. 8-Probl' current charnc­
teristirs. A, axial probe. B, 
end-plate ,f,robes with 
greater tilt. l'ube III. 
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Fig. 9-Collcctor characteristics 
&howing extension of hnear por­
tion into region of positive po­
tenti:lls. Curve A, space-charge 
hm1ted, VP =300. Curve B, not 
s~ace-charge hm1ted, Vp =300. 
Curve C, space-charge limited, 
Vp=-150, 10 divided by 2.45 be­
fore plotting. Tube I I. 

negligible and the positive-ion current comparatively larg!:'. The curve 
would cross the horizontal axis, the actual crossing taking place when 
the electron and positive-ion currents were equal. This effect was ob­
served in only a few cases when the plate voltage and emission current 
were both high. However the amount of positive-ion current was al­
ways too small to play any important part in the tube behavior. 

Such curves as those of Fig. 7 should obey the relation (10). Two 
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examples are shown in Fig. 8,. in which I, is plotted versus V, on a 
semilog scale, yielding straight lines. These were obtained with tube 
IV, which was similar to tube III exc~pt for having disk-shaped end 
plates. Curve A was obtained with the plate at 1000 volts, the end 
plates at zero potential, and a temperature-limited filament emission of 
8 milliamperes. For curve B the end plates were used as probes. In 
this case the tilt of the tube in the magnetic field was not the same as 
in case A. It will be noted that for curve A, an appreciable number of 
electrons have excess energy equivalent to over 130 volts, while for B, 
energies over 220 volts appear. The mean random energy of the Max­
wellian distribution in case A is found to be V = 27 equivalent volts, 
which corresponds to a temperature of about 2101000 degrees centi­
grade. Although this would be considered a very high temperature for 
an electron swarm in a plasma, it is not unusually high for a swarm in 
a high-vacuum magnetron, such as those described here. Cases have 
been observed in which the temperature exceeded one-half million 
degrees. 

Equation (6) from which (9) was derived is valid only for retarding 
fields. Hence (9) should hold only for V,< V. For V,> Vthe linear rela­
tion between log 111 and V11 should no longer hold. Departures from this 
linear relation are shown in Fig. 8, curve A, and Fig. 9. Curves A and C, 
Fig. 9, were made under identical conditions except that the plate 
voltage and magnetic field were changed, as mentioned elsewhere, to 
maintain a constant electron swarm size. The cathode was held at a 
sufficiently high temperature to give space-charge limitation of emis­
sion current. The arrows indicate the points at which V11 = V, the 
value of V being determined from the slope of the line. In cur-ves A and 
C the break occurs as near the arrow as could be expected in view of 
the assumptions made in deriving (10). These results indicate that the 
energy of random motion is derived at the expense of the orbital mo­
tion of the electrons themselves, and not from some external source 
such as oscillations. 

Curve B shows the effect of reducing the filament temperature un­
til space-charge limitation does not exist. Except for a ~ower cathode 
temperature the conditions were identical with those of curve A. The 
decrease of slope of the linear portion indicates a higher electron ran­
dom energy. This effect will be discussed later. The arrow indicates 
the point where V,= V. It is evident that the break does not occur at 
this point if space-charge limitation is not maintained. 

In connection with these characteristics it should also be noted here 
that there is no abrupt increase in the probe current as V, passes 
through zero. Such an increase would occur if a.pprecia.ble numbers of 
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electrons did not undergo scattering, since they would possess sufficient 
energy just to reach the probe when it was at zero potential. The ab­
sence of any break in the curve at that point is evidence that essen­
tially all electrons are scattered. 

The change of the quantity !:,,.r is unimportant when V is large com­
pared to V0 for then f is large compared to !:,,.r. However, if Vis small, 
the effect of the change in !:,,.r may become noticeable. This is illus­
trated in Fig. 10. The decreasing slope with increasing plate potential 
indicates increasing electron random energy Vas is evident from {10). 
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Fig. IO-Probe current (milliamperes) against probe potential (volts) for 
various plate potentials. Tube I. 

It will be noticed that for high random energy (small slope) the points 
lie closer to straight lines than for low random energy. The plots for 
plate potentials from 50 to 150 volts show log 10 increasing more 
rapidly than linearly as V, approaches zero. This is interpreted as due 
to the decrease of t:.r in (10), which causes the right-hand logarithmic 
term to increase slightly instead of remaining constant. 

To apply (9) to the computation of the current for V0 -0, put 
V•3/2 k'l'/e, then 

(1 - J)rol oc111 

1,o------· 
2f'1 

For the reflection coefficientJuse the experimental data of H. E. Fama-
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worth.16 The space-chargc-limit<'d C'urrent lo is obtained by means of 
the Langmuir-Childs law. The virtual cathode radius f1 is calculated 
from (17), as shown abc,vC'. Values of / 11 thus computc>d from the data 
of Fig. 10 are shown a<, croR:a,c1, in Fig. 11. Values off were not available 
to permit calculation over a larger range. The points lie on a good 
straight line through the origin, although that such should be the case 
is not evident from the above equation. The experimental points, indi­
cated by circles, are in very good agreement with the calculated ones in 
view of the approximations made. The point for Vp=400 lies outside 
the space-charge-limited region (see Figs. 3 and 13) and hence should 
not follow the same law as the others. 
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Fig. 11-Probe currents for V0 ==0. Experimental (0) from data of Fig. 10; 
computed ( +) from (9). 

The above theory is therefore in good agreement with the c>xperi­
mental results since it explains (1) the linear relation between log I, 
and V,, (2) the existence of the linear relation for positive values of 
V, up to V, (3) the curvature of the log-I11-versus-V11 plots for small V, 
and (4) the current I, for V, =O. 

RELATION BETWEEN ELECTRON TEMPERATURE AND OTHEB 

VARIABLES 

It has been found that the mean random electron energy or tem­
perature is a function of the plate potential, the filament emission, the 
magnetic field, and the end-plate potential. Graphs showing the varia-

1• H. E. Farnsworth, "Electronic bombardment of metal surfaces," Phys. 
Ret1., vol. 25, p. 41; January, (1925). 
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tion with respect to plate potential are shown in Fig. 10 These were 
obtained with tube I, applying the magnetic field to the middle section 
only, so that the end plates played no part. The temperature-limited 
filament emission was 50 milliamperes. The magnetic field strength 
was varied with the plat_e potential in such a way as to confine the elec-

Fig. 12-Schematic diagram of cross section of magnetron showing electron 
swarm (crosshatched) and undisturbed electron path T 

trons (i.e., undisturbed ones) within a cylindrical sheath of constant 
radius, as is shown in Fig. 12. This diagram represents a cross section 
of the tube, the probe not being shown. The cross-hatched area indi­
cates the electron swarm in which individual undisturbed electrons 
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Fig. 13-Varia.tion of electron mean random enerp (electron volts) with plate 

potential (volts) and temperature-limited emission (milliamperes) Tube I 

execute trajectories outside the virtual cathode approximately as illus­
trated by curve T. The ratio of the plate radius r 11 to the swarm radius 
r1 was maintained at the arbitrary value of 2.7 This was done to insure 
that the changes observed would be due to plate-potential changc1:1 
a.lone and not to other factors associated with change of swarm size 
The graphs of Fig. 10 are similar to those of Fig. 8 but are taken for a 
variety of plate potentia.ls, as indicated by the figures on each curve. 
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The electron random energy is inversely proportional to the slope, 
hence the decreasing slope with increasing plate potential indicates 
increasing random energy 

A more comprehensive set of data, which shows the variation of 
random energy with both plate potential and temperature-limited 
filament emission, is given in Fig. 13 These curves are related to those 
of Fig. 3, being derived from the same set of data. The dashed lines in 
the two figures correspond to each other, and divide the space-charge­
limited regions from the nonlimited regions. It will be observed that 
the graphs are essentially horizontal straight lines in the limited re­
gions, indicating that changes in I, (i.e., filament temperature) have 
little or no effect upon V if space-charge limitation exists. However, if 
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Fig. 14-Lmear relation between electron random energy a.nd plate 

potential when current is space-charge limited. 

space-charge limitation does not exist, a decrease m I, results m a rapid 
nse m V, within Hence it appears that the random energy drops as 
space charge increases, until a limiting value 1S reached when the C\lr­
rent becomes space-charged limited. 

These same data show that V vanes directly as the first power of 
VP in the space-charge-limited region. Outside that region the varia­
tion is as some higher power This is illustrated in Fig. 14 in which are 
plotted data from Fig. 13 for l, = 150. It is seen that the points lie fairly 
well along a straight line except at V p==400. The latter point, however, 
lies outside the space-charge-limited region. If we had taken the points 
for some lower/,, say 75, they would have departed from the straight 
line much sooner, in fact at about Vp=200. 

The variation with respect to the magnetic field strength H is 
somewhat more complicated, as is evident from Fig. 15. These curves 
were made with tube II, which was a duplicate of tube I, except for 
having a somewhat better vacuum. The plate voltage- was 225, the 
end-plate voltage zero, the temperature-limited filament emission was 
25 milliamperes. 
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To obtain curve A the magnetic field was applied to the entire tube. 
This was done only to determine the cutoff point. (No cutoff is obtained 
when the field is applied to only a section of the tube, since then elec­
trons merely execute long spirals from the section in the magnetic field 
to a field-free section where they may reach the plate. Under this con­
dition the plate current changes but slightly as the critical value of 
magnetic field is passed through.) After curve A was obtained, the 
solenoid was reconnected so as to apply field to the mid-section only I as 
described above, and curves Band C were taken with that arrangement. 

50 /00 "8 ZOO Z5I 
Fig. 15-A. Cutoff characteristic of plate current (milliamperes). 

B. Probe current (microamperes). 
C. Corresponding electron mean random energy (electron volts). Tube 

II. 

Curve B indicates the change of probe current with magnetic field, 
while curve 9 shows the change of elec.tron random energy. These 
curves will be discussed more fully later, but it is desired to point out 
here that for values of magnetic field such that the electron sheath is 
well clear of the plate and yet large compared to the cathode-probe 
spacing, as section ab of C, the electron temperature appears to vary 
as the inverse first power of H. This is indicated if section ab be plotted 
on log-log paper. The departure from this relation below IH=120may 
be due to the elimination of the higher-energy electx:ons by the plate 
and the consequent reduction of temperature. As the field becomes 
stronger the sheath shrinks farther away from the plate, fewer high­
energy electrons are lost, and the inverse first-power law then becomeR 
apparent. 

The variation of the electron random energy with end-plate poten­
tial is qualitatively the same as with plate potential. That is, there is 
an increase of V with V,1 but the law of variation is not as simple as 
in the former case and has not been determined. A less simple law is 
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to be expected since the electrostatic field distribution is complicated 
by end plates. A similar dependence upon space charge also exists, for 
it can be shown that if there is space-charge limitation of current, varia­
tions of I, have no effect on V. However, if space-charge limitation of 
current does not exist then an increase of I, causes a decrease of V. 

Experimental data illustrating this arc given in Fig. 16. Here V is 
plotted as a function of I, for different values of V,. This figure is 
analogous to Fig. 13 in which the same quantities are plotted for differ­
ent values of V ,,. As in the former case, the graph can be divided into 
two regions as by the dashed line. Below this line V is seen to be sub­
stantially independent of I,, the temperature-limited emission, while 
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Fig. 16-Variation of electron random energy (electron volts) with respect to 
end-plate potential (volts) and temperature-limited filament emisE>ion (milli­
amperes). Tube II. 

above the line there is a marked dependence. It can be shown, as was 
done in the case of Fig. 13, that the region below the line represents 
the cases in which the cathode emission is space-charge limited whereas 
in the region above, space-charge limitation does not occur. The posi­
tion of the line cannot be sharply determined, of course, since the tran­
sition is a gradual one. In the figure it was roughly drawn through 
those points where the horizontal straight lines first show some up­
ward trend. 

Evidence that this upward trend of the curve arises from a depar­
ture from the space-charge-limited condition is given in Fig. 4. Here a 
curve of V (at V,==400) is plotted on the same sheet as curves of I. and 
I,, against I,. It is seen that the downward trend of V begins as I, and 
I,, commence to level off, and that the sharpest drop in V occurs ap­
proximately at the knee of the other curves, where space-charge limita­
tion occurs. 

RELATION BETWEEN ENERGY OF ORBITAL MOTION AND 

ELECTRON TEMPERATURE 

To compute the orbital energy of the undisturbed electrons we ref er 
again to Fig. 12. An undisturbed orbit is represented by T, in which 
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the distance of maximum excursion of the electron from the cathode 
is r1, ,v e shall determine the potential at ri, for the general case when 
the potential distribution is given hy 

V == vp(~r (19) 

whereµ. is determined by the amount of spare charge; e.g., it is <'qual 
to two thirds for space-charge limitntion.13 ·17 This Pxpression is used 
mainly to give a qualitative idea of the pffect of spart" rharge. lt is only 
approximately correct, but is a good approximation especially near the 
space-charge-limited region in which we are principally interested. 
Even when the electron swarm does not fill the entire interelectrode 
space the approximation is sufficiently good. 

Making use of Hull's18 differential equation for electron motion, 

(dr)2= 2eV(r) -(/Je)\2, 
dt m 2m 

we get the maximum value of r (i.e., r,) by putting dr/dt=O. This 
yields, after substituting from (19), 

~ = ( SmVp )'1<2-µ> 
Tp l/ 2erp2 

The critical cutoff value of His found by putting r1 =rp, hence 

SmVp u.2 = --, 
erP2 

and therefore· 
~ = (llc)21c2-,.> 
Tp Tl 

Substituting this in (19) yields 

( 
IT. )2,.1 c2-,.> 

V1 = Vp -
II 

In the space-charge-limited case µ. = 2/3, so that 

lie 
Vi=V-• 

p H 

(20) 

(21) 

(22) 

17 For a discussion of electron paths in magnetrons as a £unction of space 
charge, see E. G. Linder, •Desorlpiion and characteristics of the end-plate 
magnetron," Paoc. I.R.E:z. vol. 24, pp. 633-653; April, (1936). 

11 A. W. Hull, "The eneot of a uniform magnetic field on the motion or t'lec­
trons between coaxial cylinders," />hya. Rev., vol. 18, p. 31; July, (1921). 
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Thus it is seen that the maximum orbital energy e V 1 of the undisturbed 
electrons is directly proportional to V,. aud inversely proportional to H 
as is the electron random energy V, as determined experimentally. We 
may therefore write V = constant Vi, for space-charge limitation. 

For cases in which space-charge limitation is not attained, µ is less 
than two thirds. The relation (19) then less accurately represents the 
potential distribution but does so sufficiently well for the present pur­
poses. As V,, is increased,µ decreases, and the factor (Hc/H)2"/C2-,., in­
creases, instead of remaining constant as in the previous case. Hence V 1 

increases at a 'rate greater than the first power, as was found experi­
mentally for V in non-space-charge-limited cases. 

It has been found that tilting the tube slightly so that its axis is 
no longer parallel to the direction of the magnetic field causes an in­
crease in electron temperature. This is due to the resulting decrease 
in space charge by virtue of electrons reaching the plate by traveling 
along spirals whose axes parallel the field. The decrease in space charge 
causes a decrease in µ, resulting as above in an increase of V l• 

POSSIBLE CAUSES OF SCATTERING 

In the preceding discussion of electron motion and collector theory 
it was assumed that electron scattering existed, but no assumptions 
were made regarding its cause. The above theory is valid regardless of 
the source of the scattering; nevertheless some consideration of various 
possible causes is desirable, even though a satisfactory explanation has 
not been found. 

It has been shown that the electron random energy is derived from 
the orbital energy of the electrons themselves and not from some ex­
ternal source. It has also been shown that the scattering is such as to 
yield a Maxwellian distribution when the orbital energy is subtracted. 
Any satisfa,ctory mechanism must meet these conditions. 

Oscillations in the external circuits connected to the tube could con­
ceivably yield a Maxwellian distribution; however, the energy would 
not be supplied by the electrons themselves. Consequently no virtual 
cathode would be formed, and the law for the current to a probe would 
differ from that found. However this possibility was carefully investi­
gated since it has been so frequently suggested as an explanation. 

Experimental tests for such oscillations were made. With tubes of 
type III and IV oscillations were searched for down to wavelengths of 
several centimeters. A conventional radio wavemeter was used for the 
longer waves, while for the shorter ones a Lecher wire system, coupled 
to the tube, was employed. Audio-frequency modulation was.applied to 
the magnetron, and a crystal detector in the shorting bridge was con-
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nected to an audio-frequency amplifier. Excess-energy electrons were 
easily observed when no oscillations could be detected with this ap­
paratus. Further tests were made by connecting large condenserR across 
the leads of the tube; no effect whatsoever was observed upon the ex­
cess-energy-electron current. 

Additional evidence that oscillations are not the cause of this effect 
lies in the stability and reproducibility of the phenomena, and the 
smoothness of the curves obtained. If oscillations were present a more 
erratic behavior would be expected. 

Scattering by gas molecules would result in random energy being 
supplied at the expense of orbital energy. This type of scattering has 
been studied in detail by Langmuir1 and Langmuir and Jones191 who 
found a relationship between collector current and voltage of a differ­
ent type from that of (9). Furthermore the number of collisions be­
tween electrons and molecules may be computed, and is found to be 
far too small. If the data of Langmuir and Jones20 for nitrogen and 
75-volt electrons are used, and the pressure be assumed to be 10-a 
millimeters of mercury, it is found that for an electron path of 90 centi­
meters the probability of a collision is only about 0.02. 

Energy exchanges due to collisions between electrons satisfy all 
the assumed conditions. An expression for the mean-square angular 
deflection due to multiple impacts by an electron traversing a swarm 
of electrons has been derived by H. A. Wilson21 in connection with 
P-rayscatt~ring.It has been applied to electron scattering by Langmuir 
and Jones.20 The equation is 

_ 21re2nL P1 
q,2 =---log-· 

V2 Po 

Knowing the angle </,1 the mean transverse• energy for small angles 
is given by V = ¢2V1 where V is the energy before impact. Thus 
V == (21re2nL/V) log (Pi/Po), where n is electron density, Lis total path 
length, and P 1 and Po are the maximum and minimum distances of 
approach between the orbits of colliding electrons which need be con­
sidered. Their method of determination is given by Langmuir and 
Compton.22 Application of this expression to the numerical example 

u I. Langmuir and H. A. Jones, "Collisions between electrons and gas mole• 
cules," Phys. Rev., vol. 31, p. 357; March, (1928). 

20 I. Langmuir and H. A. Jones, "Collisions between electrons and gas mole­
cules," Phys. Rev., vol. 31, p. 390; March, (1928). 

11 H. A. Wilson, "On the scattering of t,-rays," Proc. Roy. Soc., Al 02, vol. 9, 
October, (1923). 

n I. Langmuir and K. T. Compton, "Electrical dischnrges in gases.'' Rev. 
Mod. Phu,., vol. 3, p. 219; April, (1931). 



278 ELECTRON TUBES, Volume I 

used above gives V • 0.055 volt whereas the experimental value ts 4.2 
volts. 

This same equation applies to scattering by positive ions. However, 
since the positive-ion density is much smaller than the electron density, 
the scattering also wili be much less. 

Electron oscilJations similar to plasma electron oscillations21 may 
exist in swarms of electrons, since the existence of positive ions is not 
necessary. There is no direct experimental evidence of their presence, 
in such swarms, but it is of interest that such oscillations have been 
suggested as a possible cause of electron scattering in strongly ionized 
gases,14 where the free electrons are found to possess a Maxwellian ve­
locity distribution which cannot be accounted for on the basis of ordi­
nary collisions. 

11 K. T. Compton and I. Langmuir, "Electrical discharges in gases," Rev. 
Mod. Ph'!/_a., vol. 2, p. 239; April, (1930). 

14 I. Langmuir, "Oscillations in ionized gases," Proc. Nat. Acad. Sci., vol. 14, 
p. 627; August, (192!:s). 



EFFECT OF ELECTRON TRANSIT TIME ON 
EFFICIENCY OF A POWER AMPLIFIER*t 

BY 

ANDREW V. HAEFF 

RCA Radiotron Dlvleion, RCA Manufacturing Company, Inc., 
Harrison, N. J. 

Summarg-,l!eaSl!l"c»ic11ts of the plate efficiency of a neuti-ali:ed triode 
(I/I/Jili/ie1· Of>emted at high f1·eq11e11cfrs 01·e 1·evo1·ted. The 1·es1dts arc com-
71arccl with tl10sr obtai11cd for c111 oscillator operated at the same frcq11e·11cy. 
At <t freq11e11ey at whieh the oseillato1· efficic11ey UJJJ>l'oaehes :c.:1·0 the 
r1111}1lificr cjficil'l11·y is to11nd to be rcdu1·cd to 011/y .50 JJ<'I" cent of the low­
f1·equency value. It is shown that lite difference in efficiency is 1il"i111al"ily 
d11c to a large vh,,sc angle bet ween the 1llate runc11t and the grid voltage 
produad by the clecfron fnmsit time. 

KN a recent paper1 W. G. Wagener discusses the effect of electron 
transit time on amplifier efliciency and presents generalized curves 
;,f transit-time-efficieney factors for triode oscillators and ampli­

fiers. Wagener refers to the work done early in 1936 by the author, 
who at that time suggested that in a neutralized amplifier, or in any 
amplifier in which the phase of output -.oltage is independent of the 
phase of input voltage, the efficiency of a tube as an amplifier will be 
higher than as a triode osl'illator at higher frequencies when, as a 
result of electron transit time, appreciable phase difference may exist 
between grid vo~tage and plate current. In order that this suggestion 
might be checked, curves vf plate efficiency versus transit angle were 
obtained for a push-pull cross-neutralized amplifier. These curve$ 
clea1·ly demonstrated the improved performance of a tube as an atnpli• 
fler and indicated the possibility of extending the high~frequency limit8 
of conventional tubes. It is the purpose of the present paper to present 
the otiginal data on amplifier efficiency as affected by electron transit 
time and to discuss the significance and usefulness of such informa• 
tion for the design of high-frequency power-amplifier tubes. 

The study of the effect of electron transit tirtte on the performance 
of tubes at high fl'equencies has been the subject of many 1·ece1:1t pub• 
lications. Starting with the otiginal work of Benham2 and other 
investigators, a.u.G we find that a satisfactory theory confirmed by 
oxpuriment, has been developed for analyzing the high-frequency per­
formance of conventional diodes and triodes. However, applicatlon of 

• Decimal Classification : R1385 X R334. 
t Reprinted ttom RCA Re'l1lew, July, 1989. 
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this theory is limited to receiving tubes because small radio-frequency 
signal amplitudes are assumed in the theory. The problem of high­
frequency power tubes where r-f voltages comparable with the d-c 
voltages are involved, still is in need of an adequate theoretical treat­
ment, although attempts to find a solution have already been made.7 

Lacking an adequate theory, a researcher and designer has to resort 
to experiment to obtain the quantitative information necessary for 
design of high-frequency power tubes. 

The purpose of the author's original work was to determine the 
effect of electron transit time on the plate efficiency of a tube operated 
as an amplifier and to compare it directly with the transit-time effect 
in the case of an oscillator. For this comparison to be sufficiently 

TUNING 
SLIDER 

GROUND 

LOAD 

TUNING 
SLIDER 

Fig. 1-.A schematic diagram of the amplifier circuit. 

significant, it was necessary to use the same tube, under the same 
operating conditions, and to use the same circuit both for the amplifier 
and for the oscillator tests, except for the addition of neutralizing con­
densers for the amplifier tests. The circuit is shown in Figure 1. Two 
developmental h-f triodes (similar to RCA-884) were used. Variable 
air condensers connected to grids and plates by short low-inductance 
leads were used for capacitive cross-neutralization. :UOw-loss, parallel­
wire, tuned transmission lines were used as circuit elements to facili­
tate tuning and loading adjustments. The filaments were also tuned 
by means of half-wave lines. The excitation for the amplifier was 
obtained from an oscillator coupled inductively to the grid lines. 
The load consisting of one or two ten-watt lamps was placed across 
the plate line and the value of output impedance was adjusted by 
varying the position of the load lamps along the plate line. It was 
found necessary to change the adjustments of the neutralizing con-
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densers when the frequency was changed because of lead inductance. 
For each frequency, the setting was adjusted to obtain a minimum 
tl'ansfer of energy from input to output circuit. The plate voltage 
was reduced below normal so that an increased power dissipation on 
the plate would not be a limitation at higher frequencies. 

First, oscillator-efficiency data for a frequency range from 180 to 
300 megacycles were obtained with the neutralizing condensers 
removed, and then the amplifier-efficiency data were taken. To obtain 
results which would directly indicate the relative plate efficiency of 
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Fig. 2-Variation with frequency of amplifier (11 .. ) and oscillator 
( 7/o) efficiency. 

oscillator and amplifier, the following procedure was adopted. The 
low-frequency performance as oscillator or amplifier was checked 
against the performance calculated from the static characteristic 
curves of each tube used in the experiment. The grid and plate cur­
rents were noted so that for amplification tests at high frequency, the 
grid excitation could always be adjusted to give approximately the 
same average grid and plate currents. This adjustment ,vas considered 
to indicate approximately the same input voltage, the error due to 
variation in magnitude and phase of plate voltage being small because 
nf the high amplification factor of the tube (µ. = 10). The negative 
bias on the grid was adjusted so as to obtain approximately class B 
operation at low frequency and was kept the same at higher fre­
qu&ncies. 
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Figure 2 shows the curves of oscillator efficiency ( f'/ 0 ) and amplifier 
efficiency ( 'I'/") versus frequency (f). The oscillator-efficlency curve 
extends practically to a limit of oscillations, i.e., f:::;: 810 Mo, where the 
efficiency approaches zero. The amplifier curve was measured only up 
to a frequency of 240 Mc because of the difficulties in neutralization 
at higher frequencies. It can be seen that at the limit, when oscillator 
efficiency approaches zero, the power-amplifier efficiency is reduced to 
only one-half of the normal efficiency obtained at low frequencies. (The 
difference in efficiencies at f = 0 is due to grid power required for 
excitation in thP CH'-P of an oc;c Illa tor.) 

' 
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Fig. 3-Effi.ciency factors for amplifier ( 11',) and o._cillator ( 11' 0 ) 

plotted against tht> mdex tran,;1t angle ( fJ ) • 

To make the abo, e information on variation of efficiency with 
frequency more generally useful, the curves were replotted as shown 
in Figure 3, Here the "transit-time efficiency factor" r/ (81) is plotted 
against the electmn transit angle (0). The transit-time efficiency 
factor r/ (0,) is defined as the ratio of efficiency at a given first 
(cathode-8'rid) ti-ansit angle to the efficiency at low frequency, i.e., 

(1) 

The transit angle Ov referred to above, can be called the index transit 
angle and is defined as the product of the operating angular frequency 
and the transit time between cathode and grid computed for peak rrid 
volta&'e at low frequency. Experience indicated that this gene:raliaed 
representation of experimental results, while not wholly justihd 
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theoretically, is very useful in analyzing and predicting the perform­
ance of tubes at high frequencies. 

It is realized, of course, that the index transit time is a ftctitiou1 
transit time and does not correspond to the actual electron transit 
time at high frequencies. However, it has been selected as a convenient 
transit-time index, easily calculable from tube dimensions and voltages. 
The formulas and chart, given by W. R. Ferris6 are very useful for 
this calculation. The actual transit time varies during the r-f cycle 
when the r-f voltage amplitudeR are large compared with direct volt-
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Fig. 4-Variation of electron transit angle in a temr,eratut'e limited 
diode during a positive half-cycle for different va ues of in~ 

transit angle. /3 expresses the time at which electrons 
leave the cathode. 

ages. To give an idea of variation of transit time during an r-f cycle, 
the curves of Figure 4 may be of interest, They represent the varia­
tion of transit angle in a temperature-limited diode during a positive 
half-cycle computed for the case of class B operation. The Crosses 
indicated in the figure correspond to the values of the index transit 
angle calculated for the peak voltage. 

One may expect that qualitatively an analogous situation exists 
in the caee of a space-charge-limited tube. The transit time fi:,r elec­
trons starting in the beginning and near the end of the positive half­
cycle will be greater than for electrons starting near the peak of the 
voltage wave. Some electrons starting near the end of the half-cycle 
will not reach the grid at all and will be returned to the cathode wf&. 
appreciable velocity to produce cathode bombardment. The actuil 
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shape of the current pulse has not been calculated, but a qualitative 
description given by Wagener1 is sufficient to explain the drop in 
efficiency of an amplifier. 

The decrease in efficiency with frequency of an oscillator is more 
rapid than in the case of an amplifier. Two effects contribute to this 
difference in performance. First, due to increased input-circuit losses 
and electron-input loading the driving power increases with frequency. 
Since it is derived from the plate output of the oscillator the apparent 
plate efficiency will be lower. However, an estimate of the additional 
driving power at the highest frequency indicated that it would account 
for only a 10 per cent reduction in output power as compared with 
the low-frequency performance. 

The second effect is the change in phase of plate current with 
respect to plate voltage due to electron transit time. In an oscillator 
employing grid-plate capacity for feed-back the coupling admittance 
at high frequencies is so high that the best adjustment that can be 
obtained is the one in which the grid-plate voltage phase does not 
differ materially from 180°. Therefore in the oscillator the phase shift 
in plate current due to electron transit time cannot be corrected. In 
the neutralized amplifier, however, the phase of output voltage can 
be adjusted for optimum condition, that is, a 180° phase angle between 
plate current and plate voltage can be realized even for large transit 
angles. If the electron loading effect is neglected and one assumes that 
the shape of the current pulse is a function of transit angle only and 
is the same for both the amplifier and oscillator, then one might con­
sider that the difference in efficiency in the case of an • oscillator is 
due primarily to the uncorrected phase angle between the place current 
and plate voltage. 

The efficiency of an oscillator and amplifier can be expressed as 

(2) 

(8) 

where 

,p = phase angle between the plate current and plate voltage of 
an oscillator due to electron transit time. 

J, = fundamental component of r-f plate current. 
E, = fundamental component of r-f plate voltage. 
111 = average plate current. 

E,, = average plate voltage. 
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If the magnitudes of currents and voltages are assumed to be the same 
in oscillator and amplifier, then the ratio of efficiencies will be 

'lo 
-=cost/, 
'la 

(4) 

As a first approximation, it may be assumed that the phase angle is 
directly proportional to transit angle, i.e., 

10 20 JO "'O ~o 
tL• DEGREES 

8 
Fie. 6-The experimental curve oi r,' .1'11'. and the function cos - I 

2 
plotted against the index transit angle. 

(5) 

Since at e, = 60°, "lol"la. = 0, we conclude that the constant of propor• 
:ionality K = 8/2. Therefore, 

'lo 8 
-=cos-8, 
'la 2 

(6) 

. . .,,~ 
In Figure 5 the experimental curve of -- computed from data 

.,,, a. 

of Figure 8 is shown together with the curve representing the reta­
tionahlp (6). In view of the experimental error, the agreement between 
the simple theory and the experiment is quite satisfactory. One may 
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consider, then, that the diffetence in efficiency of oscfllator and ampli­
fier is primarily due to the plate-current phase lag caused by finite 
electron transit time and that, as a first approximation, the efficiency 
of an amplifier can be calculated from the relationship (6) when the 
ose!illator efficiency is· known. 

The above information, although not complete and not as accurate 
as might be desirable, cnn be used aA a first approximation in the design 
of high-frequency tubes. To illm1trate its use, suppose it is desired 
to design a triode amplifier to he operail'd at a frequency f. Ordinarily 
from mechanical considerations a minimum grid-cathode spacing will 
be selected. Then the design will be carried out as is usually done for 
low-frequency tubes. The required peak g'l'i1l voltage will be calculated 
and then an estimate of the grid-cathode angle at the operating fre­
quency will be made. From the cm·w of Figure 3, the transit-time 
efficiency factor can be fouml ancl the previously assumed values of 
plate efficiency and plate dissipation conected accordingly, The tube 
dimensions are corrected to correspond to the new valtte of plate 
dissipation. A second approximation ca•1 then be made. 

In conclusion. it may be stated that at 1n·e,;ent empirical data are 
the only guide for the dcAigner of hig-h-fr<'quenry power tubes. The 
author is hopeful that a more refined expel"imPntal technique will make 
it possible to separate and evaluate accurately the different effects 
(circuit losses, grid-plate transit time) influencing the high-frequency 
performance of power tubes. Such an experimental analysis would 
greatly aid in the design of high-frequeney tube,;. In addition, the 
development of a satisfactory theory is also highly desirable and 
important, particularly when a cle,;ign of tubes differing materially 
from the conventional is contemplatNl. 
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AN ELECTRON OSCILLATOR WITH 
PLANE ELECTRODES*t 

BY 

B. J .. THOMPSON AND P. D. ZOTTU 

RCA Radlotron Company, Inc., 
Harrison, N. J. 

Summary 

This paper describes a new types of thermionic tube capable of pro­
ducing ultra-high frequencies by means of electron oscillations. Tubes of 
this type are characterized by having paralleled plane electrodes, instead of 
cylindrical electrodes as in the conventional Barkhausen-Kurz tubes, and a 
fourth element called a backing plate. 

The relations between wavelength and amplitude of oscillation and the 
various electrode potentials are shown by measurements on a typical tube. 
It is found that in these tubes the filament voltage is not critical, space­
charge-limited operation being satisfactory, and that only one mode of 
oscillation is obtained. Both of these factors appear to give these tubes an 
advantage in stability over cylindrical Barkhausen-Kurz tubes. 

A tube of the fiat type is described which has produced oscillations at 
a wavelength of less than 10 centimeters in the fundamental mode with a 
positive grid potential of 150 volts. 

(12 pages; 14 figures) 
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DESCRIPTION AND CHARACTERISTICS OF 
THE END-PLATE MAGNETRON'!!-j 

BY 

ERNEST G. LINDER 

RCA Manufacturilll' Company, Inc., 
Camden, N. J. 

Summarg 

A new t71pe of magnetron is described which is especiall71 adapted to 
the generation of centimeter waves. It possesses several advantagea 011w 
the 8itnple magnetron, namely: ( 1) greater stability with respect to fiuctua,. 
tioM of auppl11 t1oltagea, (2) leH tendeney to oscillate at undeair•d lonf 

• Decimal Clusiflcation: R881. 
t Proo. I. R. B., April, 1936, 
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waflelengtks, (8) greater effi,cienc'II, (4) greater output, and (6) greater 
ease of adjustment. Static and d'llna.mic characteris&ics are diBC'Ussed. The 
effect of space charge on electron motion and tube performance is treated 
mathematicall'II, and supporting e:i:perimental data are 1)'1'Hented. Eflidence 
iB given that for best operation an optimum aptue-charge condition is 
required, which can convenientl'II be established and maintaifled b11 tle use 
of end plates. Power output iB limited by a type of inatabilitt, in.volving 
electron bombardment of the filament, and apparently initiated by e:i:cesaifle 
space charge. 

(21 pages; 18 figures) 

RECENT DEVELOPMENTS OF THE CLASS B 
AUDIO- AND RADIO-FREQUENCY AMPLIFIERS•~t 

BY 

LoY E. BARTON 

RCA Manufacturing Company. Inc.. 
Camden, N. J. 

Sun11nar11 

Class B audio-frequency and radio-frequency amplifiers have many 
applications and distortion can be kept to a very low flalue if the necessary 
precautions are taken to prevent nonlinearity of such amplifiers. Undoubt­
edly, the moat important factor in the design of a class B amplifier for low 
distortion is the characteristic of the driver 8'1/Stem. Tube characteristics 
and the use of a 1)'1'oper load are also important but are more definite and 
more generally understood. 

The purpose of this paper is to present the results of recent develop­
ments of the class B audio and radio amplifiers to reduce distortion. The 
rfJB'Ulta of the inveatigationa indicate that a heavily loaded driv~ system 
in general iB undesirable because of the power conaumed and because such 
lotlding results in greater distortion than obtainable by other meam. 

The gn,.eral procedure adopted to reduce distortion was to prevent 
distortion in each unit of the amplifier system. Distortion balancing achetMa 
are not only cntical to adjust but are likely to introduce higher order har­
monica and aum and difference tones whicA may be more objectionable than 
a higher measured value of lower order harmonios. Actual performance 
data are 1)'1'esented for medium and relatively kig11, powered audio and radio 
systema. The neceasary input requirementa to permit the per/ ormance 
obtained are disCUBsed. 

Sufficient tkeorfl is given to make the paper complete tind to ah.ow 
that the actual performance of suck amplifiers can be quite tieC'Uratel11 
predicted if the neu,aarfl tube aha.raoteriatios ar11 known. 

(II pa,gett; 16 figures) 
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MAGNETRON OSCILLATORS 
FOR THE G~NERATION OF FREQUENCIES 

BETWEEN 300 AND 600 MEGACYCLES*t 

BY 

G. R. KILGORE 

RCA Manufacturing Company, Inc., 
Harrison, N. J. 

Summar11 

The need for vacuum tube genemtors capable of delivering appreciable 
power at frequencies from aoo f;o 600 megacycles is pointed out and the 
negative resistance magnetron iB suggested as one of the more promising 
generators for this purpose. 

An e:i:planation of the negtJtive re,istanoe characteristic in a split-anode 
magnetron iB given by means of a special tube which makes possible the 
visual study of electron paths. In this manner it i8 demonstrated how most 
of the electrons starting toward the higher potential plate reach the lower 
potential plate. 

From the static characteristics it is shown how the output, efficiency, 
and load re,istano, can be calculated, and from thie anal11sis it is concliuletl 
that the ftega.tive ruietance magnetron is es1entiaU11 a high efficiency device 
at low ftequencin. 

Measurements of effe,oifflcy at ultra-high, frequencie, are givn for 
,.,,eral ma,gn,trom und,r various operating conditions. It i, ooncludsd 
J,rotn tl,,,a, measur,ment, th,a,t the decreas, of efficiency at verfl high fr•• 
quencies is mainly due to electron-transit-time eff ~cts. A general curve is 
given ,hawing effe,cienc71 a, a function of the "tra,n&it-time ratio." Thia 
ourve indkat11 th,a,t for a tra,neit time of one-fifteenth of a period, a,ppro:i;i­
mat•l11 fift'II per cent ejftciffl01/ i, possible; for o,a,e..tenth, of ,.i ~riod, tAirti, 
per oent; and for one-fifth of a period, the el/i,oi,tr,t,ey w flBBIJfltiaU11 Hro. 

Two methoda ar, d••eribed /or increa,,ing tAe pla,te.odis,ipa,tion Utnet. 
One method is that of inorea.,ing the eteoti11• hea,t-dw1ipatin11 ar,ci b11 the 
u .. of an inten&Cll circuit o/ hetJ1J11 oond4tctora. The other method ilt th.a.t of 
a ,peoial 'Wa.tw-coolinq arran11ement which ttlao ma~, u,e of tAe internal 
oirouit oonatruction. 

1),x:Mnple, of l.a,bora,tot11 tube, are illustriited, mcltlllmg II radiation• 
600led tube ,wlt,iela. will tleU11er fi,ft,J watt, st 150 fMUG01JOl81 rind a water• 
ooolfltl tul,lll toMola. will 41li11'r 1. 00 'WOiUI cit /JOO mega1J¥Olt1. 

(18 J)tl,/leB; 16 figures) 
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A PUSH-PULL ULTRA-HIGH-FREQUENCY 
BEAM TETRODE*t 

BY 

A. K. WING 

RCA Manufacturing Company, Inc., 
Harrison, N. J. 

Summary 

291 

The design of a vacuum tube capable of delivering 10 watts useful 
power output at frequ~ncies of the order of 250 megacycles and with a d-c 
plate voltage of 400 volts and good economy of space and cathode power, iB 
discussed. In order to keep the physical dimensions of the tube small and 
to make it adaptable to straightforward circuit arrangements, the tube was 
designed as a push-pull beam tetrode. Unusual constructional features 
include the use of short, heavy leads sealed directly into the moulded gla.BB 
bulb. 

Characteristics of the tube are given. Tests show that the tube will 
operate as a stable Class C amplifier at frequencies up to 250 megacycles. 
At that frqeuency a power output of the order of 18 watts with an efficiency 
of 46 per cent has been obtained. Satisfactory operation as a frequency 
multiplier iB possible in the same frequency range. Oscillator operation has 
been obtained at considerably higher frequencies. The variation of output 
and efficiency with, frequency is shown. 

(11 pages; 6 figures) 

• Decimal Classification: R334. 
t RCA Review, July, 1939. 

THE ANODE-TANK-CIRCUIT MAGNETRON*t 

BY 

ERNEST G. LINDER 

RCA Manufacturing Company, Inc., 
Camden, N. J. 

8u.mmar11 
A new type of magnetron is described in which the split cylindrical 

anode is made appro~mately one-qua,rter wave in length, the two segments 
being short-circuited a,t one end. The anode resonates a,nd acts as a, ta.nk 
circuit. Thus difficulties due to interelectrode capa,cita,nce and tube, lea,d 
inductance are circumvented and a much greater heat radiating area iB 
r,1'0vided. An output of 110 watts at 1160 megacycl,s (8 centim,ters tcmve­
length) and a,n efficti,ncy of SB per oent is obta.inabte. Tke theory of the 
t.inodB tank circuit ii de'IJelor,ed, a.nd ,o,r,rBBsions are gi'IJen for wa,velength, 
internal resista.no•• and logarithmic dBcrement. 

('l PG6••; B figures: I tabus) 

• Decimal Classification: Rl88X855.5. 
t ProtJ. I. R. E., November, 1939. 



RECENT DEVELOPMENTS IN MINIATURE TUBES*t 
BY 

BERNARD SALZBERG AND D. G. BURNSIDE 

RCA Radlotron Division, RCA Manufacturing Company, 
Harrison, N. J, 

Summary-The development of two indirectly heated miniature tubes, a triode 
and a sharp cut-off amplifier pentode especially suited/or use at high frequencies, is 
described., The electrical and mechanical /actors involved in the design and applica­
tion of these tubes are discussed and their noHI structural appearance is described. 

Because of their decreased lead impedances, interelectrode capacitances, and 
transit time,, there miniature tubes allow considerable improvement to be made in 
high-frequency receiving equipment. It is poasible to operate the triode as an oscillator 
in a conventional circuit down to a wavelength of approximately 40 centimeters. The 
pentode can be operated as a radio-frequency amplifier down to a wavelength of ap­
proximately 70 centimeteres. It is practicable to obtain stable gains with it of from 
ten to fifteen at three meters, a wavelength at which standard tubes are almost entirely 
ineffectual. Both tubes can be used, down to much lower wavelengths, in exactly the 
same manner and/or the same applications that the corresponding conventional tubes 
are uaed; i.e., as oscillator&, amplifiers, detectors, converters, and as negative-resist­
ance de11ice11. 

The small size of the tubes and their novel structural design allow compact and 
convenient receiving equipment to be built. Even at the longer wavelengths, they are 
applicable to a large number of uses for which their excellent characteristica, small 
size, and low weight make them particularly useful. 

INTRODUCTION 

EARLY work on the extension of the high-frequency limit of 
receiving equipment, which made use of conventional radio­
frequency amplifier circuits built up around standard tubes, 

indicated that the amplifier section of the receiver became less and less 
effective as the signal frequency was increased and that ultimately, at 
frequencies of the order of one hundred megacycles, the amplifier was 
virtually useless. Similarly, the detector section and the oscillator sec­
tion (when one was employed) of the receiver became more and more in­
effectual as the frequency was raised and although they continued to 
operate beyond the limiting frequency of the amplifier, they too ulti­
mately became inoperative. Ipiprovements in the circuits proper re­
sulted in only relatively slight improvements in the over-all perform­
ance of the receiver, so that it became apparent that the tubes them­
selves limited the operation of the equipment. 

Recourse was then possible only to positive-grid operation of the 
available tubes, either in the oscillating state (Barkhausen-Kurz or 

• Decimal claaaiftcation: R880. 
t Reprinted from Proo. I.R.11:., Oct.ober, 19815. 
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Gill-Morrell), or in the nonoscillating· state (Hollmann or Carrara). 
These methods were not entirely satisfactory, however. With them, no 
cascaded amplification was obtainable at the carrier frequency, opera­
tion was invariably attended by high internal tube noise, over-all 
sensitivity was poor, careful adjustments were required, and the equip­
ment was generally unreliable, at least for anything more than experi­
mental use. 

B. J. Thompson realized that the limitations of the conventional 
tubes were the result of their size. G. M. Rose, Jr. and he built small 
tubes and with them conclusively demonstrated that the limitations to 
the successful operation of vacuum tubes at the higher frequencies may 
be overcome by reducing the dimensions of the tubes, 1.2 

The possibilities of such tubes aroused an interest sufficiently 
widespread to warrant further development, and the "acorn" tubes a.re 
the present results of this development work.' 

FACTORS INVOLVED IN THE DESIGN OF MINIATURE TUBES 

The essential principle upon which these tubes are based is the 
Model Theorem, or the Principle of Similitude. It is possible to show 
from the fundamental differential equations and the boundary condi­
tionij involved that if all of the linear dimensions of a tube structure are 
divided by a constant factor, say n, then the electrode currents, trans­
conductance, amplification factors, and plate resistance will remain 
substantially constant, but the lead inductances and capacitances, the 
tube capacita.aces, and the time of passage of the electrons between the 
various electrodes will be divided by n. The direct-current lead re­
sistances will be multiplied by n, but, the alt,ernating-current lead re­
sistances will ordinarily be increased by something less than this factor. 
The allowable plate dissipation and the available emission of the tube, 
however, will be divided by n2, and the current densities will be multi­
plied by n2• The latter considerations are important in any applica:tion 
of this principle to power amplifier or transmitter tubes. Physically, 
the tube will be reduced in its over-all dimensions by a factor n, and its 
weight by a factor n8• 

For mechanical reasons, however, it is not feasible to reduce all of 
of the tube dimensions to the same degree. For example, a reduction 
by a factor of four of all of the linear dimensions of the type 56 tube 
would require grid side rods of 6¼ mils diameter, grid wire of 0.83 mil 

1 B. J. Thompson, "Tubes to fit the wavelength," Electroni~,, Au11:1st,(1933). 
1 B. J. 'l'hompson and G. M. Rose Jr. "Vacuum tubes of small dimensions 

for UMI at extremely high frequencies,!. Paoc. I.R.E., vol. 21, pp. 1707-1721; 
December, (1933). 

• Bernard Salsberg, "Desip. and W!e of 'acorn' tubes for ultra-high frequen­
ciee, • Bhctroniu, September, {1934), 
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diameter, a cathode sleeve of 12½ mils diameter, and a cathode coo.tin~ 
of approximately 0.75 mil thickness. Parts of such minute dimensions 
would be extremely difficult to m11,nuf acLure with present-dayequipmen t. 
Consequently, as is usual in many engineering problems, it is nccc>s­
sary to arrive 11,t a practical solution which will give the essential results. 

In addition to the limitations imposed upon design by consideration 
of the internal structure, a number of electrical requirements must be 
considered in the design of such miniature tubes. For example, the 
tubes should not only be suitable for high-frequency work, but because 
their reduced size and weight are frequently advantageous at lower 
frequencies, it is desirable that they be suitable for practically any use 
to which the standard tubes can be put. They should be adaptable to 
either battery or alternating-current operation, and should require a 
minimum of beater power. Their electrode voltage and current ratings 
should be such as to fit, in so far as possible, existing auxiliary circuit 
equipment. A reasonable life expectation and good stability of charac­
teristics during life are also essential requirements,. As regards external 
structure, it is imperative that the basing designs be such as to permit 
the aging and testing operations incidental to the manufacture of the 
tubes to be carried out conveniently, and to allow easy intlertion of the 
tube in circuit equipment without introducing undue losses. The lead 
terminals should be placed so that they permit short connections he• 
tween the tubes and the associated circuits. Finally, 1t ls d(.>sirable that 
the tube designs be suitable for economical production maintainable 
within reasonably close electrical limits. 

Considerations such as these circumscribe the design of the tubes. 
Their static characteristics must be set by a study of the various uses 
to which the tubes might be put and by a careful weighing of their 
relative importance. For the triode, such considerations indicated the 
desirability of obtaining a plate resistance of the order of ten to fifteen 
kilohms and an amplification factor above fifteen, together with a ratio 
of grid-plate transconductance to plate current as high ae possible. For 
the sharp cut-off pentode, it was desirable to obtain under amplifier 
operating conditions a plate resistance of over one megohm and a 
transconductance of at least 1000 micromhos. 

To effect a significant improvement in high-frequency behavior, and 
yet have tubes which could be manufactured, it was decided to reduce 
the electrode spacings to minimum distances of the order of five mils. 
This reduction would extend the upper frequency limit of operation 
beyond that of existing commercial tubes by a factor of approximately 
four, and at the sapie time would keep the design of the tubes within 
the realm of attainable manufacturing ~ohnique. 
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To make the tubes suitable for general battery and altema.ting­
current use, the heater voltage was set at 6.3 volts. It was decided to 
use a conventional cylindrical cathode of the smq.llest practical di­
ameter in order to realize the minimum heater power. It.s length was so 
chosen that the desired static characteristics could be obtained with 
low interelectrode capacitances. Maximum plate voltages of 180 volts 
for the triode and 250 volts for the pC'ntode WC'rc chosen as consistent 
with the requirements of low transit time and good life performance. 

To obtain short leads, low lossC's, i:;uitable mPans for effective by­
passing at the higher frpquencies, and a practical form of base, it was 
necessary to abandon the conventional form of pinch istem and stand­
ard base assembly. Instead, the tube elements were connected to heavy 
leads suitably positioned and fastC>nC'd to mica spacC'rs; these leads 
were then sealed in and used as base pins. 

Except for transit-time considerations, the actual calculations in­
volved in the design of these tubes are similar in all respects to the usual 
tube structure calculations. These are of a scmil'mpirical nature, based 
in part upon known derivations of the i:;pace-charge-limited current 
between the elements of diodes of simple geometrical shape, and in 
part upon approximate analyses of the electrical fi('ld of tubes of ideal 
configurations.u 6 7 As regards th£' transit time betwem the various 
electrodes, it is import.ant for our· purposes to keep the distances 
traversed by the electrons as short as possible, and to get them moving 
as fast as possible (by making th<' <'ffective potentials in the planes of 
the various electrodes as high as possible) 

DF.SCHIPTIO:-.' OF THE TUBES 

The tubea are shown in Fig. 1, and their size can be judged from 
the size of the golf ball which is included in this group photograph. The 
remarkable resemblance of the triode to an acorn, both in size and 
shape, has resulted in the trade designation for these tubes as the 
"acorn" series. One of the practical difficulties which arose a~ a result 
of the small size of the tubes was the difficulty of etching the usual 
trade name and type number on the bulb. 

• I. Langmuir and K. T. Compton, "Electrical discha_rges in gases. Part II, 
Fundam~ntal phenomena in electrical discharges,' Rev. Mod. Phy,., vol. 3, p, 
191; April, (1931), 

1 F. B. Vogdes and F. R. Elder, "Formulas for the amplification constant for 
three-element tubes in which the diameter ol grid wires is large compared to the 
spacing," Phy11, lleu,, vol. 24, p. 683, (1924), 

• Bernard Salzberg, "AJ?plication of conformal transformation to some prob­
lem. in vacuum tube engmeerinc," Thesis for M.E.E. degree, Polytechnic 
Institute of Brooklyn 1933. 

7 S. Koizumi, "On the amplification constants of multi-electrode tubes,• 
lour,/, E. E. (Japan), Abstract!$, vol. 10, p 18, (198i), 
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The internal structures of the tubes are shown in Figs. 2 and 3. 
Both tubes are provided with a cylindrical cathode, inside of which is 
inserted a folded type of insulated heater. Fig. 4 illustrates the relative 
dimensions of this heater-cathode assembly and a common variety of 
pin. This gives some idea of the size of the parts and the precision and 
care required in the fabrication of such tubes. The No. 1 grids are 
elliptical in order to reduce the otherwise severe control effects of the 
side rods. The suppressor grid of the pcntode is particularly useful in 
reducing the reaction between control grid and plate. The various 
elements are spaced very closely along the minor axis of the grids­
where the cathode emission is most useful-in order to reduce the 

Fig. I-Miniature triode and pentode compared with golf ball. 

transit time and increase the transconductance, and somewhat less 
closely along the major axis in order to decrease the capacitances and 
increase the structural strength. 

In both tubes, two accurately punched mica spacers serve to hold 
the elements in position. In the triode, the whole assembly is fastened 
in place by means of small lugs which are bent out from the ends of the 
plate. In the pentode, an additional mica spacer is used to insulate the 
plate lugs from the shielding structure, the latter being held in place 
by means of two support rods. In both tubes, one of the mica spacers 
is used as a sort of a stem, the heavy base pins and the lighter leads to 
the electrodes being fastened around its periphery. The "getter" 
material is enclosed within a flat tab welded, in the triode, to one of 
the plate lugs, and in the pentode, to the shielding structure. 

The mount, in each case, is placed within a bulb which consists 
initially of two cup-shaped heavy preformed glass sections, the shal­
lower one of which has an exhaust pipe attached to it. The main seal, 
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and in the case of the triode the only seal, is of the joined-flare type, 
made at the plane of the tube leads between the two glass sections. 
After the sea.ling-in operation, these leads are cut quite short, the com-
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bination of the heavy glass of the joined-flare seal and the stub pins 
constituting a practical and extremely sturdy base. This arrangement 
obviates the need for soldering the tube to the circuit elements and also 
avoids the deleterious effects of the conventional base. The leads them­
selves are radial, the two heater leads being symmetrically placed 30 
degrees on either side of the cathode lead, the grid and plate leads (in 
the triode), 60 degrees apart on the same diameter as the heater leads. 
In the pentode, the latter two leads are replaced by the numbers 3 and 
2 grid leads, respectively, and the plate and control-grid leads are 
brought out at opposite ends of the bulb, a very convenient circuit 
arrangement. These lead arrangements provide the necessary separa­
tion between the active radio-frequency leads and the grounded radio­
frequency leads. In the pentode, the control-grid lead is brought out 
through the exhaust pipe, an innovation in tube manufacture: in­
cidentally, the resultant tube is thus a very special form of the "tipless" 
variety. The getter flash in this tube is of the dir'ected beam type, 
necessary because of the small size of the structure in order to avoid 
leakage between elements. The inside surface of the pentode bulb is 
coated with carbon to reduce the emission of secondary electrons which 
results from the bombardment of this surface by primary electrons 
which escape through the interstices between the mica spacer and 
plate. This is particularly important at the lower frequencies, where it 
is desirable to keep the high load impedances from being shunted by 
the additional plate losses introduced by such effects. 

CHARACTERISTICS 01'' 'l'HE TUBES 

I. Static and Low-Frequency Characteristics 
The heaters of both tubes are rated at 6.3 volts, making them suit­

able for both battery and alternating-current operation. The tubes 
themselves were designed so that the electrode voltages could be set at 
"pref erred" values. 

A typical plate family for the triode is shown in Fig. 5. Because of 
the reduced allowable plate dissipation, such miniature tubes are not 
especially suited for use as audio power amplifiers. Within maximum 
ratings, however, this tube is entirely suitable for audio-frequency 
amplifier and high-frequency oscillator uses. Operated as a class A 
audio ainplifier with a load of approximately 19,000 ohms, the triode 
delivers an undistorted pqwer output of 130 milliwatts. Table I shows 
the comparative characteristics of the miniature triode and a standard 
triode, type 76. It will be observed that at the same electrode voltages, 
not only is the minia.ture triode not in/erior to the conventional tube, 
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but it is actually superior to it. One point not specifically tabulated is 
the electron grid current which flows from the grid due to thermionic 
emission. This is negligible, even with abnormal beater voltages, due 
to a combination of methods which reduce the temperature of the grid 
and otherwise reduce the tendency of the grid to emit. The lower 
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Fig. 5-A typical plate famlly for the triode. 

capacitances of the miniature tube are very desirable at the lower 
frequencies, as well as the higher frequencies, because they allow higher 
gain over wider frequency spans. Laboratory tests of tubes of this type 
made up to the present writing have indicated over 1000 hours of con­
tinuous and useful life. 

T.~BLE I 
Co:.tPAR \ Tn·1: CRARACTl!ia1sT1cs 

RCA-76 RCA-955 Conventional 
Triode Acorn '!'riode 

Heater Voltage 6.3 6.3 volts 
Heater Current 0.30 0.15 amp 
Plate Voltage 180 180 volts 
Grid Voltage -9.8 -5.0 volts 

Plate Current 3.2 4.5 ma 
Ampli6oation Factor 13.8 25 
Plate R..,iatance 11200 12500 ohm• 
Grid-Plate Transconductance 1200 2000 ,.,mhos 

Input Capacitance 3.11 1.0 s Ou~ut Capacitance 2.5 0.6 
Grl -Plate Capacitance 2.8 1.4 

Figs. 6 and 7 illustrate typical plate and transfer families, respec­
tively, tor the minia.ture pentode. lt will be observed that these ate.tic 
oha.racteristlcs are similar to the usual chara.cteristlea obtained With 
conventional tubes ot this type; i.e., high grid-plate tra.tts<!Onductance, 
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Fig. 7-A typical control-grid plate transfer !amily !or the pentode. 

high plate resistance, and sharp cutoff. Table II shows the compara­
tive characteristics of the miniature pentode and a standard pentode1 

type 6C6. It will be observed, once more, that at the same electrode 
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voltages, the miniature pentode is actually superior to the conventional 
pentode, even on a strictly static comparison basis. 

TABLE II 
COMPARATIVE CB.ARACTERISTIC8 

Heater Voltage 
Heater Current 
Plate Voltage 
Screen Voltage 
Suppressor Voltage 
Control-Grid Voltage 

Plate Current 
Plate Resistance 
Control-Grid-Plate Transconductance 

Input Capacitance 
Output Capacitance 
Control-Grid-Plate Capacitance 

II. High-Frequency Characteristics 

RCA-6C6 
Conventional 

Pentode 

6.3 
0.30 

!?50 
100 

0 
-3.0 

2.1 
1.6 

1225 

5.0 
6.5 
0.010 

954 
Acorn Pentode 

6.3 
0.15 

250 
100 

0 
-3.0 

2.0 
1.5 

1400 

3.0 
3.0 
0.005 

volts 
amp 
volts 
volts 
volts 
volts 

ma 
megohms 
,.mboa 

,.,., 
j&p.{ 

""'f 

The reduction in size of these tubes has allowed operation of the 
triode as a radio-frequency feed-back oscillator in conventional circuit 
arrangements down to a wavelength somewhat below 40 centimeters, 
and the operation of the pentode as a radio-frequency amplifier, also 
in conventional circuit arrangements, down to wavelengths of the order 
of 70 centimeters. 

INPUT 
CIRCUIT 

, .. .l;. 0 

CATHODE 

PLATE. 

~- OUTPUT 
CIRCUIT 

"' : TUBE INPUT ADMITTANCE = 'L + I •• 
le : TUBE COUPLING ADMITTANCE : '• + J 6c 

lie : TUBE OUTPUT ADMITTANCE : f. + i ·• 
I,.: TUB£ TRANSF"ER ADMITTANCE : f., + I,.,. 

Fig. 8-The schematic first order equivalent amplifier circuit. 
representation of an amplifier tube. 

Fig. 8 shows the schematic first order equivalent amplifier circuit 
representation of an amplifier tube. In order to specify completely the 
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behavior of suoh a. tube at any frequency, it is necessary to specify 
the input, output, coupling, and transfer admittances at this frequancy. 
At low frequencies, the input and coupling admittances are essentially 
pure susceptances, capacitive in nature. The output admittance con-
1iata of the plate conductance, usually in a radio-frequency amplifier 
pentode quite small in magnitude, and a susceptance due to the output 
capacitance. The transfer admittance consists of only a real part, the 
familiar Qm, 

At high frequencies, the input admittance, and (unless the tube is 
well screened electrically) also the coupling admittance, acquire a, real 
part and an altered imaginary part. In addition, the output admittance 
acquires an increased conductance and an altered susoeptance, The 
transfer admittance also acquires an imaginary part. The increase, in 
the conductance components of the input, output, and coupling admit­
tances tends to reduce the gain which can be built up by the amplifier, 
and ultimately to limit its effectiveness. The change in the susceptance 
components of these admittances alters the tuning of the associated 
circuits, a.nd in the case of an oscillator provides a potential form of 
frequency variation. The phase shift in the tram~fer admittan"e makes 
oonditions for stability more favorable, but also affects the gain.8 These 
admittances are functions of the time of passage of the electrons be­
tween the various electrodes. Il. J. Thompson and W. R. Ferris of the 
RCA Radiotron Laboratory haYe already discussed the loading effects 
due to the increase of the input conductance of tubes at high frequen­
cies,' and W. R. Ferris and D. 0. North, also of the same laboratory, 
have made experimental and theoretical studies of this efl'ect.10 

Typic11,l results of measurements of the equivalent shunt input 
resistance of the "acorn" pent ode and the RCA-6C6 are shown in Fig. 
9. This is the component of resistance which is due to the actual elec­
tronic flow past the control grid. The heavy section of the curve indi­
cates the range over which measurements were made. The light line 
continuatione are extrapolations. There is some justification for this 
extrapolation procedure because thf'ory indicates that for small values 
of transit angle the conductance varies as the square of the frequency. 
The curves indioa.te that even at thirty meters, where it is perfectly 
feasible to build up a resonant circuit impedance of 150,000 ohms, the 
shunting effect of the conventional tubes is serious. At three meters, tt 

1 Be111ard SalabtrJ, "Notes on the theory of the single atage asnplifier," to 
be pu bllshed. 

• B. J. Thompson and W. R. Ferris, "Crid circuit losses in vacuum tubes at 
very hig!i frequencies," presented before joint U.R.S.1.-1.R.E. meeting, Wash­
inrton1 D. C. April 27, 198,t; Ab,traat published Paoc. I,R,E., vQI, 2:l, p. 683; 
.JuJle, l198•). 

u To be published. 
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a.mount• for conventional tubell to approximately 1600 ohms; this ex• 
plains why tae pin is so low at this waveleng;th when standard tubes 
a.re used. 

In addition to the shunting which is due to the finite time of passage 
of the electrons between the various electrodes, there is an additional 
loss incurred as a result of the dielectric losses in the tube-lead support 
-glass, socket, etc.-and as a result of the capacitive currents which 
flow by way of the lead wires through the tube capacitances. The latter 
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Fig. 9-The equivalent shunt input resistances of the "acornn pentode and the 
RCA•6C6 as a function of the frequency. This is the component of resiatance 
which is due to the actual electronic flow past the control grid. 

cause assumes importance at the high frequencies, as shown by the 
mrves of Fig. 10. Here is shown the shunting which takes place in the 
output circuit of a standard tube and of an early developmental 
"acorn" pentode which was used to study this effect. The losses are due 
partly to the dielectric loss, hut mainly to the capacitive outrents which 
passed through the leads. The same leads and by .. pass condensers W'ere 
used for both tubes. These curves are shown for the purpose of illus­
trating; how significant this effect may become, nnd therefore how im­
portant it ls to keep the radio-frequency losies in the oonnect.ing 
wires and the by•pass ea.pacltors as low as possible. As eeen from the 
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curves, this loss at the higher frequencies completely overshadows the 
shunting effect of the static or low-frequency plate resistance. 

The measurements of the input and output admittances of tubes 
were made by a substitution method. A resonant circuit was coupled 
to a high-frequency oscillator and the voltage developed across this 
circuit at resonance was measured by means of an "acorn" pentode 
voltmeter, of the type shown in Fig. 13. The tube was operated at small 
space currents to reduce the electronic loading effects to a minimum. 
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Fig. 10-The equivalent shunt output resistance of an early developmental 
"aoom" pentode and the RCA-6C6. This is the component of resistance 
which is aue to the cold resistance of the tubes and the associated connect­
ing wires. 

This measurement circuit was calibrated by placing resistors, whosE 
value at the operating frequency had been checked previously by a 
reactance substitution method, across the resonating capacitor, re­
tuning to resonance and plotting the resulting resonant voltage against 
resistance. The conductance component of the admittance of a tube 
under test was then indicated by the value of the resonant voltage. 
The susceptance component was given by the frequency and the 
change (of the tuning capacitor) required to establish resonance. 

The effects of the tube conductances on the associated input and 
output circuits ·may be minimized by matching the tube impedances 
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to these circuits. This may be done in a variety of ways, perhaps the 
simplest of which consists merely m connecting the tube at an inter­
mediate point on the coil. It should be emphasized that since the shunt-

Fig. 11-A typical triC'de osc11lator set-up. 

ing effects are considerably less for the mmiature tubes, there is less 
11e~d for circuit arrangements of this type for these tubes. However, 
even for them, it becomes desirable ultimately to make use of such 
schemes. 

,, 
INTERNAL 

,,,-SHIELD 

--~ING 
MRTITION 

Fig. 12-A typical shieldin1t arrangement for the miniature pentode. 

Field measurements of noise developed in tubes at high frequencies 
indicate that the miniature tubes are definitely superior to the conven­
tional tubes. Although elementary theory indicates that the shot noise 
in the plate circuit of a tube decreases with increasing interelectrodic 
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transit angle, the initiation of a noise component in the grid cirotJit 
which is a function of the cathode.grid and of the grid.screen tra.nsit 
angle results in an increase in the over-all noise.11 

Figs. 11 and 12 illustrate how conveniently these tubes fit in with 
high-frequency circuit requirements. In the triode, the leads arc ar­
ranged so that the active radio-frequency leads are on the opposite side 
of the flare seal from the radio-frpqucncy grounded leads. In the pen­
tode, the groundrd radio-frrquPncy leads are all brought out in the 

Fig. 13-A probe voltmeter u~ing :t miniature pentoie. 

plane of the flare seal, so that this may hP used as a ground reference 
plane. The two active radio-frrquenry )C'ncls urP hrought out at the 
ends of the tube, which permits a , Pry natural arrangement for 
connecting the tube to the input and to the output circuit. At high 
frequencies, it is usually dPsirah!P to bring nil ground-r<'turn connec­
tions to one point, to avoid radio-fr<'qt1<'ncy circ11lating currents in 
common impedances formed hy shi<'lds. 

Fig. 13 shows one of the many very useful miscellaneous applica­
tions of these tubes. A pent ode i,; mounted at the brad end of a shielded 
flexible cable and used ns a probe volt met <'r, t h11s prrmit ting the meas­
urement of voltages at thrir sourer. 

CoNcursI01'l's 

Because of their dccrrased lend impedances, interelectrode capaci­
tances and transit times, these miniature tubes allow considerable 
improvement to be made in high-frequency receiving equipment. It is 
possible to operate the triode as an oscillator in a conventional circuit 
down to a wavelength of approximately 40 centimeters. The pentode 
can be operated as a radio-frequency amplifier down to a wavelength of 
approximately 70 centimeters. It is practicable to obtain stable gains of 

11 Stuart Ballantine, "Schrot-eff'ect in high.frequency circuits," Jour. 
rrGnklin Jn4t,, vol. 206, no. 2, p. 159, (1928) 
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ten to fifteen at three meters, a wavelength at which the standard tubes 
arc almost entirely ineffectual. Both tubes can be used, down to much 
lower wavelengths, in exactly the same manner and for the same ap­
plications that the corresponding conventional tubes are used; i.e., as 
oscillators, amplifiers, detectors, converters, and as negative-resistance 
devices. 

The small size of the tubes and their novel structural arrangements 
allow compact and convlmient receiving equipment to be built. Even 
at the higher wavelengths, they are applicable to a large number of 
uses for which their size, low weight, and excellent characteristics make 
them particularly useful. 
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A NEW TUBE FOR USE IN SUPERHETERODYNE 
FREQUENCY CONVERSION SYSTEMS*t 

BY 

C. F. NESSLAGE, E. W. HEROLD, AND W. A. HARRIS 

RCA Radlotron Dh·islon, RCA Manufacturing Company, Inc., 
Harrison, 1'. J. 

Summary-The major disadvantage of existing methods of frequency mixing 
is found in high-frequency operation u:ith comparatively low intermediate frequen­
cies, ichere serious coupling exists betu-een oscillator and signal circuits in spite of 
electrostatic screening. Suppressor modulation of a radio-frequency pentode largely 
overcomes many of the defects but the oscillator voltage required is large and the low 
plate resi,tance limits the gain. For these reasons, a new tube has been developed 
(designated the 6L7) wherein the above disadvantages are largely overcome. The new 
tube contains five grids: the first grid is a remote cutoff signal grid, the second and 
fourth are screens, the third is used as the modulator grid controlled by a separate 
oscillator tube, and the fifth grid is a suppressor. The ideal characteristics of such a 
tube are derived. The actual characteristics of the tube developed are shown and a 
brief discussion of the results obtained is given. A discussion of the flow of electron 
current to a negative grid due to an unusual transit-time effect at high frequencies ia 
given and it is shown that operation with sufficient grid bias reduce 1 the phenom­
enon. 

The characteristics of this tube also make it particularly suitable for use as a 
radio-frequency amplifier in receivers where the available automatic volume control 
or detector voltage is low; in this case the automatic volume control voltage is applied 
to both No. 1 and No. S grids. 

Although not primarily intended for the purpose, the tube is also suitabu for 
u,e in the volume expansion of recorded music. Such application provides for an 
effective means of emphasizing the crescendos and diminuendo, of the music. A brief 
deacription of a method of accomplishing this is given. 

INTRODUCTION 

IN A previous discussion by one of the authors of this paper,1 it 
was pointed out that with the present usual procedures for obtain­
ing frequency mixing, considerable loss in gain at high frequencies 

was experienced because of space charge and other coupling between 
oscillator and radio-frequency signal circuits. It was also sliown that 
suppressor modulation of a radio-frequency pentode largely overcomes 
these difficulties, but has the serious disadvantages of large oscillator 
voltage requirements and low plate resistance. It is the purpose of this 
paper to describe the development of a tube which overcomes these lat­
ter faults and yet retains the advantages of outer-grid modulation. 

• Decimal classiflcation: RSSO X R361. 
t Reprinted from Proc. I.R.E,, February, 1986. 
1 W. A. Harris, "The application of superheterodyne, frequency con­

version systems to multlrange receivers," Proc. I.R.E., Vol, 23, pp. 279-294; 
April (1935). 
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GENERAL DISCUSSION OF MIKER OPERATION 

Referring to Fig. 11 it is seen that the tube consists of a cathode, 
an anode, and five grids having the following functions: 

The first grid is the radio-frequency or control grid of the tube. 
It is of the remote cutoff type, thus minimizing radio-frequency dis­
tortion, cross modulation, and affording the conveniences of automatic 
volume control. The transconductance of this grid to the plate is made 
as high as possible without abnormal electrode spacings. 

The purpose of the second grid is to accelerate the electrons simi­
larly to a space-charge grid and also to provide screening between the 
first grid and the other electrodes of the tube. 

'f + 

Fig. I-Typical mixer circuit using 6L7 tube. 

The third grid is modulated by the separate oscillator signal. In 
order to eliminate the disadvantages of large oscillator-signal require­
ments noted on existing pentodes, it has been made with a fairly high 
amplification factor. 

The fourth grid is a screen internally connected to the second grid 
and serves as a means of securing high plate resistance to prevent the 
reduction in plate resistance noted in the case of the radio-frequency 
pentode with suppressor modulation. 

The fifth grid is connected internally to the cathode and serves as 
a suppressor of secondary emission. This grid is included to assure high 
r~ and to permit operation a.t low plate voltages. 

Since the No. 31 or modulator I grid is the most important element in 
overcoming the disadvantages of present pentodes in suppressor-modu­
lation circuits, an analysis of its specific characteristics will be given at 
this point. To do so, it is necessary to review and analyze some con­
verter th.eory. 
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Frequency conversion in a tube of the type considered may be re­
garded as a process of modulating the oscillator frequency by the signal 
frequency, the percentage modulation being very small in the usual 
case of large oscillator and small signal-frequency components in the 
plate current. Stated in other words, the amplitude of the oscillator­
frequency component of the plate current is varied slightly at the signal 
frequency, one of the resulting side bands being the desired intermedi­
ate frequency. Because of the assumption that the modulation is small, 
high order nonlinear effects may be neglected. As is well known, the 
amplitude of one of these side bands is exactly one half the fractional 
modulation multiplied by the normal carrier amplitude (in this case 
the oscillator-frequency amplitude). Therefore, the intermediate-fre­
quency component of the plate current is given by 

m 
lu = -losa• 

2 

Now the change in oscillator-frequency amplitude is the product of 
the rate of change of this amplitude with signal voltage and the signal 
voltage, so that the change in oscillator-frequency amplituJe is 

olo•e 
change in I o,o = -- eg1 

iJE01 

and hence the fractional change m is 

Thus, 

1 ;J[OH 
m=--egi, 

lo.c iJE., 

1 rJlo,o 
I,r c::: - --eg1, 

2 aE.1 

Defining the conversion conductance as 

lu 
,. &:: -

eoi 
it is seen that 

1 a1 ,,.. ,.=---· 
2 aE., 

If the plate current of this tube be expanded by Fourier analyala, it 
can be shown that the amplitude of the oscillator-frequency component 
ll 

1 f + .. 
lo1e == - h COS wld(wt) 

'Ir -r 
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where "' is the angular velocity of the oscillator. 
,Ta.king the partial derivative of this with respect to the control-

grid voltage, we have 

oio•o 1 f +r al,, -- = - -- cos c,,td(c,,t) 
oEa, 1r -r oEa, 

= ~ f r 8m1 COS c,,td(c,,t) 
11' -r 

where Bmi is the transconductance between No. 1 grid and plate. 
It is therefore seen that the conversion transconductance· 

1 f .. 80 = - s..,, cos c,,td(c,,t). 
211' -r 

If the conversion conductance is required to be a. maximum, the 
tube should operate only when cos c,,t is positive, that is, only :when the 
oscillator swings from -1r/2 to 1r/2. The s.., should be cut off during 
other angles because the change in sign of cos wt then would decrease 

E•• 
Fig. 2-Firet gr£d-to1late transconductance as a function of third grid bias: 

, ideal; B, actual; C, limiting case. 

the integral. Again, during the interval -71'/2 to 1r/2, s..,1 should remain 
:at its maximum. Thus maximum conversion conductance 

1 f r/2 8m1 mas 
Bo mu: = - Sm mu: COS wtd(c,,t) = ---· 

,271' -r/1 r 

This means that the conversion conductance of a mixer tube cannot 
exceed l/1r times the maximums.,. between the control grid and output 
element. In terms of the proposed mixer-tube parameters, it indicates 
that the shape of the s .. 1 vs. E 01 curve should be that of curve (A) of 
Fig. 2. Actually it is almost impossible to obtain a curve of this shape 
in a tube, but it is possible to obtain an S~sha.ped curve similar to (B) 
in the diagram. As a limiting factor, then, we may inspect the Be in 
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ihe case where Sm1 varies directly with Ea1 as indicated in curve (C'J of 
the same diagram. Applying the expression for s,,.1 in this case to the 
above formulas for s., it can be shown that 

81111 max 
So== ---

4 

Assuming then that the oscillator voltage is sufficient to swing the 
No. 3 grid from cutoff through maximum s,,.1 back to cutoff in the in­
terval -1r/2 to 1r/2, it will be found that the.s. of the tube will lie be-

8,..1 ma:ir Sm1 

tween --- and "'"x • From a receiver application standpoint, 
4 7r 

it is desirable to keep this oscillator voltage requirement as low as pos­
sible, so that the No. 3 grid characteristic should have a high value of 
s,,.1 at the maximum positive swing, be fairly saturated, and cut off as 
sharply as possible. 

The tube embodying these refinements in outer-grid modulation 
has been designated.as the 6L7. The characteristics of an average 6L7 
together with typical operating conditions may briefly i:>c tabulated: 

6L7 CONVERTER OPERATION 

E1=6.3 
-3 
100 

-10 
250 

12 
360pmhoa 

lmeg+ 
6.2ma 
2.4ma 

z,-o.aoo 
-6 
150 . 
-15 (oscillator voltacesuperimpoaedJ 

250 
18 

36011mhoe 
lmeg+ 
8.3ma 
3.2ma 

It will be noticed that one of the recommended screen voltages is 
150 volts and is used with a normal bias of -6 volts. These values are 
higher than those usually employed. The reason for the choice of these 
voltages lies in an unusual phenomenon found at very high frequencies 
in the use of these tubes where a few microamperes positive grid current 
flows in the No. 1 grid circuit, even though this grid is biased negative­
ly. This current was first observed by V. D. Landon of the RCA Victor 
Division ina typical converter circuit where 100 volts on the screen and 
-3 volts on the control grid were used. This effect is not to be confused 
with the spaoe-charge coupling observed in pentagrid converters but 
is caused by forces acting on the electrons during their time of transit 
and may be explained as follows: 

When the No. 3 grid is swinging slightly negative, part of-the elec­
trons approaching it is turned back towards the positive No. 2 grid. 
During their time of transit, that is, before they reach the No. 2 ~ 
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on the way back, the No. 3 grid swings more negative. This increases 
the potential gradient in the No. 2 grid to No. 3 grid region, and an 
additional force is exerted on the returning electrons. When the fre­
quency is high, this is sufficient to cause some of those electrons which 
pass through the No. 2 grid wires to overcome the retarding field near 
the No. 1 grid and flow through that circuit. When calculations are 
made on this additional imposed force on the electrons in terms of the 
No. 2 to No. 3 grid distance, the No. 3 grid frequency, and voltages 
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Fig. 3-First grid-to-plate transconductance characteristics 
for the 6L7. E.,_ held constant. 

under conditions resulting in grid current, it is found that the force im­
posed on the electrons during one trip is insufficient to overcome the 
retarding field near the No. 1 grid. It must, therefore, be assumed that 
the electrons make several trips through the No. 2 grid, those electrons 
which pass between the·No. 2 grid wires picking up a small amount of 
energy each time until they acquire the amount necessary to enable 
them to reach the No. 1 grid. The additional force applied to the elec­
trons by this effect is found to be proportional to the oscillator fre­
quency, the transit time of the electrons, and the oscillator amplitude. 
Measurements at thirty mega.cycles using a fifteen-volt oscillator signal 
indicate that -6 volts bias on the No. 1 grid is sufficient to cut off the 
grid current. For this reason, it is recommended that for the use of the 
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6L7 in the short-wave bands a minimum bias of -6 volts be used on 
the No. 1 grid. When this bias is used, the screen voltage may be in­
creased to 150 volts to increase the conversion gain. At still higher fre­
quencies, grid current may be avoided by further increase in bias or 
by reduction of the oscillator voltage, but the screen voltage should not 
exceed 150 volts. 

The characteristic curves of an average tube which are of impor­
tance in converter operation are the sm1 vs. E., curves, which determine 
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Fig. 4-0peration characteristics for type 6L7. 

the ,. as outlined above, and the s. vs. E.1 curve, which shows the con­
trol action and cross-modulation characteristics: The former curve is 
shown in Fig. 3 for a screen voltage of 150 volts and also for 100 volts. 
It will be observed that the latter voltage permits just as highs. as 
the former (since the maximums,,. is about the same) and requires con­
siderably less oscillator voltage. Inasmuch as the cathode current is 
also lower under this condition it may be advisable to use it when the 
upper frequency limit is twenty megacycles or less. For higher frequen­
cies than this, enough advantage is usually obtained from the 150-volt 
screen operation to justify its use. 

The ,. vs. E., curves of an average tube are shown in Fig. 4. Thia 
outs off at approximately -50 for 150 volts ou the screen and at -36 
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for 100 volts on the screen as shown. The curves are plotted semHog 
to illustrate the remote cutoff characteristics. 

The performance of the tube with variation in oscillator voltage 
is shown on Fig. 5, where the Sc is plotted against E.1 for various values 
of oscillator voltage. An inspection of the curves shows that the highest 
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Fig. 5-0peration characteristics of type 6L7 as a mixer. 
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Fig. 6-Another typical mixer circuit for the type 6L7. 

Bo is obtained by using a large oscillator signal. It will also be noted that. 
for best results, the peak oscillator voltage exceeds the bias of the No. 3 
grid, causing current to flow between this grid and cathode. This makes 
it convenient to obtain the biasing voltage Ea, as the drop resulting 
from the flow of grid current through a grid-leak resistor. In Fig. 1, 
the bias is obtained by current through a grid leak common to the 
oscillator and '617 tubes. In Fig. 6, the bias.is obtained by current 
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flowing through a separate leak for the No . .3 grid. The latter circuit 
permits connecting the No. 3 grid to any point in the oscillator circuit 
(for example, the plate) ·and is also helpful in reducing the effect of the 
No. 3 grid-to-ground ~apacitance of the 6L7 on the oscillator tuned cir­
cuit. 

Some measured advantages2 of the 6L 7 over pentagrid converters 
in typical mixer circuits were found to be the following: 

1. An increase in gain of between 5 and 8 to 1 at twenty mega­
cycles. 

2. Appreciably less required oscillator power, resulting in greater 
stability of the oscillator circuit. 

3. Improved selectivity and increased gain in the first intermediate­
frequency circuit because of the high r p• 

4. Easier alignment of tuned circuits due to less reaction between 
radio-frequency and oscillator components. 

5. A greater range of operating frequencies. Good results have been 
obtained at 60 megacycles, whereas A7 type tubes will not ope­
rate well at frequencies above forty megacycles even when a 
separate oscillator is used. At forty megacycles, Lhe improve­
ment in sensitivity was measured as a 20-to-1 ratio over that of 
the pentagrid converter circuit. 

The application of the 6L7 tube to radio receivers is not confined to 
converter operation alone, as the following discussion will show. 

APPLICATION OF THE TUBE AS A RADIO-FREQUENCY AMPLIFIER 

If a curve of Sm1 vs. Ec1 is plotted for various negative potentials on 
the No. 3 grid, it will be noted that at more negative biases on the No. 3 
grid, lower No. 1 grid-plate transconductance is obtained (Fig. 7). 
This phenomenon may be utilized in the circuit shown on the diagram. 
In this case, the tube is used as a radio-frequency amplifier with the 
automl3,tic volume control voltage applied to the No. 1 grid and also 
to the No. 3 grid. The dotted line on the curves indicates the cutoff 
characteristic of Sm vs. automatic volume control voltage. It will be 
seen that, for a given automatic volume control voltage, a wide con­
troJ of gain can be effected. This connection is particularly useful in 
midget sets where the voltage at the detector is limited, and affords 
a means of securing sharper automatic volume control action than is 
now possible with existing pentodes in these sets. Since the signal 
swings over the solid curves and operating points are determined by 
their intersections with the dotted curve, the cross modulation and 

1 We are indebted to the RCA Victor Division for these fliur.._ 
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radio-frequency distortion are approximately the same as with con­
ventional tubes. The extremely low No. 1 grid-plate capacitance is an 
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Fig. 7-First grid-to-plate transcondurtanre characteristic& of the type 6L7. 

advantage in many applications. Typical operating con<liiions for the 
tube as a radio-frequency amplifier are shown below: 

6L7 A8 RADIO-FREQUENCY AMPLIFIER 

Heater voltage 
Heater current 
Plate volta11te 
Control-grid voltage 
Control-grid voltsge 
Screen voltage 
TranBCOnductance 
Plate cumm t 
Screen Current 
Plate reaiatance 
Direct Intereleotrode Capac,tancca: 

Input 80 ppf 
Output 12 5 pp( 
Grid-plate O 0006 maz. pp( 

6 3 volts 
0.3 amperes 

250 max. volte 
-3 volte 
-3 volte 
100 volts 

1100 micromhos 
5 3 milliamperes 
5 5 milbnmperes 
0.8 megohms 

APPLICATION OF THE TUBE IN VoLUME EXPANSION Cmcu1Ts 

Considerable interest has been shown recently in methods of com­
pensating for the necessary contraction of volume range in practical 
systems for reproducing music. Although not primarily intended for 
the purpose, the 6L7 has been found adaptable to this application. The 
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simplest system for accomplishing this "volume-expansion" consists in 
increasing the gain of an amplifier tube in the audio system by means 
of a direct voltage proportional to the average level of the music. 3 

One method of effecting this with the 6L7 tube is to connect the signal 
to the No. 1 grid and to apply the volume controlling voltage to the 
No. 3 gl'id; the controlling voltage is obtained from a separate amplifier 
and diode rectifier whose input is connected to the signal (Fig. 8). 

0 

------1~ 

Fig. 8-Volume expander circuit. 

The No. 3 grid of the 617 is initially biase<l to some low transconduc­
tance point as for example the point A on the sm curves of Fig. 7. When 
the signal is applied, the diode raises the No. 3 grid potential so as to 
increase the gain over the zero value. The amount of increase in the 
gain is approximately proportional to the diode voltage and hence to 
the signal level. 

The distortion of the audio signal by the curvature caused by the 
remote cutoff nature of the first grid is appreciable for large signals. 
The tube must therefore be used at small signal values such as are ob­
tained from a phonograph pickup. Since the sm1 -Eci characteristic is 
nearly exponential in shape over small regions, the second harmonic 
distortion produced is approximately given by 

per cent 2nd = (1/4)bE X 100 

where bis the slope of the sm11 R. curve on scmilog paper and Eis the 
peak input voltage. 

For the 6L7 operated at point A on Fig. 7, ¼bX100==6 so that 
about six per cent sccon<l harmonic per volt peak is encountered. 

1 The pioneer work which led to the system described here was done by 
J. F. Dreyer, Jr. 



FREQUENCY CONVERSION TUBES 31!) 

CONCLUSION 

The 6L7 tube provides a very efficient means of obtaining fre­
quency mixing in superheterodync receivers, particularly at high fre­
quencies. The tube is also suited for use in radio-frequency amplifica­
tion where a steep control characteristic may be obtained without 
sacrificing the advantages of remote cutoff tubes. In addition, the tube 
may be used in other circuits where a tube having two control grids is 
advantageous. 



BEAM POWER TUBES*t 
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0. H. SCHADE 

RCA Rncliotrnn Division, RCA M1111ufact111lng Company, Inc .. 
Ilarrlson, N. J. 

Summary-The gcr.eral characteristics of the ideal output tube for broadcast 
receivers are discu.,sed briefly u·ith r1 ~p(Ct to specific electrical and acoustical re­
quirements. 

Consirlerations r>f practical power-tube design indicate that the tube most nearly 
approaching the ideal characteristics is one having an accelerating grid '(screen) and 
a control grid which docs not require power. The limitations of conventional output 
tetrodes and pentorles with respect to the ideal are treated and are illustrated by means 
of oscillograrns and models showing field-potential distributions. It follows that homo­
geneous potential fields and directed electron beams having high electron density can 
be utilized to minimize these limitations. These design features indicate the feasibil­
ity of a tube suitable for OJ>eration as a class A am plifiPr having substantially aecond­
harmonic distortion only and capable of high power output, high ejficieiicy, and high 
power sensitivity. 

The theoretically 7Hoper geom<'tric structure for beam power tubes is developed. 
The theory is substantiated by performance data obtained from actual tubes. 

J. INTRODUCTION 

DEVELOPMENTS in the art of transmitting and reproducing 
sound by electrical means point toward systems of higher fidel­
ity capable of reproducing faithfully the tremendous range of 

volume of the symphony orchestra without altering the infinite variety 
in combinations of tones and overtones. In the achievement of this 
ideal, radio tubes have an important part. A brief resume of audio­
frequency power-amplifier requirements will help in formulating the 
specifications of an ideal power tube for loud-speaker operation. 

II. FUNDAMENTAL REQUIREMENTS FOR HIGH-FIDELITY 

SOUND REPRODUCTION 

The audio-frequency amplifier in the receiving unit must cover a 
frequency range of more than eight octaves for true reproduction of 
music. To accomplish this, it is necessary that the amplifier tubes them­
selves do not generate tones of substantial magnitude within the de­
sired range. 

• Decimal classification: R330. 
t Reprinted from Proc. 1.R.E., February, 1988. 
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The science of music teaches us that pure octav<"s, i.e., tones of 
second-, fourth-, and eighth-harmonic ord<.'r, are always harmonious, 
and, therefore, are l<.'ast objPctionablP -whPn introduced by harmonic 
distortion in amplifier,;. 

The third harmonic is the octav<.' of the pure musical "fifth." It is 
harmonious to single tones but causeR dissonance as a harmonic of some 
of the component ton<.'s in musiral ehord,; of r<"lutive purity. Small 
magnitudes of third harmonic generated in the amplifier enn be tolE>r­
ated but should not exceed a few per cent of the fundamental tonPs. 
The fifth harmonic is the pure "second" to the double ortave of the 
fundamental tone. Harmony conditions arc somewhat similar to those 
of the third harmonic. The largPr pitch difference, however, reduces 
masking eff ects1 produced by the fundamental tones so that the permis­
sible maximum value is considerably srnalkr than for the third har­
monic. Higher-order harmonir<; of odd number, sev<'nth, ninth, <'tr., 
are disharmonious and thus incrcai,,ingly obj<'ctionable. High-(lrdPr 
harmonics in general are so much d1ffcrPnt in pitch from thf' funda­
mental tone that magnitu<lPs mu< h ,;mailer than one· per cent may b<> 
noticed as a disagreeable sharpnrss of ton<' or a hiRsing sound. ThPy an· 
generated especially in amplifiers having dynamic characteristics with 
sudden changes of curvatun•. 

In the preamplifier stages it is not difficult to limit harmonic dis­
tortion to satisfactory values if the required output power or voltage 
is substantially less than the obtainable maximum value. The output 
stage, however, must not only be operated efficiently but must also 
supply maximum pewer output at low distortion. 

The peak output power required for reproduction is at least 10 to 25 
times the average power. output and still larger for amplifil'rs with 
volume expansion. Thus, an average volume level of one watt of elec­
trical power demands the undistorted reproduction of peaks as high 
as 20 to 30 watts. If this power is to be obtained at reasonable cost, the 
output tube must have not only a high plate efficiency, but also a good 
"circuit" efficiency. 

The plate load of the power stage is not a pure resistance. The mo­
tional impedance of commercial dynamic cone loud-speakers for re­
ceiving sets varies considerably with frequency due to the low coeffi­
cient of electromechanical coupling. Due to the loose coupling, the 
mechanical circuit reflects its reactance and resistance efficiently only 
at the resonant frequency as illusttated in Fig. 1, which shows the 
electrical characteristics of a typical speaker. The increase of the nor­
mal1 resistance to 96. 7 ohms indicates an efficiency of close to 90 per 

1 Harvey Fletcher, "Speech and Hearing," D. Van Nostrand Co., (1929). 
1 See 1933 Report of the Standards Committee of the I.R.E., page 36. 
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cent at the resonant frequency, while only about five per cent of the 
input power is transferred to the secondary system at other frequencies. 

The reactance of the moving coil is responsible for the normal 
impedance rise at high frequencies. This impedance rise is quite easily 
corrected over the entire high-frequency range by the much-used series­
resistance-capacitance shunt on the reflected load. This compensation 
is absolutely necessary to provide good quality and to avoid high 
transient voltages when the output tubes have high internal imped­
ance (rp), but it may be omitted with low-impedance tubes. 
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Fig. 1-Electrical characteristics of a dynamic loud-speaker. 

Loud-Speaker Damping 

The internal impedance of the power tube shunts the plate load. 
If the plate load (Rp) is high compared to the tube impedance, the 
Q ratio of a parallel-tuned plate load is decreased by the tube shunt 
which acts to prevent a large resonance rise. The mechanical resonance 
of the dynamic speaker appears over a short frequency range in the 
primary substantially as a high-impedance parallel-tuned circuit (com­
pare Fig. 1). This circuit is damped by low-impedance tubes but af­
fected little Qy high-impedance tubes. But even if the reflected elec­
trical circuit resonance is almost completely damped by low tube im­
pedance, the sound output still tises above normal due to the high 
energy tra.nsf er into the mechanically resonant secondary circuit. 

If a resonant-voltage rise of 5 on the voice coil is assumed and the 
equivalent increase in efficiency is considered as from 5 to 81 per cent, 
a calculation yields the following results: High-impedance sources ns 
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represented by pentodes in class A service with r,.= l0R,. permit a 
16.4-decibcl sound-output rise at reson~nce; triodes with rp-½R,., a 
7.8-decibel rise. For Tp"""O, the rise is still 5.1 decibels. 

Electrical damping cannot completely eliminate resonance "boom" 
and prevent overload of the speaker at resonance. This must be done 
by power-absorbing circuits or in the loud-speaker design. 

Ill. GENERAL PROBLEM OF POWER-TUBE DESIGN 

The design of a desirable tube begins with the formulation of ideal­
type characteristics. An analysis of the electrical characteristics of an 
idealized tube follows in order that the most suitable design principle 
may be selected on the basis of both tube development and practical 
operation. The theoretical investigation of the electrical principles in­
volved points out the direction of rei;;earch, and assists in formulating 
the specific design problem. 

According to the preceding discussion, the general specifications for 
an ideal power tube are as follows: 

A. General SpecificaJ:,ions for an Ideal Power Tube 
1. Low distortion mostly of second-harmonic order. A small per­

centage of third harmonic can be tolerated. Higher-order harmonics 
must be negligible. 

2. Good power sensitivity to permit low-level operation of the pre­
amplifier stage. 

3. High power output obtainable with self-bias and supply circuits 
having the voltage regulation of conventional broadcast receivers. 
Exceptionally large power output with good quality for limited high­
frequency response with supply circuits of moderately good regulation. 

4. Maximum efficiency in both tube and associated circuits with 
respect to power dissipation as well as cost. 

5. Effective damping of resonant loads. 

B. Analysis of Tube Types and Design Possibilities on the Basis of 
the Required Electrical Characteristics 

1. Triodes 
(a) The Required Characteristic for Negative-Control-Grid Opera­

tion 
The distortion from present class A output triodes is low and con­

tains only small magnitudes of higher-order harmonics. The 2A3 is a 
large power triode for receivers. It is a filament type, having a large 
effective cathode area which does not require as much heater power 
u a unipotential cathode of equivalent area. However, it is not feasible 
at present to construct at reasonable cost a triode having much higher 



324 ELECTRON TUBES, Volume I 

power sensitivity, higher efficiency, and larger power output than the 
2A3 for a 300- or 400-volt plate supply. The necessary large cathode 
area would be quite expensive and would present difficult construc­
tional and operating problems due to grid emission. The relatively 
low efficiency of low-µ class A triodes is a serious objection from the 
standpoint of tube dissipation, and cost of power supply for increased 
output power. 

A plate efficiency approaching 50 per cent without grid current in 
class A service is not impossible even for existing triodes, but the 
power output for medium voltages is very small with respect to the 
size of the tube. The hypothetiral triode must have a sharp cutoff, sub­
stantially constant µ at all plate voltages, and high transconductance, 

Fig. 2-Plate family of hypothetical triode. 
Conditions for push-pull operation 

Ee= -37.5 volts fixed 
Eb= 400 volts fixed 
ho= 71 milliamperes 
I• = 85 milliamperes 

Power output= 35 watts (two tubes) 
Efficiency~51.2 per cent 

R,._,. = plate-to-plate load 

i.e., a very steep rise of current versus applied potential, as shown in 
Fig. 2. This plate characteristic is ideal on a theoretical basis. The 
characteristic family is constructed by parallel displacement of the 
zero-Lias characteristic. This constant µ (it is shown to be 10) is ap­
proached in an actual tube by using a fine-mesh control grid at rela­
tively large distances from cathode and plate. The effective grid po­
tential at E,,=+50 volts and E,,=0 volts is thus approximately five 
volts, which must be sufficient to cause an electron current of 200 
milliamperes. We know that this is possible only by the use of a very 
large cathode area even for considerably lowerµ values. Furthermore, 
this large cathode should radiate little heat to the grid in order to 
avoid grid emission. 

A cathode of large area may be produced with an auxiliary positive 
grid. The "virtual cathode" of the space-charge-grid tube seems a good 
solution. The virtual cathode, however, must have an electron reseroe 
capable of supplying the peak current demanded from it. The .space-
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oharge-grid tube thus requires a larger cathode current and conse­
quently a larger B power supply in comparison with other tubes to be 
discussed and, therefore, does not meet the requirements for circuit 
efficiency. 

(b) Triodes with Positive-Grid Operation 
The control grid itself may be permitted to swing positive, in order 

to accelerate the electrons and obtain a steep current rise at low plate 
voltages. This method has certain disadvantages. The grid current in 
conventional triodes is of subRtantial magnitude and considerably de­
creases the expected plate-current rise, especially at low plate voltages. 

Fig. 3-Transfer characteristic 
of a ,i>ositive-operated-grid 
output tube with conduc­
tively coupled driver. 

Fig. 4-Resultant plate family of a 
positive-operated-grid output 
tube with conductively coupled 
driver. 

This action m~uses increased distortion. A second complication arises 
from the fact that there are now two positive electrodes in the tube 
so that secondary electrons from one electrode may not fall back to 
the plate but instead may travel to the other positive electrode. 

Secondary emission occurs whenever electrons hit an obstacle which, 
aside from transit-time effects, must be at positive potential. The 
liberation of normal• secondaries begins substantially at a positive 
voltage of about ten volts and thus causes a break in the grid-current 
curve. The performance of present-day class B triodes shows fairly 
good success in smoothing out the grid-current "kinks" in their reac­
tion on the plate current, by bettering the ratio of plate current to 
grid current through the use of specially designed high-impedance 
triodes. These high-impedance tubes have a plate family very similar 
to pentodes and thus give a performance similar to a pentode. Unlike 
the pentode, they re4uire driving power and, therefore, demand care-

• B. :Bu-kha--. •Jillectroaenroebren," voL 1. 
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fully designed low-impedance preamplifiers. Because only drivers with 
zero internal resistance and ideal coupling devices eliminate grid-oir­
cuit distortion, the "kinks" and consequent higher-order harmonics 
cannot be completely suppressed in practical systems. That this is the 
case is shown by the transfer characteristic of Fig. 3. The plate load 
has little effect on the break in the characteristic. 

In push-pull operation, tubes with positive grids operate with con­
siderable plate efficiency. They may be designed to require no biasing 
voltage. The distortion of high-impedance triodes operating with posi­
tive grid voltages is naturally higher than that of pentodes operated 
without control-grid current, because distortion is increased in all 

Fig. 6-Plate family of a typicai 
power pentode. 

Fig. 6-Transfer characteristic 
of a typical power pentode. 

practical cases by harmonics including those of high orders arising from 
the irregularities of the grid-current characteristic. 

In class A operation, single high-impedance tubes operated with 
positive control-grid voltages and conductively coupled driver stages 
present no advantage in output performance over conventional pen­
todes. The resultant plate family is very similar to that of a pentode 
and consequently the plate-circuit performance with regard to distor­
tion, efficiency, and load variation is also similar (Figs. 4 and 5). The 
transfer characteristic of pentodes operated without grid current is in­
herently a smooth curve (Fig. 6). 

S. Pentodes 
(a.) Characteristics of Conventional Pentodes 
Power output a.nd efficiency of commercial pentodes are consider­

ably higher than those of conventional triodes operated without grid 
power. The screen-grid potential remains fixed and highly positive 
at all pla.te-volta.ge values. This feature eliminates the necessity of a 
large cathode area for obtaining a steep plate-current rise with low 



BBAM POWER TUBES 88'1 

plate potentials. Overbiased pcntode.~ in push-pull operate with an over­
all efficiency which compares favorably with that of good class B 
triodes, and in addition have the considerabln advantage of operating 
without grid current. ThiA guarantees nrgligihl<' high-order harmonics 
and a simple preamplifier design. 

It can be shown that overbiased operation of push-pull pentodes is, 
in fact, necessary in order to obtain distortion values of less than three 
per cent consisting mainly of third-harmonic distortion and having 
less than one per cent of fifth harmonic. The attainment of a high plate 
efficiency of 70 per cent and a total B supply power efficiency of ap­
proximately 60 per cent are accompanied by considerable increases in 
the current demand for an applied signal. In order to maintain correct 
operating conditions for all signal levels, it is necessary to provide a 
well-regulated bias and B voltage supply. A study of modern receivers 
shows, however, that the power stage is generally designed to have at 
most a two-to-one increase in plate current due to a signal and is oper­
ated with self-bias or semi-self-bias. In many instances better perform­
ance with respect to distortion and efficiency is sacrificed to obtain 
partial class A performance and with it supply circuits not requiring 
good regulation. 

It has been indicated that the desirable power tube could not be 
built economically as a triode, because three-electrode tubes with posi­
tive signal grids were ruled out for distortion reasons. It will also be 
shown later that the operation of triodes having high power sensitivity 
places severe requirements on the circuit. Because of these limitations 
the solution will be sought in a four- or five-electrode tube having a 
separate positive accelerating grid. 

(b) Characteristics of a Desirable Power Pentode or Tetrode 
The first requirement in our specifications for an idea.I power tube 

is low distortion of substantially second-harmonic order. The practical 
solution is a square-law curvature of the transfer characteristic and 
a plate family which is substantially linear over the entire useful 
plate-current-plate-voltage characteristic. 

The second requirement is good power sensitiuity. This demands fine• 
mesh grids, and an efficient cathode with close control-grid spacing to 
obtain high tra.nconductance. 

The third and fourth requirements are high power output and effi­
ciency. These require the extension of the straight section of the plate 
family down to very low plate-voltage values and a low percentage of 
screen-grid current at all plate voltages in the useful range. 

The fifth requirement ia low plat, impedance. Thia is in conflict with 
the second, third, and fourth requirements. The ICreeD•cumnt rile 
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with decreasing plate voltage is considerably larger in pentodes or 
tetrodes of low plate impedance than in pentodes with high plate im­
pedance whether the curves are ideally straight or not, provided good 
screening of the plate· field with resultant good cutoff is maintained. 
The large increase of screen-grid dissipation with signal in low-im­
pedance pentodes decreases efficiency and power-output capability, 
while the plate impedance obtainable is hardly low enough to effect 
a substantial damping of a resonant load. 

It is, therefore, reasonable to depart in this one point from the ideal 
if a power tube can be designed which satisfies an other requirements. 
It will be shown later that the characteristic of such a tube can be 
changed into that of a very good low-impedance triode by the use of 
an inexpensive circuit. 
. An analysis of screen-grid tubes with respect to potential condi­

tions encountered by electrons in their flight is necessary to recognize 
limitations in existing tubes. It will be shown that these limitations 
can be overcome by directed electron beams. 

IV. ANALYSIS OF SCREEN-GRID TUBES-ESPECIALLY THE ELECTRON 

CURRENT IN SPACE BETWEEN ACCELERATING 

GRID AND PLATE 

A. Effect of Space Charge 

(1) Space-Charge Effects in Diodes 

Let us assume a parallel-plane diode for the purpose of illustrating 
electron effects in space. Without the presence of electrons, the poten­
tial between cathode and plate increases linearly with distance (Fig. 
7). This constant gradient is changed if electrons are· present. The 
effect of the negative charge of electrons in space, the "space eharge," 
is to reduce the space potential. Because the density of electrons in a 
given current is inversely proportional to their velocity, the potential 
gradient is thus zero at the cathode if the initial velocity of the electrons 
is neglected, and increases cumulatively with distance. An increasing 
number of secondary electrons are liberated at the plate at plate volt­
ages over ten volts approximately. These electrons fly back a short 
distance towards the cathode but as their volt-velocity is much smaller 
than that of the primary electrons, they soon come to a stop and re­
turn to the plate. The plate current is thus not affected directly. A 
noticeable decrease in plate current may, however, be caused by an 
increased space-charge density in the space X-P (Fig. 7) due to second­
ary space charge in cases of large secondary emission. 
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S. Space-Charge Ejf ects in Tubes with Accelerating Grid 
The potential distribution in a triode with positive grid and plate 

is shown in Fig. 8 for the theoretical case of uniform electron velocity, 
uniform path length, and the absence of secondary emission. We as-

i p ..J 

,, 
K DlnANCE- P 

I~ .. 
0 .. 

Fig. 7-Effect of space charge on 
potential distribution in a diode. 

Fig. 8-Potential distribution in a tube 
with positive grid and plate. 

sume again a parallel-plane structure and also low current absorption 
by the fine-mesh grid in both directions. For a distance dK-a=da-P 
and zero plate voltage, the potential distribution is symmetrical on 
both sides of the positive grid. The electrons just reach the plate be­
cause they are decelerated to zero velocity at zero voltage and zero 
gradient. More positive plate voltages change potential distribution 
and gradients as indicated. This will be discussed in more detail later 
on. All electrons passing the grid reach the positive plate. 

The theoretical tetrode having a control grid inserted between cath­
ode and screen grid should thus have the desired plate characteristic 

Fig. 9-Plate family of a typical tetrode with low space-charge density. 

of parallel straight lines, the plate current rising abruptly at zero plate 
voltage to a value consta.n:t for all positive plate voltages. 

In the practical case, however, Becondary electrons are liberated at 
the plate and find a positive gradient in the direction of the scree:n 
grid at all plate voltages substantially lower than the screen-grid 
voltage (aee Fig. 8). The secondaries thus fly to the screen grid. This 
action decreases the· plate current a.nd increases the sc~ current. 
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As the number reaching the plate decreases at very low plate voltages, 
the well-known plate-current curve shown in Fig. 9 is obtained. Note 
the plate voltage at which substantial secondary emission begins. 

B. The Suppression of Secondary-Emission Effects and the Suppressor 
Grid 

The tetrode characteristic of Fig. 9 will approach the ideal char­
acteristic if it is possible to prevent secondary emission or to suppress 
its effects. Most secondary electrons have a relatively low velocity of 
emission. They arc forced to return to the plate if the potential be­
tween the positive grid and the plate is decreased at some point ap-
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Fig. 10-Calculated effective potentials in a typical power pentode. 

proximately ten to twenty volts below the plate voltage. Such a poten­
tial "minimum" will prevent the large loss of plate current due to 
secondary electrons. It can be produced by insertion of a low-potential 
electrode, the "suppressor" grid in pe-ntodes. 

As illustrated in Fig. 10, a potential minimum is formed· for plate 
voltages higher than Eb,,.. This forces secondary electrons back to the 
plate. The percentage of primary electrons arriving at the plate is 
found, however, to decrease considerably in actual tubes when the 
plate potential is decreased to the value Ebm• This plate-current loss 
is caused partly by the nonu.nif orm potential in the plane of the sup­
pressor grid Ga. The wires of Ga are always at zero potential while only 
the space between wires have a positive potential of varyjng magnitud& 
caused by the penetrating positive screen-grid and plate fields. Tms 
"bumpy" field causes the value E.,,. to represent a range of voltages 
instead of a. single value and thus rounds off the theoretical sharp knee 
atB.,,.. 
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The plate-current loss at low voltages is caused by ve'loc.ity differ­
ence, oJ electroM in tM normal direction produced mainly by distortion 
of the potential field due to grid wires, side rods, and nonuniform dis­
tances of electrodes. Such velocity dift'erences between screen and 
plate result in oversuppression in some sections in the plate-current 
path, while secondaries are just sufficiently suppressed in other sec­
tions. 
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Fig. 11-Performance characteristics of a typical power pentode. 

C. Pentode Performance Resulting from Nonuniform Potential Dis­
tribution 
The round "knee" of the plate-current characteristic of conven­

tional pentodes produces in class A operation the distortion-versus­
load characteristic shown in Fig. 11. With low loads (R111 and Rp1) the 
distortion is mainly of second-harmonic order but the plate efficiency 
is low. Higher loads give better efficiency but cause a relatively large 
third-harmonic distortion. Components of higher order are small for 
reasons discussed later. 

From the standpoint of distortion, operation with a low plate 
load is much preferred. Although the percentage of the second har­
monic is large in single-tube operation, it is much less objectionable 
than a. considerably smaller percentage of third-harmonic distortion. 
It is difficult by comparison with speech or music to detect a difference 
in quality of sound output between tubes having five and ten per cent 
second-harmonic distortion. 

IA push-pull operation, even h.-rmonios generated in each power 
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tube cancel; odd harmonics do not cancel. Odd harmonics may be 
reduced by the loading conditions made possible in class AB operation. 

D. Current Distribution as a Function of the Potential Field Between 
Screen and Plate 

1. The Potential Fiel,d 
We now investigate the causes of the plate-current loss in pentodes 

at plate voltages lower than the screen-grid voltage. The field between 
POTENTIAL (VOLTS) 

oS!8~2~ 
K' ' I I ' I 

Fig. 12-Plot of potential distribution in a typical power pentode. 

screen grid and plate is a decelerating field at medium and low plate 
voltages. The percentages of electrons arriving at the plate out of the 
total number which leave the cathode is a Junction of the shape of the 
-potential field in the tube which determines the electron path and 
velocity component in the direction of the plate. According to Fig. 10, 
the entire electron current passing the screen-grid wires should reach 
the plate for the condition when E,,>E,,m, but this is only true if the 
potential field is homogeneous and only for electrons having a normal 
direction and equal velocities. Tho actual potential field of a pentode 
at E1,=E1,,,.=50 volts is shown in Fig. 12. The field is obviously not 
uniform. The wires of the grids in the tube disturb the homogeneity 
of the field. 

The action of electrons in this field can be mechanically illustrated 
by means of the topographic model shown in Fig. 13. In this model, 
the electrostatic force is replaced by a component of gravitational 
force depending on the slope of the mod~l at any particular point. 
The slope is analogous to the potential gradient of the electrostatic 
field (see left side of Fig. 12). Each lamination represents a potential 
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step of ten volts, the lower levels corresponding to more positive po­
tentials. The No. 1 and No. 3 grid wires are thus mountain peaks. The 
electrons may be compared to frictionless balls rolling down from the 
elevation of the cathode (zero volts) into the valley of the screen grid 
( +200 to +250 volts). A certain percentage missing the wires of G2 
(the holes) are carried by their momentum up the incline to the plate. 
Those that pass near the center between screen-grid wires follow a 
fairly straight path toward the plate. Some of them, are, however, 
diverted by the curved contour of the suppressor-grid hills, lose veloc­
ity and return in an arc toward the screen-grid valley; others traverse 
the gap between the suppressor hills and reach the plate on the other 
side. 

Fig. 13-Topographic model of potential distribution shown in Fig. 12. 

A number of the balls coming from the cathode pass close to the 
screen-grid "holes," and thus are deflected from a straight path be­
cause they obtain a tangential-velocity component in the conical 
field near the screen-grid wires. Their chances of reaching the plate 
are less than for balls rolling in a straight path toward the suppressor­
grid hills. A certain percentage of electrons is headed directly toward 
the screen-grid holes a.nd does not get through at all. Neglecting this 
percentage at present, it is easily understood from the analogy that 
the number of electrons reaching the plate increases when the "gap" 
between the suppressor-grid hills is deepened by lowering the elevation 
of the plate because fewer electrons are turned back to the screen grid. 
Electrically, the gap between the suppressor wires is deepened by an 
increase of plate potential. The steepness of the current rise with plate 
voltage thus depends on the manner in which the gap width, i.e., the 
shape and gradient of the decelerating potential field, affects the tan-
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gential component of electrons. As pointed out later, the actual poten­
tial distribution may be altered considerably by space charge which is 
neglected in this model. 

The plate current is thus a function of the potential distribution be­
tween screen grid and plate within the range of decelerating potentials. 
Fig. 14(a) shows the plate current of a pentode plotted against the 
square root of the plate voltage. The curve has several linear sections 
and shows four significant plate-voltage values at which the factor of 
proportionality for current increments changes. Calculation of result­
ant potentials in the planes of the various electrodes disclosed that 
significant potential-field or gradient changes occur between screen grid 
and plate at the values Eh=E", E" ', and E"", indicated in Fig. 10. 
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'IIOL.TAGE 
OF VIRTUAL 
CAT~ODE 

rust WITH S[C.ONDARY [MISSION 
SUPPRESSED 8V SPACE CHARGE 

I 

CAUSED 8V 
--- RESIDUAL SECONDARY 

EMISSION IN P[NlODE 
P[NTODE 

-~ 
lal 

Fig. 14 

0YNAMIC CHARACTERISTIC$ 
WITH LOADS INT[RSCC.TING 
tc,=O Al 1,2 ANO 3 MARKED 
IN F'"IG 14Q. 

•Ec,­
lbl 

{a)-Proportionality of current increments to the.square root of plate voltage 
between successive group-saturation values in a typical power pentode. 

(b)-Dynamio characteristics of a ty-pical power pentode with loads intersecting 
Bf!. •O at points 1, 2, and 3 marlted in (a), 

We term these specific values "group-saturation" voltages, as certain 
groups of electrons have then arrived at the plate. 

I. <Jroup-Sal:uration Potentials 
At E1, • E•' only the electrons following a normal path have reached 

the plate. 
At E,-=E•' the potential line of plate-voltage value has just pene­

tra.ted completely between the suppressor wires, and has touched the 
plate. This occurs quite suddenly as observed in the electrolytic tank 
(compare Fig. 12). The average field gradient between Ga and plate 
hu become sero. At plate voltages B,,>E,,', the field between 'plate 
and G, becomes acceleratin,r. 
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At E1=E,,"', the acceleration in the plate field has become equal 
in magnitude to the deceleration in the screen-grid field. 4 

The fourth and less distinct group-saturation value occurs when 
the penetrating plate-potential line extends as far as the screen grid. 
This is the case at Eb= Eb""; the entire field between G2 and plate has 
become accelerating so that no electrons arc returning to the screen. 
The partial saturation voltages nre easily cxprcRsed in terms of elec­
trode potentials and forward- and reverse-µ values. 

The apparent one-half-power proportionality of current increments 
to the plate voltage observed in three sections of the lb-Eb charac­
teristic isof particular interest. The electron "spray" in the decelerating 
suppressor field is caused by tangential-velocity components (compare 
Fig. 12). The deflecting force on electrons of given velocity having a 
tangential component decreases proportionately to the decelerating 
gradient. 

The effective area enclosed by a penetrating potential line in and 
close to the plane of grids increases over a considerable voltage range 
substantially proportional to the one-half power of the voltage applied 
to the source or sources of the potential line. In the considered case 
the applied voltages Ec1, E.2, and E.3 are constant and the decelerating 
field is controlled by the plate voltage. Thus, l!.ip = KEb112• The factor 
K changes its magnitude at every partial saturation point. 

Under dynamic conditions, the potential fields on each side of the 
screen grid are controlled by two respective voltages. Grid voltage 
and plate voltage vary with opposite signs. The plate-current increases 
with the three-halves or four-halves power of the grid voltage and 
approximately with the minus one-half power of the plate voltage (de­
creasing). As the plate-load value governs the plate-voltage change, it 
is possible to obtain sections with three-halves-, two-halves-, or one­
half-power increments of current in the decreasing plate-voltage range 
as shown by the dynamic curves in Fig. 14(b). Due to this fact, pen­
todes are substantially free from high-order harmonic distortion when 
loaded properly. 

E. Effects of Space Charge Between Screen and Plate of Power Pen­
todes 

If the mesh of the suppressor grid Ga is made very fine (oversup­
pression), the plate current is decreased considerably at lower plate 

' The value of Eb'' was found to be approximately equal to the effective 
screen-grid ])Otential in a number of pentodes. In tetrodes the minimum occurs in 
the center of the spaoe between the eoreen grid and plate at E~ ... Pat• In pentodee, 
it·doea not neceewily occur in the plane of Ga due to space~charge effects which 
thua affect the value of E•"· 
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voltages due to the low effective positive potential and its area. in the 
plane of Ga (a. high µ-factor of the suppressor in both directions causes 
low plate impedance in the decelerating potential range). With a 
suppressor of coarser mesh, the effective positive potential area is in­
creased and, consequently, the plate current and plate impedance 
are increased at low plate voltages. At the same time, however, the 
range E,,' to E'P" in which secondary-emission effects occur is moved 
to higher plate voltages and the potential minimum is reduced. The 
mesh of Ga is adjusted in practice so as just to eliminate secondary­
emission effects under normal cathode-operating conditions (Fig. 5). 
The same tube, however, shows larger secondary-emission effects 
(under suppression) if operated with a temperature-limited (under­
heated) cathode as shown in Fig. 15. This points out that the electron 

Fig. 15-Plate characteristics of typical power pentode operated with 
temperature-limited cathode (E1 -0.4 normal volt). 

space charge near and between the grid wires of Ga under normal con­
ditions reduces the space potential and contributes to the suppression 
of secondary-emission effects. 

If the electron density is further increased, it does by itself become 
sufficiently large to produce a minimum potential in space between 
plate and screen, and thus suppresses secondary-emission effects with­
out the help of a physical low potential source. 

When the suppressor grid is replaced by space charge, the potential 
gradient at and in the direction of the plate never becomes negative 
in correctly designed tubes; thus, the curved section between E•' and 
Eb" is eliminated as indicated by dashed lines in Fig. 14(a),6 • 

• Some development work on replacement of the auppreuor grid by apace 
charge has been done in Europe es_peclally by Electric and Musical lnduatriet, 
Ltd., in England. They have worked on tuoes m which the auppreaaion of NCOJld­
ary-emission effects is accomplished by apace charge. 
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V. THEORY AND DESIGN OF BEAM POWER TUBES WITH SPACE-CHARGE 

SUPPRESSION OF SECONDARY-EMISSION EFFECTS 

A. Plate-Current Characteristics of Tetrodes with Potential Minimum 
Potential conditions in a decelerating field haYc bc>cn treated in a 

paper by Fritz Below.6 The thC'ory applies with modifications to the 
screen-plate section in tetrodes and pcntodeR, where we are interested 
especially in a definite and low saturation potential. Space-charge 
conditions at higher plate voltages are of equal importance in the 
design of power tubes. We shall thus examine the potential distribution 
in space with this specific purpose in mind. 

1. The Potential Minimum in Space 
The space-charge density in a given elPctron current cll'pends on 

the cross section of the electron path and the electron velocity. The 
potential distribution in spaee betwePn positive grid and plate vuric•s 
with distance as shown in Fig. 16(a). Ther<' are assumed constant cross 
section, constant current, and fixed £'lectrodP potentials as shown. The 
transit time of eaeh electron is increasC'd with greater dii,,tance between 
electrodes; hence, the numbn of electrons in the space between grid an<l 
platf:l is also increased and, consequently, the total negative electron 
charge which reduces the space potential. In the illustrated ease the 
potential gradient at the plate becomPs zero for d = d2. For distances 
greater than d2, a potential minimum is formed near the plate; the 
potential gradient at the plate has reversed sign and the field at the 
plate accelerates primary electrons. For the still larger plate distance 
d4 the potential value at the minimum M has decreased to zero. 

The theoretical minimum distance da-P for the existence of a po­
tential minimum at zero value in the ideal parallel-plane triode is 
equal to the cathode-grid distance, as illustrated in Fig. 8. It is seen 
that the minimum of zero value occurs at zero plate voltage and that 
no potential minimum is formed at low positive plate voltages. Hence, 
this distance is too short for suppression of secondary-electron effects. 

The potential distribution with greater plate distances for a given 
current is shown versus plate voltage in Figs. 16(b) and 16(c). The 
minimum of zero value forms at E,, = Em, Sufficient potential minima of 
positive value for suppressor purposes are produced with plate poten­
tials having values between Em and Er,1. For the shorter distance (Fig. 
16(b), the value Et1 is lower in potential than the accelerating-grid 
potential. The potential difference between plate and minimum is in­
,ufficient to repel secondary electrons from the plate for voltages be-

• •The theory of apace-~• grid tubes," Zeit. f-ar Fernmeldetech., vol. 9, 
pp. 113-118; Auguat 29, (1928). 
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t wrrn 7 Eb1 and Eb2- Secondary-electron effects nre thus to be expected 
in thiR plate-volta~e range, nnd nre indicated in the correi::ponding plate 
rharactcrii,1.ic. For the larger diRtancc (Fig. Hi(c)) a larger minimum of 
poRitive value is form<'d up to plate potentials highrr than the ac­
celerating-grid potent in!. The minimum potential in this case remains 
sufficiently lower with respect to the plate voltage to repel secondary 
C'lcctrons liberated at the plate. 
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Fig. 16 
(a)-Potential distribution in space between accelerating grid o.nd plate as a 

function of the distance between them (constant current to accelerating 
grid). 

(b)-Plate current and space potential between accelerating grid and plate as a 
function of plate voltage for conditions where insufficient minima are formed. 

(c)-Same as for (b), but for conditions where sufficient minima are formed. 

Hence, the minimum plate distance for good suppressor action by 
the space charge is the distance for which the potential minimum re­
mains at least ten to twenty volts lower than the plate potential. The 
minimum ratio of screen-plate distance to screen-cathode distance is 
pm=d,_.,/d,-x, This ratio is considerably larger than unity for struc-

7 B. Salzberg and A •• V. Hae6, "Effects or space charge in the grid-anode 
region of vacuum tubes," RCA Rev., vol. 2, pp. 336-374; January, (1938). 
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turcs with parallel or divergf'nt electron beams, i.e., comitant or in­
creasing electron-path cross :-Pction in the dirertion of the plate. The 
actual value of pm depf'nds 011 lh<' electron d<'nRity; h<'nce, pm iR larger 
for a larger angle of divergPnre and al1;;o larger for smaller valurs of 
plate current. In the equivaknt t1-iode, the ratio of pm, therefore, docs 
not have one fixed value because it is a function of potentials and cur­
rent. In the beam power tube, the optimum distance ratio has the 
value 2.9. 

2. The Virtual Cathode 
Assume that a constant supply of electrons having uniform velocity 

and perpendicular direction is maintained through a fine-mesh ac­
celerating grid. All of these C'lectrons reach the plate for voltages 
Eb>Em: the primary electron plate current is constant. The plate 
saturation current may be decreai:::Pd by a secondary-electron current 
in cases of insufficirnt potential minimum in space (Fig. 16(b)). In 
practical cases the electron supply to the screen increases with plate 
voltage, and causes a charactC'ristic of finite impedance value for 
Eb>Ebm• 

At Eb=Ebm, the ekctronR are juRt decelrrated to zero velocity at 
zero potrntial. The condition in space at 11.f (Fig. JG(a)) is termed 
"virtual cathode" as it has the criteria of a real cathode, i.C'., zero po­
tential and zero electron vPlocity. The virtual cathode is saturated 
and disappears at Ebm b<'C'fiUR<' thC' positive value of M for Eb>Em 
indicates a finite velocity of all elC'ctronR whirh are able, therC'fore, to 
reach the plate. 

A decrease in plate voltage to Eb< E,n seems to requirc a potential 
minimum of negative value. For zero electron velocity of emission at 
the real cathode, a minimum of negative value would stop the entire 
C'lectron current to the plate; but electrons of zero initial velocity can­
not form a space charge of negative potential value. The condition 
M =0 at E1,<Em can exist, however, for a lower plate current. The 
excess electrons at the virtual cathode are forced to return to the ac­
celerating grid and increase the space charge between Mand the screen 
grid. The consequent decrease in space potential causes the virtual 
cathode to recede from the plate. The plate current is space-charge 
limited in the voltage range E1,<Em, 

We are justified in treating the section consisting of virtual cathode 
and plate as a diode and in drawing the following conclusions: 

i. The steepness of the diode-current (plate-current) rise with 
plate voltage depends on the area of the virtual cathode and its 
distance from the plate. Close spacing or a 1arge area of the virtual 
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diode causes high conductance with consequent low saturation po­
tential, i.e., a "knee" of the plate-current curve at a low plate volt. 
age. 

ii. If a sharp knee is desired, the virtual cathode must saturate 
at a single plate-voltage value over its entire area. This requires 
uniform distance from the plate, as well as uniform density and 
velocity of all electrons forming the virtual cathode. 

iii. The plate current is space-charge limited for plate voltages 
lower than the value necessary to saturate the virtual cathode and 
thus cause its disappearance. 

(a) Virtual-Diode Spacing and Saturation Voltage Em - Func­
tions of Electrode Voltages 

The electron supply to the virtual cathode can be varied in tetrodes 
by the control-grid voltage Ec1 without altering the voltage on the 
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Fig. I 7-Generalized "virtual-diode" characteristic. 

positive grid 02, or on the plate. The virtual-diode spacing is increased 
with larger currents (due to the higher space charge) and is decreased 
with smaller currents with corresponding changes of the saturation 
potential Em. This change in perveance of the virtual diode as a func­
tion of the real cathode current explains the possible crossover of the 
plate characterii,;lics at low Eb values for different values of the control­
grid voltage at fixed screen potential (Fig. 20) and for different values 
of screen voltage with fixed control-grid voltage. 

(b) The General Virtual-Diode Characteristic in Tetrodes 
Although space-charge limited, the current does not increase in 

the range below Em with the three-halves power of the plate voltage 
as in diodes with a real cathode, but follows a more complicated rela­
tionship as shown by the curve in Fig. 17. The conductance of the 
characteristic increases at some point to infinity and then becomes 
negative. Depending on the electron reserve and spacing, the virtual 
diode may saturate at any current value of the generalized curve. The 
peculiar relation of current and voltage is produced by the fact that 
the virtual-diode spacing is not fixed as in diodes with real cathodes. 
These conditions are analyzed in Figs. IS(a), (b), and (c). 
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The space-potential depression E. is a function of the electron 
density. The density varies not only with the total electron supply 
but also with the amount of electrons leaving the virtual cathode in 
both directions. 

If the plate voltage is zero or :;lightly negative, a current towards the 
virtual cathode only is impossible, as it cannot disappear in space. 
Because the total current is zero, the same number of electrons must 
fly back from the virtual cathode to the screen as arrive at the virtual 
cathode from the screen. This brings about the condition that the 
virtual cathode cannot approach the positive grid beyond a certain 
minimum distance Vo. The space potential between virtual cathode 

- POSITION Of VIFITUAL 
CATHODE -AC"TUAl PLAT( CUAR(NT 

- - POflNllAL MINIMUM ••••· CXl•f("l[O PL.Ai( CUARtNT 
•• • 0:PEUED LOCATION 

£c1 & tc2 CONSTANT 

01STMJCC 01STANCt. 
1a1 lb) 

Fig. 18 
(11,)-Potential distribution in a tetrode with high space-charge density between 

screen anct plate. 
(b)-Location of virtual cathode and potential minimum in tetrode with high 

space-charge density. 
(c)-Plate characteristic of a tetrode with high space-charge density. 

and positive grid is greatly affected by the magnitude of electron ab­
sorption at the positive grid wires, which is different for electrons of 
opposite direction due to beam formation by the grid wires. 

A certain percentage of the electrons returning from the virtual 
cathode passes the screen grid and flies towards the cathode, comes to 
a stop, and flies again towards the screen. At negative and very low 
plate voltages, the number of returning primary electrons is very 
great. The electrons Hying back towards the cathode reduce the space 
potential between screen and cathode and the effective potential near 
the cathode. Hence, the cathode current decreases. These circling elec­
trons are responsible for the deviation of plate current and virtual­
cathode position from the expected curves (dotted in Figs. 18(b) and 
18(c)). 

For the poBitive plate voUage Ei, the virtual-cathode space charge 
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and potential depression in the grid-plate space is decreased by the 
plate current and the equivalent decrease in reverse current due to 
fewer returning electrons. Hence the virtual cathode moves toward a 
position satisfying the decreased potential depression E,,1, which is a 
position closer to the plate. As the virtual-diode spacing is decreased, 
the plate current increases simultaneously and causes a further de­
crease of distance until a stable position is reached, shown as V1 in 
Figs. 18(a) and 18(b). If the electron r<>serve is not as large as shown, 
the virtual cathode will eventually saturate in such a stable po'lition 
(I,1 and I.sin Fig. 17). The case of a large 1:;aturation current is con­
sidered in the following, because it occurs with positive values of Ec1 
in the beam power tube (see Fig. 35). 

The potential distribution (curve II in Fig. 18(a)) at Eb=E2 is 
critical. Vi.i has approached the plate sufficiently, so that the slightest 
increase in current starts a cumulative effect. V moves from position 
V2 towards the plate, an action which increases the pervcance and, 
hence, the plate current until saturation occurs somewhat beforr rParh­
ing the position Va (Figs. 18(a) an<l 18(b); E2 is higher than Em), Inas­
much as a stable minimum of zero value cannot be maintained by the 
plate voltage E2 (only by the lower voltage Em), the potential distribu­
tion changes to the stable curve III with a minimum M2 of positivP 
value. The jump of the minimum from zero to M2 causes a plate-cur­
rent increase A/1, (Fig. 18(c)), which is not the case under ideal condi­
tions, but always true in practical tubes. Some electrons have lower 
velocities than others, due to differences in initial velocity at the real 
cathode, and especially due to tangential components obtained during 
their flight through the structure. These slower electrons are unable 
to pass a minimum of low absolute potential but gradually reach the 
plate as the plate voltage is increased. A further cause is the finite 
value of the amplification factor µ = - aep/ ae,,. 

With further increased plate voltage, the minimum recedes from 
the plate (seeFigs.18(a) and 18(b)). It occurs near the center (exactly 
at the center in ideal parallel-plane tubes) for E5=Pa2 and then dis• 
appears for voltages higher than Es. 

When the plate voltage iB decreaBed, the plate current remains at 
saturation value and is stable until the minimum potential reaches 
zero value (Mo). This occurs with Eb-Em, and is shown by curve IV 
in Fig. 18(a). A virtual cathode forms; the slightest decrease of plate 
current forces V to move away from the plate. This action becomes 
cumulative until the stable position V, (Fig. 18(b)) of high space­
charge density is reached. The plate current drops suddenly to the 
value marked V, in Fig. 18(c). 
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(c) Optimum Plate Distance in Power Tetrodes 

The control-grid voltage in power tetrodes varies the saturation 
current. It is best to saturate the virtual cathode at the value I,3 of 
Fig. 17 for zero control-grid voltage because the potential minimum 
Mo is then stable and occurs close to the plate. The saturation poten­
tial Em of the virtual diode in power tetrodes is the plate-voltage 
value at which the "knee" occurs. At plate voltages Eb>Em but <Ec2, 
a potential minimum of a least ten to fifteen volts less than plate 
potential must be formed between screen and plate in order to sup­
press secondary-emission effects. The virtual cathode is not a necessity 
for suppressor action but is formed eventually in all cases where a 
potential minimum is obtained at higher voltages. 

Fig. 19--Effects of plate-to-screen-distance variRtion on the plate characteristic 
in tetrodes having electrons with tangential components. 

High plate currPnts nt low plate potentials with respect to the 
screen potential require that the distance from virtual cathode to 
plate be short and uniform in order to obtain saturation at one low 
plate-voltage value. The plate distance can be made longer, if the area 
of the virtual cathode is increased which would indicate the use of a 
divergent electron path (wide beam angle) and circular structures. 
The potential minimum after saturation should occur, however, closer to 
the plate than to the screen and should not be of large cross-sectional 
area, to prevent a steep decelerating field. The latter undesirable con­
dition is obtained either with very short plate distances and extreme 
electron densities or in circular structures with wide-angle electron 
beam and moderate electron densities. It causes high screen current 
and low plate impedance similar to high forward-µ suppressor grids 
located in pentodes too close to the screen grid. For these reasons 
circular structures with larger plate distances have been found unsatis­
factory. The design of the structure for the saturation current [-3 in 
Fig. 17 results in a low saturation potential with high current due 
to the high diode conductance and causes the formation of a potential 
minimum sufficient for suppression of secondary-emission effects. The 
optimum distance ratio for the beam power tube (see page 156) is 
Po_i,1-=2.9. The beam angle is approximately 60 degrees. The curves 
I to IV in Fig. 19 illustrate the effects of plate-to-screen-distance va.ria.-
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tion in tubes having electrons with tangential components. The curves 
are understood from the aforesaid. Oscillogram checks for plate diame­
ter changes in the beam power tube are shown in Fie:. 20. 

Fig. 20-0scillograms showing plate characteristics for beam power 
tubes having different plate diameters. 

Fig. 21-Plate family of type 6L6 beam power tube. 

B. Beam Formation and Structure of the Beam Power Tetrode 

1. The Elecf,ron Beam in a Radial Plane 
(a) The Beam between Accelerating Grid and Plate 

It is essential to maintain electron direction and clemit'V perf ectl11 
uniform in any cross section .of the electron pa,th at any distance from 
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cathode or plate to approach the theoretical performance discussed in 
the preceding section. The electron current is thus formed into a beam 
with- definite propC'rties. 

The beam dC'nsity at saturation current for the condition I,3 in 
Fig. 17 was found to be 28 milliamperes per square centimeter at 
the plate for Ec2 = 250 volts and Ec1 = 0 volts. The restriction of the 
electron beam to a section of a cylindrical structure with large radius 
is necessary to obtain high plate impedance and low screen current. 

A series of tests has shown that the desirable relatively short plate 
distance will invariably cause a serious loss of plate current, a badly 
rounded "knee," or give rise to secondary-emission effects, unless the 
utmost care is taken in the design of the entire electrode structure to 
produce and maintain at low plate voltages a uniform electron beam 
that neither spreads nor compresses and has the required density and 

Fig. 22-Cross section and potential plot of beam power tube. 

cross section when decelerated. The horizontal-beam cross section and 
location of the virtual cathode at saturation voltage in the beam power 
tube are indicated in the sectional view of the beam power-tube struc­
ture in Fig. 22. · 

In the screen-plate space, the electron beam in a radial plane is con­
fined to a sector by two "beam-confining" plates at cathode potential. 
Virtual cathode and potential minimum stop secondary electrons from 
the plate. The beam-confining plates continue this potential -barrier 
outside of the electron stream and prevent the return of secondary 
electrons along the sides of the beam. Ideal beam-confining plates 
should terminate all potential lines abruptly without distorting their 
uniformity. Shape and spacing of the actual plates is thus adj.usted for 
best termination of the potential lines on the beam borders at low 
plate-voltage conditions. The edges of the plates point to the zero­
potential plane of the virtual cathode at saturation potential: A me­
chanical analogy for explaining the shape of the radial field would be 
a tapered chute with bent-up sides and a curved bottom. The model 
in Fig. 25(b) sp.ows the smooth bottom of this "chute." 
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(b) The Beam between Cathode and Screen Grid 
Having provided a suitable radial path for the electrons beyond 

the screen, we must furthn supply an electron stream of uniform den­
sity and velocity to the plane of the screen. Starting at the cathode, 
we must maintain the electron-beam density at any distance from the 
cathode substantially constant over the sector width by adjusting the 
radius of curvature of the grids. The sectional view in Fig. 22 shows that 
the radius of curvature of the electrodes is decreasing with distance. 
This is because a radius correction is necessary to compensate for 

Iii AM f('l:PIIIIM, 
Pll\Tf--

Fig. 23-Beam formation in type 6L6 beam power tube. 

side-rod effects. The flaUened cathode gives a more uniform and larger 
effective area than a round cathode with consequent gain in transcon­
ductance and power sensitivity. Spacing and cross section of the grid 
side rods, especially of the control grid, determine the beam angle and 
thus are fixed for a given current density in the decelerating field. With 
negative control-grid voltages, the beam angle is reduced by the con­
trol-grid side-rod field and thus some secondary electrons from the 
plate travel to the screen grid along the edges of the beam. This can 
be prevented but is unnecessary in a power tube. 

e. The lJeam Formation in a Longitudinal Plane 
(a) Subdivision of Cathode Current by Grid Wires into Directed 

Beams of Disk-Sector Shape 
If the resultant field in the control-grid plane is positive, electrons 

leave the space-charge cloud at the cathode and travel with increasing 
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velocity in a path which approaches the position of a flux line. In 
tubes with negative rontrol-grid voltnge, th<' C'ntiro elcetron stream 
is divided into definite beams. In ronventional tubes, no attempt is 
ma<lc to dircrt thcsr beams, with fh<' r<'sult that the electron streams 
have varying density and dir<'etion (s<'c Fi!!;, 12). These undir<'Ct<'d 
beams of <'mission are respousibl<' for a rom,i<l<'rahle absorption of <'ler­
trons at the screen and a larp;p Yariation ·of <'!Petron <lirrrtion in tlw 
d<'celPrating fic•l<l b<'yond th<' scT<'<'11, ,\l1i<'h Cfill'>C'S gradual sat uratio11 
no matt<'r how uniform th<' <'lrd ro-:tatic fi<'ld is made in tl1<' space b<'­
twN•n screen and plat<'. 

Thr misalignment of grid wires (sec Fig. 12) in conwntio11al J><'ll­
todefl perniits ekrtrons to pnss at any point bC'tW<'<'ll the scr<'en wires; 
the potential in th<' plan<' of (; 2 variC's more than 50 volts. In th<' ens<' 
shown, four beams ar<' formed within one period of grid-win• align­
ment. The main beam ar<'a is i--ha<lrd. Two of the main beams pai--R 
heh\ecn tlie wires of Gz and only Rtray electro11s are interrepte<l di­
rPrtly. The other two bPams, howev<'r, hit the wires of G2 whif•h inter­
c·Ppt approximatdy 25 per C<'nt of the beam current. The h<'f<'en current 
intf'rr<'pte<l directly i'l thuR approximatP!y 12.5 prr cent of the cathode 
run011t. ThiR value is obtai11<'d. only at high plate voltag<''> whnr all 
<'l<'rtronfl passing the srrcl'n ar<' collPctcd by the plat0. At lower plat<· 
voltages, clertrons with tang<'ntial eompon<'nts fall baC'k into the 
f-rrren grid. For th<' particular tube and voltage shO\vn, they amount 
to 20 per cent of the cathode current. Thus, the screen rollects ap­
proximately one third of the totitl 0athod<• current for the condition 
shown. To prevent serious overheating of the bombarded scrc<'n wires, 
the grids are wound with opposite thread so that the bombarded 
length of wire per turn is r<'<lllr<'d :md so that the total bombarded 
length is distributed ovrr more turns. 

Directed electron bra ms arc for med when the entire length of all 
screen wires in the electron current is positioned in the c-lC'ctrical 
shadow of the control-grid wires. Certain distance relations ar<' neces­
sary to maintain a narrow b<'am width between the wires of G2 within 
the range of the variable control-grid voltage of power tubes in order 
to minimize screen curr<'nt, and prevent serious divergence of electron 
paths at low plate voltag<'s in the decelerating field beyond the screen. 

The control-grid voltage governs the focal length of the oeams, 
and thus their divergence for given electrode and grid-wire distances. 
Simultaneous adjustments must be made when designing the tube 
structure because control-grid voltage, plate current, and beam focus 
depend on the same physical space relations between grid wires, grids, 
and cathode. 
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(b) Advantages of Directed Beam Formation 
i. Substantially uniform current density and electron direction at 

the virtual cathode in a direction parallel to the cathode axis is ob­
tained. (The brams mert. Sec Fig. 24.) 

ii. The low screen· dissipation increases the efficiency of the tube. 
iii. The low screm current gives an unusual flexibility of operating 

conditions, as the screen voltage can be stabilized with bleeders of low 
pow0r dic;c;ipation. 
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Fig. 24-Potential field of type 6L6 beam power tube for the condition 
of virtual-cathode saturation. 

iv. Higher screen-voltage ratings are permitted with consequent 
increase in power output. 

v. The power sensitivity can be increased without danger of grid 
emission, because the screen temperature is low. 

vi. The field distribution parallel to the axis of the cathode is 
more uniform at the cathode than in tubes with grids of different 
pitch and periodic misalignment of grid wires. This uniformity permits 
obtaining higher transconductance values with good plate-current 
cutoff. 

(c) The Beam Formation in the Beam Power Tube 
Developmental power tubes have been constructed with individual 

beams of long focal length formed by negative grid wires and sharply 
focused between the positive screen wires. The screen-grid current at 
the operating point was reduced to less than two per cent of the plate• 
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current value. The spacing requirement is, however, not suitable for 
high power sensitivity. 

The distance between control grid and cathode is determined by 
the power sensitivity, and the control-grid pitch and wire size by the 
cutoff characteristic, as explained later. The formation of directed beams 
requires equal pitch of control and screen grid. Hence, for a given set of 
the above conditions, the distance ratio of da1-02 to the pitch distance 
is the main variable. It determines the focal length of the beams and 
also plate-current, screen-current, and control-grid voltage. In order to 
satisfy also the requirements for grid side-rod spacing, radius of curva­
ture, power-dissipation capability of the plate, and low grid emission, 
a balance of the various tube properties is necessary to result in a 
generally desirable structure. 

'\ilftl\Ulil (.A"~°"' 
(SMl.lll .. tfn 

Fig. 25-Topographic model of potential field shown in Fig. 24. 

An artist's sketch of the total beam formation in the beam power 
tube at a low plate voltage is shown in Fig. 23. The control-grid beams 
have the form of sheets. The dense area near the plate indicates the 
location of the virtual cathode also shown in Fig. 22. The cathode 
current is split up into two groups of 43 narrow beams. The ratio of 
the grid distance (do1-as) to the grid-wire spacing is 1.4. 

The potential field of the beam power tube and a topographic model 
are shown in Figs. 24 and 25. The uniformity of the field between screen 
grid and plate is apparent. The plate voltage shown is the saturating 
potential (46 volts) of the virtual cathode (knee), and thus the hill 
in f~ont of the plate has an elevation just equal to that of the cathode. 
The control-grid mountain peaks (shown for zero grid voltilge) direct 
the electron "balls" towards the narrow ridge between the screen-grid 
holes. Less than nine per cent of the electrons at the sides of the beams 
ia deflected from a lmear patb b7 the conical holes, loses radial velocity, 
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and turns back from the virtual-cathode hill to the screen. About 
three per cent of stray electrons is iutercepted directly. All others 
have just sufficient momentum to roll over the virtual-cathode hill to 
the plate. With increased plate voltage (E,,>45 volts), the elevation 
of the plate decreases (in the model) as does also that of the potential 
minimum in front of the plate. The electrons including those with 
tangential components pass easily over the lower hill in front of the 
plate but hit the plate with considerably more impact. The hill in 
front of the plate, however, prevents them from bounding back and 
rolling back to the screen valley. In an actual tube, however, the 
primary electrons stay bound at the plate, but secondary electrons are 
knocked off and are the ones which are prevented from reaching the 
screen valley. 
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(a)-Changes of beam focus and current intercepted by the screen as a function 
of control-grid voltage in a beam power tube. 

(b)-Current distribution in a beam power tube as a function of control-grid 
voltage. 

The beams come to a focus in the plane of the screen grid with a 
positive control-grid voltage, and cause a screen-current minimum 
(see Figs. 26(a) and 26(b)). The focal length is decreased with increased 
negative control voltages. Consequently, the beam width in the plane 
of G,. is increased. The increase of I et. is, however, checked by the de­
crease in effective cathode area opposite the grid-wire space due to 
cutoff conditions. This narrows the convergent angle· so that the 
divergence and beam width beyond the focus actually reduce for high 
bias values with consequent low current absorption. A low screen 
volta,ge and high plate voltage were used in obtaining the curves of 
Figs. 26(a) and 26(b) to minimize secondary-emission effects from 
the screen. 8 

• I am indebted to Mr. H. C. Thompso11, who bu ltudied beam _principl• 
for many years in our laborato!Y, for his exDlanatioza of beam theory. Hil papfr, 
•Electron beams and their applications in fow voltage devloe1," appeared la tbe 
Paoc. I.R.E., vol. 24, pp. 1276-1297; October, (1936). 
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The transfer chararteristio of the tube follows the square law in 
o;der to reduce third-harmonic distortion. The control-grid-wire dis­
tance from the cathode was made ohorter than the grid-wire spacing 
(ratio 2 to 3) so as to cause the effective area of the control potential to 
vary substantially with the one-half power of the applied control-grid 
voltage a,; pointf'd out in the discuso;;ion of the pentode plate char-

Fig 27-Transfer character1st1c of Fig. 28-Type 6L6 with cutaway 
type 6L6 beam power tube plate to show grid-wire alignment. 

acteri'3tic. The desired result is obtained because the positive potential 
source (the screen) remains at a fixed potential and because side-rod 
effects are compensated for by electrode shape adjustment. An oscillo­
gram of the transfer characteristic is shown in Fig. 27. 

The plate characteristics of the beam power tube are shown in the 
oscillogram in Fig. 21. Insufficient minimum potentials are indicated at 
highly negative grid voltages by the presence of secondary-emission 
effects but they have no harmful consequences inasmuch as this sec­
tion of the plate eharacteriatios is not utilized in practical operating 
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conditions. Although the beam power tube was designed for operation 
with screen voltages between 250 and 300 volts, it may be operated 
within a wide screen-voltage range without substantial performance 
loss. 

The beam power tuoe is the first tube in large quantity production 
to utilize grids in register. The alignment is held at present within 
0.004 inch for all grid wires. This corresponds to a screen-current 
variation of from four to ten per cent of the plate·current at the normal 
operating point. In the side view with cutaway plate in Fig. 28, the 
tube appears to have only a single grid on account of the exact align­
ment of the two grids. This precision is obtained by means of a high 
degree of accuracy in maintaining a constant pitch angle in the manu­
facture of both grids. The grids are aligned mechanically and all side 
rods are anchored to weld lugs clamped in a "terminal board" mica 
which positions and supports the electrodes rigidly. Two heat radiators 
maintain the control-grid temperature at a low value to minimize 
grid emission under all operating conditions within the rating of the 
tube. 

It is thus found that directed electron beams obtained by electrical 
focusing with properly chosen grid wires, grid side rods, beam-confining 
plates, and electrode shapes will produce an electron stream of nearly 
ideal properties with respect to uniformity of electron direction and 
velocity, and that substantially theoretical performance may be ob­
tained with tubes in which these beams are used. In the beam power 
tube, slow electrons and those having large tangential components 
are substantially prevented by beam formation; hence, large plate 
spacings a.re not required, wasteful screen current is avoided, and im­
proved plate efficiency is obtained. In this beam power tube it was 
found practical to suppress secondary-emission effects by space 
charge. 

Tubes which do not utilize carefully directed electron beams, but 
use the space-charge type of secondary-emission suppression, require 
long distances between screen grid and plate for satisfactory results 
and have been found to show little improvement over existing com­
mercial pentodes. Such tubes with a large screen-to-anode distance, 
may be made to have a characteristic with a fairly defined knee oc­
curring at somewhat higher voltages than in a beam tube, but the 
magnitude of the screen current at lower plate voltages prevents highly 
efficient tube operation. Tubes of this type with long distance between 
screen grid and anode have been discussed by J. H. 0. Harries• of Lon­
don, England, in recent articles. 

• •Critical dietance tubee. • Blectronicl, vol. 9, p. 33; May, (1986). 
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VI. TBE PERFORMANCE OF TBE BEAM POWER TUBE 

A. Single-Tube Operation 
1. Distortion, Efficiency, and Ratings 
The harmonic distortion of a single tube is of substantially second­

harmonic order, and decreases linearly with signal according to theory. 
Higher orders than the third are negligible (see Figs. 29(a) and 29(b)). 
The percentage of second harmonic is comparatively large if the grid 

e 18 

7 14z .. Q ... 
~6 12t; 

~ 0 
,s 10~ ... Q :, 
.. 4 Bu ... 
:, z 
03 e o 
,r; l! 

~2 
a: 

0 
4~ .. , 2 /. 

Fig. 29 
(a)-Harmonic distortion and power output as a function of load resistance for 

type 6L6 at peak input signal volte equal to the grid-bias voltage. 
(b)-Harmonic distortion and power output as a function of input signal voltage 

for type 6L6 with 2500-ohm load. 

bias is selected for high efficiency as shown in Fig. 30(a) by the values 
calculated from the ideal characteristic of parallel straight lines with 
square-law spacing. A comparison of actual tube perform.a.nee (Fig. 
30{b)) with these values shows better efficiency at the same values of 
second-harmonic distortion because a small value of third-harmonic 
distortion has been intentionally allowed by designing the plate char­
acteristic as shown by curve II in Fig. 19. 

Various measurements have proved that it is always possible to re­
duce the total distortion to lb: per oe:nt or lesa with resistance-coupled 
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preamplifiers (triodes or pentodes) by generating in these amplifiers 
operated with reduced plate loads a canceling second harmonic of 
sufficient magnitude. A third harmonic produced in preamplifiers is 
usually additive to the third harmonic in the output stage except 
in special operation of. push-pull preamplifiers. 
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Fig. 30 
(a)-Performa.nce of hypothetica.l screen-grid tube with ]inea.r characteristics 

and square-law transfer chara.cteristic. 
(b}-Performance of beam power tube for various opera.ting conditions at maxi­

mum signal input without grid current. 

The flexibility of screen-voltage values permitted by the low screen 
current results in large power-output ratings as well 88 high power 
sensitivity as tabulated in Table I. 

In contrast to standard practice for pentodes, the plate load is not 
selected for minimum total distortion (Fig. 29(a)), but for a minimum 
of higher-order distortion in accordance with the previous discussions, 
because the design of the tube a.llows nearly maximum power output to 
be obtained with such loads. 
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Plate re,nstance 
Transconductance 
Plate current 
Screen ourren t 
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BEAM POWER TUBES 

TABLE I 

Static and Dynamic Cha.raotenatlca 

Single-Tube Class Al Amplifier• 

Plate and screen dlss1pat1on (total) 
Screen d1881pation 
Typical operation 

Heater voltage 6 '3 6 3 6 3 
Plate voltage 375 250 300 
Screen voltage 125 250 200 

Fulll 8e1,f. Fulll 8e1,f- F,:z:8/l Se1.f-
Bias Biaa B1<JB Bias Biaa Biaa 

Direct grid voltage -9 - -14 - -12 li -
Self-b1as1ng resistor - 365 - 170 - 220 
Peak auc:ho-frequenoy grid 

voltage 8 8 li 14 14 12 5 12 li 
Zero-signal direct plate our-

24 rent 24 72 75 48 51 
Max -mgnal c:hrect plate our-

rent 26 24 3 79 78 55 54 5 
Zero-81gnal direct screen cur-

rent 0 7 0 7 5 5 4 2 5 3 
Max -111gnal direct screen our-
• rent 2 1 8 7 'l 7 2 4 7 4 6 
Load l'tl818tanoe 14000 2500 4500 
D1stort1on 

Total hermonic 9 10 11 
2nd harmonic. 8 9 7 10 7 
3rd harmonic 4 2.5 2.5 

Max.-111gnal power output 4 2 4 6.5 6.5 
Plate and screen eJB01enoy 

30 (total) •• 42 43 37 2 

6 3 volts 
250 volt.a 
250 volt.a 

-14volta 
135 

22500 ohms 

366 

6000 micromhoe 
72 mtlhamperee 

5 milhamperee 

375 max volts 
250 max volts 

24 max watts 
3 5 max. watts 

6 3 volts 
375 volts 
260 volts 
Fued 
Bia, 

-17 li volts 
ohms 

17 5 ,oil.a 

57 m1lhamperes 

67 m1lhamperee 

2 5 m1lhamperee 

6 mdhamperes 
4000ohms 

14 5 per cent 
11 5 per cent 
4 2 per cent 

11 5 watts 

43 per cent 

• Suffix 1 mc:hoates that gnd current doea not flow durlns any part of the input oyole. 

2. Overload Characteristics 
In all ideal audio-frequency amplifier tubes, whether triodes or pcn­

todes, the efficiency has reached the maximum value of 50 per cent with 
normal operating conditions and zero peak grid volts. A so-called 
"smooth overload" characteristic as obtained in tubes having low effi­
ciency at the rated output value is thus not obtainable in class A opera­
tion for audio-frequency purposes. An analysis of the ideal triode char­
acteristic shown in Fig. 2 shows that distortion at the grid-current 
point is very small and rises steeply for further increases in signal volt­
ages because the plate voltage at the current maximum can only in­
crease 50 volts at most. This fact is not altered by the assumption of a 
control grid which draws no current even with high positive grid volt­
ages. 

The plate-current knees in the beam power tube occur at a low plate 
voltage. A high plate load intersects a knee of a nega.tive-control-grid­
TOltage line. The corresponding peak swings of voltage and current do 



356 ELECTRON TUBES, Volume I 

not increase any further with larger grid signals, although these may 
be negative. Power output and efficiency are increased but at the ex­
pense of higher distortion because plq,te-efticiency values over 50 per 
cent require that the wave approach a "flat-topped" or square form. 

B. Push-Pull Operation 

1. General Discussion of Push-Pull Amplifiers Having High Power 
Sensitivity. 

Push-pull amplifiers are used in radio receivers not only for balanc­
ing out various current components in transformers and load, but also 
to obtain low distortion and increased efficiency of tube and circuit 
operation. It is highly important to analyze the performance of hy­
pothetical tubes with high power sensitivity in amplifier circuits hav­
ing commercially obtainable power supply regulation. 

(a) Triodes 
The dynamic characteristic of triodes having a constantµ and a plate 

impedance much lower than the plate load (as, for instance, the ideal 
tube shown in Fig. 2) is substantially linear. The resultant character­
istic of two tubes in a push-pull circuit is thus represented by the 
geometric addition of two straight lines. F'ig. 31 shows the joined 
characteristics for five distinct operating points. Dotted lines mark 
the grid-current point. Conditions 1 and 2 show class Al operation; 
condition 2 is for class Al operation with minimum plate current. Both 
conditions give zero distortion. The power output and efficiency of 
condition 1 is naturally less than for condition 2 which is limited to 50 
per cent efficiency. Class ABI operation, as shown in condition 3, has 
still higher efficiency because I bO is lower than ½ lmu.• The breaks in the 
curve, however, cause distortion including high orders. Condition 4 
shows the very critical class Bl operation having zero distortion and a 
maximum theoretical efficiency for ideal audio amplifiers of 78,6 per 
cent. 

In practical amplifiers the supply voltages vary with current incre­
ments because of imperfect regulation. The operation of ideal triode 
amplifiers is thus limited to class A conditions. A pair .of hypothetica.l 
triodes (Fig. 2) operated as push-pull class Al amplifiers at maximum 
efficiency as in Fig. 31, condition 2, requires a direct grid voltage 
(Ee) of -37.5 volts and a plate voltage (E,,) of 400 volts for 35 watts 
output with 51 per cent plate efficiency and negligible distortion. 
The characteristic (Fig. 2) of these hypothetical tubes was constructed 
to obtain a performance approximately equal to the beam power tube. 
Because of the high triode conductance, the plate-current increment 
due to sign.a.I is sufficient to shift the operating point to aero plate 
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rurrent (Fig. 31, condition 4), if the plate-voltage regulation is 6.25 
per cent. 

It can be shown that self-biased operation of these tubes requires a 
minimum plate current of 85 milliamperes per tube in order to prevent 
romplete cutoff (condition 5) at full signal. The rectification in actual 
tubes would be larger and the obtainable efficiency would be reduced 

Fig. 31-Push-pull characteristics for triodes having linear 
dynamic characteristics. 

to the order of 35 per cent because the required operating condition 
would necessitate a higher plate rurrent and rause higher plate dis­
sipation. 

(b) Pentodes and Beam Power Tubes 
For equal power sensitivity the stability of the operating point is 

considerably better in tubes with accelerating grid. The screen pre­
vents the control of the plate voltage over the plate current and thus 
the required transconductance for equally good efficiency and power 
sensitivity is considerably lower than in triodes. 

3 3A 

Fig. 32-Push-pull characteristics for ideal pentodes having square-law dynamic 
characteristics (sketches 1, 2, and 3); push-pull characteristic of beam power 
tube (sketch 3A). 

The dynamic transconductance obtained with two of the new 
beam power tubes in push-pull is 4000 micromhos per tube while that 
of the equivalent hypothetical triode would, have to be 561000 micr~ 
mhos. 1• 

11 It can be shown that for a triode power tube to equal the performance of a 
pentode power tube the following ratio holds: 

g. (triode) 2(Ei,o - E ... ) ------. 
g,,. (pentode) E,,.. 

For a.,.400 volts and B .. •60 'JOltt,·we obtain g;. (triode)•l4 I• (pentorlt). 
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The curvature of a high-impedance plate characteristic is not 
straightened out by the plate load. This permits operation with smalln 
quiescent plate currents and thus higher efficiency, as illustrated in 
Fig. 32. The resultant characteristic from two square-law curves is 
linear for the class Al operating conditions 1 and 2. The overbiased 
operation in condition 3 does not cause high-order distortion because 
the curve does not have sharp breaks. 

In the design of the beam power tube the plate charactPristics 
in the low plate-voltage range are so adjusted that the distortion 
minimum (0.8 per cent) is obtained in push-pull class ABl opPration 
with a quiescent pbte current of 28 milliamperes prr tub<', i.<'., 
I bO =0.14 I max at 1,1 = 0.625 c0Ec, The high-current end of each in­
dividual dynamic characteristic is straightened out by the plate load 
so that only the square-law sections of the individual charactNistics 
have to be overlapped (3A in Fig. 32). Class Al operation of these 
tubes causes an increase in distortion to two per cent which, due to 
the absence of higher orders, is not objectionablc. Plate-current incre­
ments above the knee are substantially proportional to the one-half 
power of the plate voltage over the range in which a potential de­
pression is caused by space charge between G2 and the plate. 

2. Performance of Beam Power Tubes in Conventional Push-Pull 
Service 

The new all-metal beam power tube is designed for el ass Al and class 
ABl operation.11 Two self-biased tubes in push-pull class ABl arc capa­
ble of delivering without grid current a power of 32 watts with 58 per 
cent plate-plus-screen-power efficiency, and 54 per cent direct-current­
power efficiency including self-biasing power. Including heater power, 
the total circuit efficiency is 45 per cent. Distortion has the small value 
of one to two per cent and is of substantially third-harmonic order. 
Other harmonics are small fractions of one per cent, no larger or of 
higher order than found in the output of pw,h-pull low-impedance tri­
odes. 

With only 350 milliwatts peak grid power, a power output of GO 
watts with two per cent plate distortion and with efficiency similar to 
that just given is obtained in class AB2 operation for use in large sound 
systems. Operation with grid current is not recommended for high 
quality reproduction due to the generation of higher harmonics in the 
grid circuit. The small grid power permits a driver design of low dis­
tortion. 

The cathode is of the indirectly heated type operating with 6.3 volts 
alternating or direct current and 0.9 ampere, i.e., 5. 7 watts. 

d The tube has been made available under the type number 6L6. 
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Correct self-bias operation is highly efficient and does not require 
good supply-voltage regulation, as_ may be seen from the table com­
paring fixed-bias and self-bias operation in Table II. The self-bias 

TABLE II 

Push-Pull Class A Bl Amplifier 

r!:!:nv~~~!:;,·. ·.::::::::::::::::::::::::::::::::::::::::::::::::::::::::: 
Plate an.d ~cre~n dissipation (total) ....................................... . 
Screen d1ss1pat1on< ...................................................... . 
'fypioal operation-2 tubes: 

Values art /or I tubts 

Fr enter voltage .................. 6.3 6.3 G.3 
Plate voltage ................... 400 400 400 
Screen vol tnge . . ................ 250 250 300 

Fized . Fi.zed Self- Fixed Sri/• 
Bias* Bia• Bias Biaa Bias 

Direct grid voltage .............. -20 -20 - -25 --
Self-biasing resistor ....... , ...... - - 190 - 200 
Peak audio-frequency grid-to-grid 

40 1\0 57 voltage ....................... 10 43.8 
Zero-signal direct plate current .... 88 88 fj(l 10:! 112 
Max.-signal direct plate current ... 1:!li 124 110 ll.i2 12!! 
Zero~sip;nal direct screen current ... 4 4 4.0 6 7 
Max.-s1gnnl direct screen current .. !) ]2 10.8 17 16 
Load resistance (plate to plate) .... 6000 8500 GG00 
Distortion: 

Total harmonic ............... 1 2 2 
3rd harmonic ................. 1 2 2 

Max.-signnl power output ........ 20 26.5 24 34 32 
Plate and screen efficiency (total). 38 50.5 52 51.5 58 

• Plate load decreased to permit operation with grid current. 

400 max. volts 
300 max. volts 

24 max. watts 
3. 5 max. watts 

G.3 volts 
400 volts 
300 volts 
Fixed 
Bias* 

-25 volts - ohms 

50 volts 
102 milliamperes 
156 milliamperes 

6 milliamperes 
12 milliamperes 

3800 ohms 

0.G per cent 
0.6 per cent 

23 watts• 
35 per cent 

resistor is selected such that the plate and the screen rectification at 
full signal do not shift the bias beyond the value of minimum distor­
tion and highest efficiency. Because of the high power sensitivity, the 
voltage changes ar.c small causing but a slight decrease in power _out­
put. The amplitude distortion of -0.8 decibel in input voltage due to 
·the self-bias shift is not detectable by the ear. 

The advantages offered by push-pull amplifiers utilizing tubes with 
accelerating screen grids are augmented by the use of beam power 
tubes. Owing to their charac~eristics and their precision of manu­
facture, it is possible to obtain substantially the same performance in 
the practical use of beam power tubes as is obtained under ideal con­
ditions. No matching of beam power tubes is required. 

C. Circuits with Inverse-Voltage Feedback for Adjustment of Tube 
Impedance 
1. Theory 
Low plate impedance has been shown to be inconsistent with regard 

to design and operation of practical highly efficient power tubes. As 
low plate impedance is, however, one of the specified properties of an 
ideal power tube, circuit means for changing the effective plate im­
pedance of tubes were ,investigated. 
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The plate impedance of a vacuum tube is defined as rp=d,/d;,, and 
measured by the ratio t:.e,,/t:.i,,. If the increment t:.ep or a percentage of 
t:.ep in the plate circuit is coupled bark into the grid circuit, it will in­
crease or decrease the plate-current change t:.1·,, depending on the phase 
of the feedback. If, furthermore, the phase of the feed-back voltage 
is in opposition, i.e., "inverse," to the grid-voltage change which causes 
the plate-voltage ch:rnge t:.e,,, stable operation is obtained; the circuit 
is not regenerative. . 

The circuit in Fig. 33(a) has 100 per rent inverse-voltage feedback. 
If a voltage inrrement +t:.e,, is produced in the circuit branch normally 
containing the load resistanc<', the plate-current inrrPmf'nt without 

INSERT Rp 
-HERE INiEE~~Rp 

R1 R1 

_l•l•l•I• + n = R1 +R2 
Eb 

IOI 

le) +300V. +<400V. 

Fig. 33 
(a)-Circuit for 100 per cent conductive feedback (n = 1). 
(b)-Circuit with adJustable conductive inverse feedback (n <l). 
(c)-Practical inverse-feed-back circuit utilizing push-pull beam power tubes. 

R1 = 10,0001 5000} f 10 f db k Rz-=90,000J or 45,000 or per cent ee ac 
Re= self-bias resistor 
C =0.1 microfarad or larger 

C'--value depends on secondary impedance of transformer and should be 
determined by test. Large values require a series resistor to prevent 
transients. 

C =35-volt electrolytic condenser (50 microfarads). 

feedback is +t:.ip1 == +t:.e,,(rp, Due to the feed-back connection, how­
ever, the grid voltage is changed simultaneously by 'the increment 
+Ae0 = +t:.e,,. This causes a further plate-current change +Aip2 
=Ae, Xg,,., and thus 

Aip == Aip, + Ai,,1 = t:.e,, (1/r,.+g,..). 

The resultant value of plate resistance is thus 

1 Tp X 1/g,,. II / 
Tp(r) =- ---- == ---- = r,, 1 g,,,. 

1/r, + fl" 1/g,,. + r,, 
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The Jeedback causes an effective shunt r / = 1/ Ym across the actual plate 
impedance. The new resultant value rP<,> in this circuit r<'quires a change 
in magnitude of amplification factor in order to satisfy the tube equa­
tion µ=gmXrp, Because the plate and grid circuit <lo not contain any 
common rcRistanC<'R, Um r<'mains constant and thus the rC'sultant am­
plification factor (µ,) is 

µ<,> = g,,. X rpc,> 

which can be written 
µ(,) = µ/(1 + µ). 

The feedback n in this circuit is unity. Less frrdhaek (n < 1) re­
sults in smaller changes of Tp andµ, because in gcn"r,ll 

Tp(r) = Tp II 1 
n X Um 

where• n=fccd-back factor, and 
µ 

µ(,) = ---
1 + nµ 

The distortion in circuits with 100 per rent in-versl' feedback lins 
b<'en investigated by F. H. SllC'pnrd, Jr., of the RCA Radiotron Di­
vision. He found it to be extremely low, because it is reduced approxi­
mately by the same factor by which the requirPd grid signal must be 
increased. Circuits with unity feedback (n = l) rrquire a grid signal 
equal to the sum of plate and grid-signal voltage and thus have very 
low power sensitivity. 

A modification of the circuit for obtaining fractional feed-back 
values (n < 1) is shown in Fig. 33(b), in which the fred-back value 
n = r1 (r1 +r2) may be adjusted at will. The circuit shown has a eon­
ductive feed-back connection, which permits the plotting of the rP-· 
sultant plate characteristic of the tube with feedback by any con­
ventional method. 

Oscillograms of feed-back characteristics of the beam pow<'r tuhc 
taken with a cathode-ray curve tracer for 10, 20, and 30 per cent in­
verse feedback are shown in Fig. 34. Because the oscillograms require 
a flat frequency characteristic with zero phase distortion from 10 to 
approximately 10,000 cycles, they prove the frequency stability of 
the circuit. The decrease of rPc,-J and µc,> with increased feedback is 
obvious. 

2. Graphic Construction of Feed-Back Characteristic 

The construction of the characteristic with feedback from the 
Jriginal characteristic is not difficult. As illustrated in Fig. 35, it is 
obtained by simpl7 adding -n E.,, to all grid-voltage values and draw-
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ing curves through all points -(Eo1+nE1>)- -Et11<•> of equal voltage. 
The construction furnishes the correct resultant values of /.le,> and ri,c,> 

(g.,. is unchanged) at any point of the feed-back characteristic. The original 

Fig. 34-0scillograms showing effects of inverse feedback on plate character­
istics of a beam power tube. Oscillograms taken with the curve tracer using 
circuit of Fig. 33(b). 

Er: 6 3 V 
l--!la='l---1-~--4--+--1---1---1 Eb: 400 V >"r ; 10 

Ecz=300V, Tpr•20000HMS 

t---+---+--t-t Ee, =-2s v. Sm=~OOOJ,IHM0S 

Fig. 35-lnverse feed-back plate characteristics for n-0.1 constructed 
from the static plate family of the 6L6 beam power tube. 

zero-bias line is the envelope of all values without grid current. It is 
further seen that the position of the optimum plate load and the power 
output, as deter.min.ed for all normal operating conditions, remains · 
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unchanged. Distortion analysis, however, will show a reduction of 
distortion in approximate proportion to the required signal increase. 

3. Performance of Beam Power Tube8 in Practical Circuits with In­
verse-Voltage Feedback 

Conductive fe<'dhack is unuf'ceRsary in audio-frequency amplifiers. 
The corn:•ct pha5c relation is lc>:u,t ciisturbed by a resistance-capaci­
tance coupling as 1,hown in the prartical rircuit of Fig. 33(c). The 
blocking condens<'fs C' eliminate dirert-current feedback and thus 
make it unnecessary to changP thP original grid-biasing voltag<'. Thi.~ 
measure avoids at the sam<' tim<' poRHiblc plate-current cutoff dul' to 
rectification, bccausp thP dircct-curr<'nt plate conductance is not in­
creas<'d to the high va!U(' of a rpaJ triode. 

The high pow<>r S<'llsitivity of tlw beam powPr tube requires the 
value of only 10 p<'r cc•nt f<'<'dhaek to Pffect a loud-~prakrr dampi11g 
equal to that obtained with dass Al-opaated low-impedmu·e lriod,.~. The 
rpquir<'d grid signal a-; ohtai,wd from the push-pull operating Colldition 
illustratP<l in thP f<'Pd-bad, <"haractcristie-, of Fig. ;35 iH GO p<'ak volt-; 
at the grid-eurrf'nt point. The orwrating bias (Ev1) j.., - 65 volts whi<'h 
would bt> the <lirect-curn•nt bias valm' for the PonduC'tivc f PPd-back 
<·om1c>ction. Sinr<' th<' pradienl fr<'d-back Ponnc,rtion contains a block­
ing eon<lcnscr, the dirc>d-currcnt bias on t}I(' tub<' iH -2.5 volts. ThP 
pow<'r output remains :32 watts, a small p<'rcPntaJ?;<' of which is dissi­
pated in the potential dividN. The di-;tortion is rC'ducf'd to approxi­
mately 0.6 per cent. The high eirruit dficicnry is substantially un­
altered. 

A po"lsiblc phase rev<'rsal due to kakag<"-rcact:mce tuning of th<' 
input transformer is prf'VPntcd by c-0111w<'ting small condcns<'rs arross 
each sc>condary winding. Plate-load comp<'nsation is unn<>c<>s-;ary duP 
to the low effective plate impc>danre of the tubrs. The low r1,<•> of th<' 
tubes will give less troubl<' from hum than triod<'s, due to b<'tt<'r sta­
bility of the operating point, but naturally rc>quircs a better filtC"rP<l 
B supply voltage as compared to pentodc> op<'ration. 

Circuits with un-by-passed cathode rrsi~tor arc also inverse-feed-back 
circuits. In single-tube operation surh circuits will reduce the dis­
tortion of the beam power tube to approximately one half of its nor­
mal value while the required grid signal will be doubled and the out­
put power reduced approximately 10 per cent by the loss in the rathode 
resistor. It can be shown that this feed-back method increases the effec­
tive plate impedance of the tube with respect to a separate plate-circuit 
load and decreases the tube impedance with respect to the cathode resistor. 
For damping purposes, therefore, this method is efficient only for 100 
per cent in.verse feedback, i.e., if RZJ is located in the cathode lead. 
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CoNCLUSTON 

By the use of new principles in design and application of power 
tubes, we have in the beam power tube closely approached ideal power­
tube characteristics and performance. The development of this tube 
has been ma.de possible by the splendid co-operation and specific 
knowledge of many fellow engineers, to whom I want to express my 
sincere appreciation. 



REVIEW OF ULTRA-HIGH-FREQUENCY 
VACUUM-TUBE PROBLEMS*t 

BY 
B. J. THOMPSON 

RCA Radlotron Division, RCA Manufacturing Company, Inc., 
Harrison, N. J. 

Summarg-The effects of electron transit time and of lead inductance 
and interelectrode capitance which become of importance at ultra-high, fre­
quencies are reviewed. It is shown that, in radio-frequency amplifier tubes 
for use in receivers, the most serious effect is the high ratio of input con­
ductance to transC'onductance, which is independent of the transconductance 
and is proportional to the square of the frequency. This ratio may be reduced 
by reducing the electron transit time, the lead inductances, and the inter­
electrode capacitances. In power amplifiers and oscillators for transmitters, 
the important effects are much the same as in receiving tubes. The solution 
is complicated, however, by the problem of obtaining sufficient power output 
in a small structure. 

I. INTRODUCTION 

T HE intensive use of all longer radio wavelengths by establishea 
services has forced new services and expansions of the old into 
the shorter wavelength portion of the radio spectrum. Fortu­

nately, it has l:een found that these shorter wavelengths have advan­
tages over the longer for many applications. In fact, the known or 
expected advantages of the very short wavelengths have brought about 
the use, or propo~ed use, of wavelengths from 7 meters to 10 centi­
meters, even though the spectrum of longer wavelengths is not sat­
urated. Among these advantages are limited transmission range, 
making possible the multiple use of one wavelength or providing 
secrecy; wide available band width for a single channel, necessary 
for television; high directivity attainable with small antenna systems, 
including the possibility of using "wave guides"; and high resolving 
power of the waves, making possible, for example, navigational aids 
for ships and airplanes. 

As shorter and shorter wavelengths. have been used, it has been 
found that the vacuum tubes of the transmitters and receivers place 
a serious limitation on the attainable performance. Ultimately, im­
proved performance can only be attained by radical improvements in 
vacuum-tube design or by radical departures from conventional modes 

• Decimal Clauification: B.889.2, 
t Reprinted from RCA. Rt11Mtt1, October, 1988. -



366 ELECTRON TUBES, Volume I 

of vacuum-tube operation. It may be said that the problem of the 
d'-'velopm'-'nt of satisfactory apparatm; for the ultra-short wavc­
lengl hR, on which depends the development of this promising fif'ld, is 
identical with the problem of cksigning better vacuum tubN1 fo1· 
ultra-high-frequency. operation. 

In r'-'cent years very comdderable advancements have been made 
in the dt'Rign of vacuum tubes for high-frequency use. Most note­
worthy has been the trend toward the ust' of conventional modes of 
operation at frequencies whe1·e formerly such operation was not con­
sidered feasible. This ha<; been thE' result of improv('d design ba<;f'd 
on increased theoretical knowledge of tht' limitations to high-frequency 
tube performance and on tlw dcwlopment of new manufacturing 
techniques. Noteworthy advanCf'8 have also hf'en made in the pf'r­
formanre of some of the unconventional types of vacuum tubes. The::;e 
advances naturally focus attention on th<' question of what may be 
expected in the future. 

Foretelling the future is a dang<,1 <'Uc; though faRcinating game. 
We shall be on surer ground if "c cortfint> ourst'lves to an attempt to 
understand the> nature of lhe limitations \\ hich rE>strict the design 
and operation of preR'-'nt ultra-high-frcqurncy tubes. S 1ch an under­
standing should indicate> the dirE'rtioM in which progress may he 
expected. 

II. FU:NDAMENTAL CONSIDERATIONS 

At low frequencies any effects of t>lectron transit time or electrode 
leads are usually ignored. At the higher frequencies which we are 
discussing, this may no longer be done. The limitations imposed on 
the performance of high-frequency tubes are so largely the result of 
lead and transit-time effects that we must consider these in some 
detail. 

The current flowing to an electrode 1n a vacuum tube is frequently 
viewed as resulting from the arrival of electrons at the electrode and 
as being, therefore, proportional to the instantaneous rate of arrival. 
This viewpoint is fairly satisfactory at frequencies where the electron 
transit time is a vanishingly small part of the period, but it is com­
pletely misleading at higher frequencies where the transit time becomes 
appreciable. 

A useful and satisfactory viewpoint is to consider the current 
flow to an electrode the result of the motion of charges in the space 
between electrodes. Consider two infinite parallel-plane electrodes as in 
Figure 1 with a voltage E applied between them. The electric field F 

E 
between the electrodes is simply - where d is the distance between 

d 
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electrodes. If a small positive electric charge q is placed between 
the plates very close to the positive plate there will be an increase 
in the charge of the positive plate of amount -q and no increase in the 
charge of the negative plate. There will be a force acting on the 
charge of magnitude Fq tending to move it toward the negative plate. 
If the charge is allowed to move, the work done on it by the field is 
equal to Fqx where x is the distance the charge has moved. Now, the 
work done on the charge is supplied from the battery. The work done 
by the battery is equal to the product of its voltage E and the change 

+ 

d 

+ 

• V 
L-n = -q d 

(a) 
~--+...,, I• It-___ ..., 

E (b) 
~--+...,,1, It-_--.... 

E 

Fig. 1-Distribution of induced charge and current flow between 
parallel planes as a charge q moves between the planes. (a) illus­
trates the c(\ndition where the charge is an infinitesimal distance from 
the positive plane. (b) represents the condition where the charge has 
moved a distance x away from the positive plane and is moving at a 

velocity v. 

in charge induced on one of the plates. If q,, represents the charge 
induced on the negative plate, we may write 

or 

-Eq,.=Fqx 

Eqx 
=--

d 

:i; 

q,.= -q-. 
d 

In other words, the charge induced on the negative plate is pro­
portional to the charge in the space and to the fraction of the total 
distance between plates which the charge has covered. Of course, the 
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charge q, induced on the positive plate is equal to the difference 
between the space charge and the charge induced on the negative 
plate, since the total charge induced on the two plates is always equal 
in magnitude and opposite in sign to the space charge. 

The current flowing to the negative plate as a result of the motion 
of the charge q is equal to the rate of change of the charge qn. This 
is simply 

q dx V 
in=--=- --=-q-. 

dt d dt d 

In other words, the current flowing as a result of the motion of a 
charge between two plates is equal to the product of the charge times 
its velocity divided by the distance between the plates. Of course, 
the current flow to the positive plate is always instantaneously equal 
in magnitude to the current to the negative plate. 

The important conclusion which we may draw from this simple 
analysis is that in a vacuum tube the current produced by the passage 
of an electron does not flow simply at the instant the electron reaches 
the electrode, but flows continuously in all adjacent electrodes while 
the electron is in motion. If the electron moves between parallel plates, 
the current flow does not depend on the position of the electron, but 
only on its velocity. 

The total current flowing to an electrode may be determined by 
adding up all the minute currents produced by individual electrons, 
or more analytically by integrating the currents produced by infinitesi­
mal strips of space charge. 

In a steady-state condition, the current flow determined by such 
integration (or the measured value) is exactly equal to the rate of 
arrival of electrons at the electrodes. When the current is varying 
with time-as in the case of an amplifier tube with an alternating 
voltage applied to the grid,-the rate of arrival of electrons at the 
electrode may be greater or less than the actual current flowing because 
of the finite transit time of the electrons. If the current is momen­
tarily increasing, the rate of arrival of electrons is less at any instant 
than corresponds to the flow of electrons in the space. 

These considerations show that the current flowing to an electrode 
may be different from the rate of arrival of electrons at the electrode. 
It is also possible to have a current flowing to an electrode at which 
no electrons arrive, if the number or velocity of the electrons approach• 
ing the electrode is instantaneously ditferent from the numbei' or 
velocity of those receding from it. · 
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From these elementary considerations we may understand quali­
tatively the various transit-time effects which are observed in high­
frequency vacuum tubes. 

The transit-time effects in the grid circuit are of most interest to 
us because they are the only effects in that circuit when no electrons 
or ions reach the grid. Because of the instantaneous difference 
between the rates at which electrons approach the grid and recede 
from it, there is an alternating current flowing to the grid which is 
proportional to thE' transconductance, to the alternating grid voltage, 
to the frequency, and to the electron trarn:;it time. This current leads 
the alternating grid voltage by 90 degrees. Hence, one may say that 
there is an electronic component of grid capacitance which is pro­
portional to the transconductance and to the transit time. This capaci­
tance is the well-known increase in "hot" capacitance over "cold" 
capacitance. While it is a transit-time effect, the equivalent capaci­
tance does not vary appreciably with frequency, though, of course, 
the capacity current is proportional to the frequency. 

Because of the electron transit-time, there is a shift in the origi­
nally 90-degree phase relation between grid voltage and grid current 
with increasing frequency. This phase Hhift result8 in an equivalent 
shunt r~8istance between grid and cathode which is inversely propor­
tional to the transconductance and to the square of the frequency and 
of the transit time. This resi8tance, which is normally very high at 
frequencies of the order of 1 megacycle, may become as low as several 
thousand ohm8 at a frequency of 50 megacycles in conventional receiv­
ing tubes. 

There are als~ transit-time effects in the plate circuit. First, there 
is a phase lag between plate current and grid voltage which is pro­
portional to the frequency and to the transit time. The relation 
between plate current and grid voltage is normally expressed as the 
transconductance. Of cot\rse, properly speaking, conductance can refer 
only to the component of alternating plate current which is in phase 
with the grid voltage. The quotient of the total alternating plate 
current divided by the alternating grid voltage is therefore called 
the transadmittance. 

Second, the magnitude of the transadmittance decreases some­
what as the frequency is increased. This effect is normally quite small 
at the maximum frequency at which a given tube may he used. 

Third, there is a decrea~e in the internal plate resistance of the 
tube as the frequency is increased. This is also usually quite small. 

These are the principal transit-time effects. Lead effects are also 
of importance. 
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Consider the simple triode shown in Figure 2 with inductance in 
the cathode and plate leads and with capacitancl' between grid and 
eathode and grid and plate. Tht> plate has nn ext£>rnal load and the 
frequency of the voltage applied to the grid JH well below that at which 
resonance between lead inductances and intcr€'1£>ctrocle capacitances 
occurs. If L,.. _is equal to LP' Cqt to C,,µ, ancl i 1 to i2 , it ean readily be 
seen that iu is not influenced br thP lt>ad induetanceH, for the triode 
is then a bridge in perfect balance. But if any one of these qualities 
is upset (more exactly, if i 1L,.C,,, is not equal to i2L1,C,,p), there appears 
a conductive component in the grid current i,,. If i1L,..C,,,.. is greater 

~ eg 

Fig. 2-Schematic diagram of triode without plate-load impedance. 
L. and L,, represent the self-inductances of the cathode and plate leads. 

than i2LPC,,p, this component is positive and represents an input load­
ing in addition to the electronic loading. It is most interesting to 
observe that the effective resistance shunted between grid and cathode 
which corresponds to this lead-effect loading is inversely proportional 
to the transconductance and to the square o.f the frequency, exactly 
as was the case for electronic loading. 

Normally it is not feasible to balance out the two lead effects. 
Especially is this true in screen-grid tubes where the screen-grid 
current is a small fraction of the cathode current. Therefore, the 
lead-effect loading iR often very important. 

Ill. RECEIVING TUBES 

For almost any application of ultra-short waves, both transmitting 
and receiving apparatus are required. While it may seem that trans­
mission logically comes first, the problems of receiving tubes are such 
that the discussion of them will serve as background for the discus­
sion of transmitting tubes. 
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It is conventional practice at lower frequencies to amplify the 
received signal at the radio frequency, then to convert it to a lower 
intermediate frequency at which additional amplification takes place, 
and finally to detect the signal, or to omit the intermediate frequency 
and detect the radio-frequency signal direct]~,. Where intermediate­
frequency amplification is used, radio-frequency amplification is 
desirable to prevent radiation at the local-oscillator frequency from 
the receiving antenna, to reduce the response to the unwantt,d fre­
quency ·which differs from the local-o8cillator frequency by the 8ame 
amount a~ the wanted fr<'quency, and to increaAe the Aignal-to-noise 
ratio for weak flignal~. Where intt'rmediate-frcquency amplification 
is not t18ed, radio-frequency amplification is required to achieve selec­
tivity and sensitivity with high i:;,ignal-to-noise ratio. While special 
applications of ultra-short waves may not impose such severe require­
ments on the receiver, it is reasonable to suppo!le that equivalent per­
formance will be desired in other applications. We shall, therefore, 
wish to discuss all pertinent limitations of receiving tubes. 

The maximum voltage amplification per stage which may be 
obtained from a vacuum-tube amplifier depends on th{' magnitudes of 
tJ--3 transadmittance, the internal grid conductance, the internal plate 
resistance, the grid and plate capacitances to ground, and the band 
width to be passed by the amplifier. The phase angle of the trans­
admittance is unimportant in an amplifier. There is ordinarily no 
serious problem in obtaining suitable external circuits at even the 
highest frequencies. Where ordinary lumped circuits may not be used, 
distributed circuits, such as concentric transmission Jines, are Auitable. 

As was stated earlier, the reduction in magnitude of transadmit­
tance ,with increasing frequency is usually not serious. The internal 
plate resistance may or may not be importantly reduced at high fre­
quencies. When it is, the trouble is not mmally fundamental, but is 
likely to be a matter of bulb effects such as electron bombardment or 
surface film resistance. Such effects may be hard to isolate and to 
eliminate, but they will certainly not be an ultimate limitation. 

For wide-band amplification, the interelectrode capacitances may 
be a limiting factor in determining the maximum attainable amplifi­
cation at moderately high frequencies. However, as the frequency is 
increased, the input conductance becomes rapidly larger until the 
effective impedance of the circuit connected to the grid becomes lower, 
in general, than the value required for wide-band amplification. The 
problem of increasing the frequency at which some voltage amplifica­
tion may be obtained is, therefore, the problem ot increasing the ratio 
of transadmittance to input conductance. 
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Because for given spacings and operating voltages the ratio of 
transadmittance to input conductance at a definite frequency is fixed, 
increase in this ratio may be attained in a straightforward manner 
only by reducing spacings or iucreasing voltages. As the latter method 
is usually impractical, reduced i;;pacings is the obvious alternative. 
This is the method followed in the design of acorn tubes. There are 
possibilities of more or less radically new kinds of amplifying tubes 
which may give better performance without smaller structures. Specu­
lation as to the nature of such tubes is beyond the scope of the present 
paper; one may be sun>, however, that the improvement will be in 
the ratio of 1 ransadmittance to input conductance. 

Satisfactory performance at higher frequencies than those at 
which vacuum-tube amplifiers will giVE• a voltage gain appears to be 
rossib!e only if one is satii;;fied to do without radio-frequency ampli­
fication. Detectors will operate at much higher frequencies than 
present amplifiers or oscillators. Superheterodyne operation at as high 
as 3,000 megacycles does not seem impossible with the use of a har­
monic of a lower-frequency local oscillator. 

IV. TRANSMITTING TUBES 

The performance requirements for transmitting tubes for ultra­
high-frequency operation are substantially the same as those for lower 
frequencies. Only where such requirements cannot be met will inferior 
performance be accepted. These requirements stated briefly are: 
oscillators having good frequency stability; efficient power amplifiers 
which have good modulation characteristics; and as much power out­
put as can be attained. It appears that the requirements of power 
amplification and good modulation characteristics may not readily be 
met by such tubes as magnetrons and Barkhausen-Kurz oscillators. 
It is not surprising, therefore, that the trend has been toward conven­
tional negative-grid tubes at all frequencies much below 3,000 mega­
cycles. 

The fundamental electronic theory of the operation of negative­
grid transmitting tubes at high frequencies is, naturally, the same as 
that of receiving tubes. If power output were not a consideration, 
transmitting tubes would not differ from receiving t~bes. The demand 
for large power outputs with low interelectrode capacitance and close 
spacings, three requirements mutually in opposition, naturally requires 
a compromise in design about which one might not be optimistic. 
Actually, however, the situation is not so bad as it might appear at 
first. Because transmitting tubes are normally operated with much 
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higher voltages than receiving tubes and, further, because the grid 
usually swings quite positive over a portion of the cycle to cause the 
current to flow for a half-cycle or less, the electron velocity is much 
higher and therefore the spacings may be greater than in the case of 
receiving tubes. The fact that current flows for only part of a cycle 
causes the average grid conductance over the cycle to be lower. 

Oscillators have one important advantage over power amplifiers. 
Lead-inductance effects are not serious because the feed-back from 
cathode to grid may be more than compensatf'd by feed-back from 
plate to grid. They also have a disadvantage in that the phase angle 
of the transconductance iR of importance in the simple feed-back cir­
cuits which are most eonvcnient to use. The net result is that properly 
designed power amplifiers .may be expected ultimately to equal or to 
exceed the performance of oscillators with respect to obtainable power 
output at a given frequency. 

The limitation in power output at a given frequency of either 
oscillators or power amplifiers is set by the limitation in· cathodl'-emis­
sion dPnsity and in anode and grid-dissipating ability which are prop­
erties of the materials used or of the methods of cooling. If unlimited 
emission could be obtained in a small space and the resultant unlimited­
power dissipation accommodated, the problem would become simply 
one of handling the output power in the plate lead. 

The limitation in frequency for a given power output is set by 
the transit times which re!mlt from the opnating voltages, anode area, 
ani spacings determined by th<' permii;siule anode dissipation per unit 
area and interelectrode capacitance. 

The limitation in highest operating frequency without regard for 
powei- output is sf't by how small and how closely spaced it is con­
sidered feasible to make tubes, exactly the same limitation as for 
receiving tubes. 

Improvements in both power output and maximum frequency may 
be expected from further refinements of design and construction. 
Greater improvements may be expected to result if new anode, grid, 
and cathode materials are found which will withstand greater dissi­
pation density and afford greater emission density. As it is not to be 
expected that very great improvements may be attained in this direc­
tion, it appears that other means of generation must be found if power 
outputs as great as will be demanded are to be obtainecl. 

The substantial progress which has been made in ultra•high­
frequency vacuum-tube performance in the past few years is very 
encouraging. It will be interesting to watch the developments in the 
next few years. The requirements are definite and the demands press-
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ing; the limitations are great and well recognized. Engineering and 
scientific ingenuity seem to be most active under such circumstances. 
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Summary-A new line of miniature battery tubes, including a converter, 
a radio frequency amplifier, a diode-pentode and a power output pentodc 
has been made available. These new tubes are designed to operate efficiently 
on a 45-volt "B" supply with the filament operating directly from a single 
dry cell. The tubes are about two inches long and less than three quarters 
of an inch in diameter. 

A feature of this new line of tubes is a decrease in size without an in­
crease in cost. This is accomplished by using a simplified envelope design 
which in the majority of cases permits standard size elecfrodes to be as­
sembled using conventional man1ifacturing procedure. A new button stem in 
which the external leads serve as base connections contributes materially 
to the reduction in tube dimensions. 

The small size and efficient overating chameteristics of the new minia­
ture tubes make them especially applicable to comvaet communication equip­
ment as well as portable b1·oadcast receivers. Also they may find avplicatiO'lt 
in special fields such as hearfog aids, meteo1·ological service, 01· other 1;laces 
where size and weight a1·e a considerat;on. 

T HE trend in radio receiver design, during the past two years has 
Leen toward small, low-priced models. This, together with the 
increasing popularity of portable, self-contained, battery receiv­

ers, has created a demand for smaller and less expensive radio tubes. 
The ne,v miniature tubes, with their simplified construction and great 
rec.uction in size, provide a logical answer to this demand. 

Although several types of small tubes are now available, these, in 
general, use very small parts with close electrode spacing requiring 
slow, careful, assembly by highly skilled operators and special fabricat­
ing processes. Such tubes have application wherever the requirement 
for special characteristics warrant their :ncreased cost. However, the 
inherently higher cost of producing tubes of this character is sufficient 
to prohibit their general use in popular-priced broadcast receivers. 
Consequently, the problem of obtaining a small, low-cost tube depends 
for its solution upon the selection of a satisfactory design of simplified 
construction which will not only offer the desired reduction in size, but 
also lend itself to usual manufacturing operations. 

In the design of this new line of tubes every effort has been directed 
toward producing the smallest glass tubes which can feasibly be manu­
factured by present high-speed methods of fabrication. The variations 
required in manufacturing technique have, therefore, been carefully 
restricted to procedures which have been proven by prior experience. 

• Decimal Classification: R831. 
t Reprinted from RCA Review, April, 1940. 
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In so far as possible, all parts and materials which serve no functional 
purpose in the completed tube have been eliminated. 

The new miniature line consists of four tubes, the RCA-1R5, con­
verter; RCA-1 T4, radio-frequency pentode; RCA-1S5, diode-pentode; 
and RCA-1S4. power-outpnt pentode; and provides a complete compl('­
ment for receiver design. All of the tubes operate efficiently from a 
small, 45-volt "B" battery and thell' filaments are designed for opera­
tion at 50 milliamperes (except the RC A-1S4 which requires 100 milli­
ampere&) supplied directly from a i:.ingle dry-cell. 

The reduct10n in tube dimeni:.ion& accomplished by the new design is 
illustrated by thP photop-raph, F1g-m e 1, in which a miniature tube is 

Fig. 1-Ncw Mmiatme Tube compa1ed with smalle,,t present 
eqmvalent types. 

compared with a G-type and a GT-type having similar characteristics. 
It is interesting to note that the miniature tube is about two inches 
long and less than 'l-1 inch in diameter and only displaces about 20 per 
cent of the receiver space required by the GT-type equivalent. This 
large reduction in volume ~hould recommend these new tubes for those 
applications where compactness is essential. They should be especially 
desirable in the design of portable broadcast receivers, pocket receivers 
and police equipment. They may prove useful in meteorological work, 
hearing-aid and other special applications where size, \}'eight and cost 
must be considered. 

The manner in which the reduction in size has been effected 
together with the various special features of design and manufacturing 
technique employed in the production of the new miniature tubes are 
discussed in the ensuing paragraphs. 
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STEM DESIGN 

In Figure 2 (top) the var10us parts and an assembled unit of a 
conventional-type stem are shown. In this stem, the electrode leads are 
located in a single plane through the center of the preformed flare and 
the vacuum seal is made by pinch-pressing the molten glass onto the 
short sections of special seal wire. The particular stem shown in Figure 
2 (top) is representative of one of the shortest stems in general use. 
In this case the length of the glass flare from the sealing line to the 
top of the press is approximately 14 millimeters (0.55 inch). To 

Fig. 2-(Top)-Parts and an assembled unit of a conventional stem. 
(Bottom)-Miniature button stem and component parts. 

this value must be added sufficient length to provide for trimming and 
forming the leads and making the welds of the leads to the tube elec­
trodes. This additional length of approximately 10 millimeters (0.39 
inch) makes the total distance from the point of sealing to the lower 
edge of the mount approximately 24 millimeters (0.94 inch). It will 
be evident that this long length is non-essential to the electrical char­
acteristics, but results from the mechanical limitations of this type of 
stem design, The stem length has been greatly reduced in the design 
of the miniature button stem by making the sealing position to the en­
closure coincident with the vacuum seal line as shown in Figure 2 
(bottom). The distance from the sealing line to the lower edge of the 
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mount has by this construction been reduced by 65 per cent and resulb 
in shortening the overall length of the finished tube by 14 to 15 milli­
meters (.55 to .59 inch). 

The use of the "button-type" stem also contributes to a reduction in 
tube diametei·. The ronventional-type stem shown in Figure 2 (top) 
requires a flange diameter which exceeds the width of the stem press. 
In the GT-type tube of Figure 3, the flange diameter is approximately 
1 inch and a bulb diameter of 11 8 inrhes is, therpfore, required for suc­
cessful assembly. In comparison, the miniature type has seven leads 
located on a :i~ inch circle in a glass button only 6 110 inch in diameter. 
This stem can be !'ealed into a bulb having an outside dimension of 
approximately 11116 inch. 

Although the diameter of the tube is reduced, the lead spacing has 

Fig. 3-Cut-away view of G-Type (left), GT-Type (center), and 
Miniature Type (l'lght). 

been improved by use of the button-type stem. For example: seven 
leads sealed into a conventional-type stem cannot have an average 
spacing much in excess of 0.110 inch between leads. In the miniature­
tube design seven leads are spaced 45 ° apart on a circle 0.375 inch in 
diameter. Thus, the leads are spaced 0.147 inch apart, an increase of 
33 per cent more than can be obtained by use of the larger conventional­
type stem. From this explanation, it is evident that in those instances 
where three or more leads are required, a much smaller diameter stem 
of the button type can be designed to have a greater lead spacing than 
would be possible with the conventional flat-press stem. 'l'he wid~r 
spacing reduces the possibility of electrical leakage and minimizes 
capacitance coupling between leads. 

It is evident that in addition to the reduction in size realized through 
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the use of the miniature button stem that a considerable saving in 
materials has also been achieved by departing from the conventional 
pinch-press stem. For E>xarnple: only about 1/5 of the amount of glass 
used b~, the small conv<'ntional type stemA is required for the minia­
ture stem. The glass does not need to be prE:formed, but is cut directly 
from tubing of the correct diameters to the short lengths required. 
All leads used in the miniature stern are identical regardless of tube 
type. Only three types of parts are required to produce the miniature 
sterns as compared to six types of parts for the conventional stem. 
This standardization of parts is a dE>cided advantage m manufacture. 

Since the miniature stem was designed for fabrieation on the same 

Fig. 4-(Left Half)-Convent10nal type tube before and after seahng, 
with discarded collet. 

(Right Half)-Mmiature-type tube before and after sealing, with no collet. 

equipment and under the same technique employed for the production 
of metal-tube button stems, only slight modifications of existing equip­
ment were required. 

BULB 

The miniature bulb (shown as part of Figure 4) is molded from 
glass tubing and has no collet. This method of fabrication is economi­
cal in that no glass is wasted and close tolerances in the bulb and the 
stem combine to make sealing a relatively simple operation. 

The miniature stem has no tubulation and it is, therefore, necessary 
to provide an exhaust tubing in the bulb. This is done by reviving the 
bulb seal-off which was used by the incandescent lamp and radio tube 
industries for many years. 
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MOUNT 

In the past, the designers of small tubes have concentrated upon 
obtaining a reduction in monnt size by close electrode spacings and 
very small parts, the primary reason being to reduce inter-electrode 
capacity and.lead inductance in order to improve high frequency opera­
tion. Tubes of this design are difficult and slow to assemble in the fac­
tory and must necessarily be expensive to produce. Examination of 

Fig. 5-Photographs showing how unde1 cutting lead.:; of miniature stems 
protects the glass seal under exticme cond1t1ons of bending. 

the three tubes shown in Figure 3 will disclose that the mounts in all 
three types are identical for mount parts and electrode spacings except, 
in the case of the miniature, that the anode has been changed to a 
simple cylindrical sleeve so as to permit insertion into the bulb. In the 
miniature tube, the getter has been mounted above the top mica to 
eliminate any possibility of leakage across the stem due to getter. 
Maintenance of mount dimensions identical to those used on other types 
of receiving tubes, provides standardization of parts and materials and 
facilitates factory operations by permitting assembly on common fix­
tures and at usual mounting speeds. 



MINIATURE BATTERY TUBES 881 

BASELESS CONSTRUCTION 

From a comparison of the tubes shown in Figure 3, it will be ap­
parent that the reduction in size of the miniature tubes has been ob­
tained almost entirely from the stem and enclosure, either by redesign 
or elimination of parts. Some of these changes may be considered as 
elimination of safeguards previously considC'red essential to tube con­
struction. Fo1· instance, the tubulated bulb used in early incandescent 
lamp and radio tube practice has been incorporated in the miniature 
design. The bakelite base with is rigid pins for socket contacts sep­
arated by intermediate flexible connectors from the vacuum seal has 
been replaced by short pins sealed directly into the glass of the stem. 
Although laboratory tests have indicated that the glass seal is suffici­
ently strong to withstand the normal pressures which will be exerted 
on the base pins in various applications, it has been deemed advisable 
until experience can be obtained from the field to incorporate an addi­
tional safety factor of undercut pins as illustrated in Figure 5. This 
device consists of reducing the diameter of a short lcngh of the pin 
at some point below the glass so that in case the lead is accidentally 
deflected from its normal position the bending will be localized in the 
weakened part of the pin and the vacuum seal will not be affected. If 
a solid lead is bent, the fulcrum point of the bend is located at the edge 
of the glass seal as is shown in Figure 5 (top). This causes chipping 
of the glass and may result in a ruptured seal. An undercut pin which 
is similarly bent (Figure 5 bottom) has absorbed the distortion entirely 
in the weakened section and has not disturbed the vacuum seal. The 
advantage of this artifice is that the strength of the contact pin can 
be reduced to well within the safe limits permitted by the strength 
of the glass seal. The amount of this lead under-cutting can be varied 
or eliminated entirely without altering the contact diameter of the 
pins. 

This development provirles a new line of small tubes having very 
efficient opernting characteristics at low battery voltages. These tubes 
are designed especially for use in compact, lightweight, portable equip­
ment. 

The co-operative efforts of the many engineers involved in this 
development are recognized and appreciated, although it is impractical 
to acknowledge the contributions individually. 
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RECENT TRENDS IN RECEIVING TUBE DESIGN*t 

BY 

J. C. WARNER, E. w. RITTER AND D. F. SCHMIT 

Re,e,11d1 and D~,elopment L,ihorntu1y, 
RCA lladiot10n Comµauv, 

llairison, N. J. 

Summary 

This paper gives a brief summary of the important steps in receiving 
tube design ove1' the past ten years. The significance of new forms of grids 
and in particular the suppressor grid are discussed. Characteristics of 
new radio-frequency tubes containi?ig suppressor grids are shown. Improve­
ments in cathode and grid designs are illustrated by the characteristics of 
a new triode as well as two f1•iplc-grid tubes. A new tube for class B audio 
amplification is described together with a me1'c11ry vapor rectifier for sup­
plying power to the class B amplifi.,er. 

(16 pages; 17 fi.,gures) 

-~ Decimal classification: R330. 
·r Proc. I.R.E., August 1932. 

VACUUM TUBES OF SMALL DIMENSIONS FOR USE 
AT EXTREMELY HIGH FREQUENCIES*t 

BY 

B. J. THOMPSON AND G. M. ROSE, JR. 

RCA Rn<llotron Company, Inc .. 
Harrison, N. J, 

Summary 

This paper describes the consfl urtion a11d operation nf vuy small 
triodes and screen-grid tubes intended for reception at wavelengths down 
to 60 centimeters with conventional circuits. 

The tubes rep1·esent nearly a tenfold reduction in dimensions as com­
pnred with conventional receiving tubes, but compare favorably with them 
in transconductance and amplification factor. The interelectrode capaci­
tances are only a fraction of those obtained in the larger tubes. 

The triodes have been operated in a conventional feed-back oscillator 
circuit at a wavelength of 90 centimeters with a plate voltage of 115 volts 
and a plate current of 9 milliamperes. 

Receivers have been constructed using the screen-grid tubes which 
afford tuned radio-frequency amplification at 100 centimeters and 75 cen­
timeters, a gain of approximately four per stage being obtained at the 
longer wavelength. 

(15 pages; 15 figures) 

• Decimal Classification: R331. 
t Proc. I. R. E., December, 1933. 



SUMMARIES -RECEIVING 

A NEW CONVERTER TUBE FOR ALL-WAVE 
RECEIVERS*t 

BY 

E. W. HEROLD, W. A. HARRIS AND T. J. HENRY 

RCA Radiotron Division, RCA Manufacturing Company, Inc .. 
!la,rison, N .. J. 

Summary 

383 

The ne<'cl for a ,more efficient converter tube for use in al/-wa vc receivers 
i:1 pointed out. A 1ww tube, the 6KB, which gives considerable better 
performance than previously used tubes, is described. 1'hc tube f11nction11 
both as an oscillator and mixer. Constructional details as well as perform­
ance characteristics are given. Some modification is required in conventional 
circuits vn order to obtain optimum performance of the 6KB. 

(11 pages; 5 figures) 

* Decimal Classification: R335 X R331. 
t RCA Review, July 1938. 



THE SECONDARY EMISSION MULTIPLIER­
A NEW ELECTRONIC DEVICE*t 

BY 

V. K. ZWORYKIN, G. A. MORTON, AND L. MALTER 

RCA Manufacturing Company, 
Camden, N. J. 

Summary-This paper describes the construction, theory, and performance 
of various types of fixed field secondary emi11sion multipliers. Detailed consideration 
i11 given of multiplier phototubes employing crossed elertrostatic and magnetic fields 
and of electron multipliers using electrostatic focusing alone, to serve as coupling and 
amplifying units for cathode-ray tubes such as the "I conoscope. n. 

It is shown that while the power required for the operation of the secondary 
emission multiplier is about the same as that for the conventional amplifier, it is 
superior to the latter from the standpoint of noise. In the case of the multiplier 
phototube the signal-to-noise ratio is essentially determined by the shot noise of the 
photoemission, and is therefore sixty to one hundred times greater than that for a 
thermionic amplifier and phototube under conditions of low light intensity. 

Multiplier phctotubes have been built with an amplification factor of several 
millions and serve to replace the conventional phototube and accompanying amplifier 
system. 

Their low "noisen level, together with their excellent frequency response and ex­
treme simplicity, make these electron multipliers a very satisfactory J orm of amplifier. 

INTRODUCTION 

FOR MORE than thirty years it has been known that when cer­
tain surfaces are bombarded with cathode rays they emit elec­
trons. This effect, known as secondary emission, has, from an 

early date, been extensively studied by a large number of workers such 
as Lenard, Hull, Von Bayer, etc. 

The study of this phenomenon revealed that the number of elec­
trons emitted is proportional to the bombarding current, the factor of 
proportionality ranging from a mere fraction to ten times as many 
secondary as primary electrons. The value of this ratio depends upon 
the surface used and on the velocity of the bombarding electrons. 
Although these facts have been known for a long time, the effect was 
not put to any useful work, except in the case of the dynatron in­
vented by A. W. Hull. In fact, secondary emission had chiefly been 
looked upon as a serious obstacle in the design of thermionic vacuum 

* Decimal classification: Rl585.88, 
t Reprinted from Proo. I.R.E., March, 1936. 
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tubes, and much research was carried on with an aim towards sup­
pressing and reducing it. 

During the past fifteen years it became recognized that secondary 
emission could be used as a means of amplifying a small initial electron 
current and a number of workers began investigating this field. Patents 
on methods of carrying out this idea were filed as early as 1919 by 
Slepian1 and later by such workers as Jarvis and Blair/ Iams,3 Farns­
worth and others. 

The general method involved is to allow the initial electron stream 
to impinge upon a target which has been sensitized for secondary 
emission. The secondary electrons from this target are directed on to 
a second target, producing still further electrons, the multiplication 
being repeated as many times as is desired. Reference to Fig. 1 will 
make this process clear. In this figure, electrodes A, B, C, etc., repre­
sent a number of plane targets having a high secondary emission ratio. 
These electrodes are connected to successively higher positive poten­
tials. The stream of electrons to be multiplied is directed against A. 
This target gives rise to secondaries which go to target B, in turn 
giving rise to secondary electrons which are directed against C. After 
this process has been repeated a sufficient number of times to give the 
desired over-all multiplication, the electrons from the final target are 
collected on collector 0. If R be the number of secondary electrons per 
primary for each stage and n the total number of stages, then the 
initial current Io will be multiplied up to an output current 

I = loR". (1) 

Clearly, the over-all gain will be R" times. It will be seen that the 
over-all gain becomes very large indeed as the number of stages is in­
creastid if the secondary emission ratio of the targets is large (e.g., 
between five and nine). 

A second class of multipliers has been described by P. T. Farns­
worth,• in which the electrons are made to go back and forth between 
a single pair of targets receiving their energy from a high-frequency 
electric field. Of these two classes of multipliers, only the type using 
successive targets, wherein the number of impacts can be rigorously 
controlled and the stability, consequently, is very great, will be dis­
cussed in this paper. 

1 Slepian, Patent No. 1,450,265, April 3, 1923 (1919). 
1 Jarvis and Blair, Patent No. 1,903,569, April 11, 1933 (1926). 
• Iams and Salzberg, "The seconda.ry emission phototube," P.aoc. I.R.E., 

vol. ?3p !r: ?;!~w1o~b~7,tJ~::~n by electron image scanning." J our. Frank. 
!mt., vol. 218, pp. 411-444; October, (1934); also see Electronica, vol. 7, pp. 242-
243; August, (1934). 
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I 

The problem of making a multiplier which gives high gain is not, 
however, so simple as it might seem at first sight. A simplified multi­
plier constructed in accordance with the diagram (Fig. I) would be al­
most completely inoperative, ior the reason that practically all the elec­
trons leaving any target would not go to the following one, but would 
merely go down the length of the tube and be collected at the final col­
lector with almost no multiplication. In order to construct a successful 
multiplier, not only must the targets have a high secondary emission 
ratio, but also means must be provided to focus the electrons on to each 
target, and to draw away secondary electrons from one target prepara­
tory to focusing them on to the next succeeding target. 

J~CONOllltY ~Ll:CrltON 
l!MtTrallS 

/"ECDNDRRY ELECTROIY 

Fig. 1-Simplified secondary emission multiplier. 

Before methods of electron focusing employed in specific multi­
pliers are considered, there are certain general aspects of fixed field 
multipliers that should be discussed. 

I. GENERAL CONSIDERATIONS 

1. Secondary Emission 

Since the successful operation of these multipliers depends upon a 
high secondary emission from the targets, it is of prime importance 
to discover the most suitable surfaces to use. In our search for good 
emitters, very little aid can be obtained from the theoretical physicist. 

The most complete treatment of the theoretical aspect of secondary 
emission in the light of quantum mechanics was done by H. Frohlich6 

in 1932. In this discussion he calculates the probability of the transfer 
of energy between an incoming primary electron and a conduction elec­
tron moving in the periodic potential field of the metal, where the 
exchange is such as to give the conduction electron sufficient momen­
tum to escape from the metal. On this basis, he concludes that metals 
with a crystal structure having a large lattice spacing and with a low 
work function should be the best secondary emitters. However, this 
treatment applies only to simple metal surfaces. 

'H. Frohlich, Ann. der Phys., Band 13, no. 2, pp. 229-248, (1932). 
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Experimentally, it has been found that the emission ratio from 
simple metal surfaces is invariably below that obtained from com­
posite surfaces just as is the case with photoc>lectric emission. Since the 
theoretical knowledge of spcondary emission does not extend to these 
composite surfaces, it is necessary to go ahead more or lcs& c-mpiricaily 
on the basis that, other things berng equal, a surface of low work 
function is the most likdy to be a good emitter. A large number of low 
work function surfaces were, thC'fefore, studied having as a base metal, 
Ag, Be, Ta, Ni, AI, Zr, Ca, W, Cr, etc., and Na, K, Rb, and Cs as a 
surface layer. Of these, the most satisfactory to date have been oxidized 
Ag, Be, or Zr with a surface layer of cesium. These surfaces have a 
maximum secondary emission ratio of from eight to ten, occurring at 
a bombarding velocity of from 400 to 600 volts. 

A curve> showing the ,.,pcondary c>mission ratio of Cs-CsO-Ag surface 
for various bombarding voltages is illustratc>d iu Fig. 2. This is typical 
of the type of ,,urfaccs frequt>ntly used in the multipliers to be de­
scribed later. 

The method of preparation of this surface is very similar to that 
used in the prc>parnt10n of the photoe>kctric cathode for a high vacuum 
cesium photocell. A mattc> &ilver sheet is oxidized to the second yellow 
by passing an electrical discharge throup,h oxygen at low prc>ssure. 
Then, after removing the oxygc>n from the vacuum system, cesium is 
admitted. The amount of cesium required is slightly less than that 
necessary to give maximum photosensitivity. The surface is then 
baked at 200 degrees centigrade for a few minutes to promote the 
reaction between the cesium and the silver oxide. This surface, when 
cooled, should be an excellent emitter. 

2. J.f ultiplier Effidency 

There are two ways of considering the efficiency of a multiplier. 
The first is the efficiency of secondary emission as a source of electrons, 
in terms of amperes per watt power supplied, while the second con­
siders gain obtainable for a given over-all voltage as a function of the 
number of stag('s and voltage per stage. The second of these two con­
siderations is more important from a practical standpoint, but both 
are worthy of some discussion. 

Considering, first, the power efficiency, we have a target bom­
barded with a primary current Io at Vo volts velocity. The power 
supplied by the primary beam is V0l 0 and, if the secondary emission 
ratio is R, the current I emitted is l 0R. Therefore, the current per 
watt is 

I R Io R -=- -=-· 
W Vo lo Vo 

(2) 
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Hence the most efficient point of operation is that at which the second­
ary emission curve shows the greatest gain per volt. 

From Fig. 2 the curve of the gain per volt plotted against bombard­
ing voltage, as shown in Fig. 3, can readily be calculated. This curve 
shows that at its maximum around thirty volts the emission is sixty 
milliamperes .per wa1 t, dropping to forty-five milliamperes per watt 
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at 100 volts, and seventeen milliamperes per watt at 500 volts. For 
comparison, it might be mentioned that a good thoriated tungsten 
thermionic cathode will deliver from fifty to seventy-five milliamperes 
per watt, while a very good oxide-coated cathode may run as high as 
one hundred milliamperes per watt. Thus, while secondary emission 
is not the most efficient way of obtaining an electron current, it com­
pares rather favorably with other methods. 
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It is, of course, desirable to operate a multiplier under conditions 
such that maximum gain is had for a given over-all voltage. This con­
dition ma.y be determined as follows: Let R be the gain per stage, Vo 
the voltage per stage, n the number of stages, and V ==n Vo the over-all 
voltage. The total gain is 

G == R". 

We can find the condition of maximum gain as nor V0 is changed; i.e., 

dG = R<Vtvo>-1 (...!'.:: dR - _!::_ R log, R) = 0. (3a) 
dVo Vo dVa Va2 

In other words, the maximum occurs when 

dR R 
- = -Iog.R. 
dVo Vo 

(3b) 

It is interesting to compare this with the slope of the emission curve 
when the power consumption is a minimum as obtained from (2) 

. dR R 
-=-· 
dVo Va 

(4) 

For cesiated silver, these two points are fairly close together, so that 
a multiplier built to give close to the maximum gain also is fairly 
efficient from the standpoint of power consumption. 

The question of maximum over-all gain will be made clearer by 
reference to Fig. 4. This family of curves shows the gain that can be 
obtained from multipliers with various numbers of stages plotted 
against voltage. These curves show that the most efficient multiplier 
is one operated with from forty to fifty volts per stage. Run in this 
way, very high gains may be obtained. For example, a ten-stage multi­
plier at 500 volts will have a gain of 30,000, while a fifteen-stage multi­
plier at 800 volts will multiply the initial current ten million times. 
It should be noted that the curves in Fig. 4 and the over-all voltages 
given do not include the voltage between the collector and the last 
target, as this will depend upon the use to which the tube is to be 
applied. 

3. "Noise" in Multiplier Output 

Regarding the question of "noise" in these multipliers, the first 
consideration will be that of the statistical fl.uctuation of the useful 
electron current through the tube. Assume that we have a source of 
electrons, for example a photoelectric cathode, and that the electrons 
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from it impinge upon a secondary emitting target. The noise from the 
secondary electrons emitted will consist of two parts: first, the multi­
plied shot noise in the initial beam, and second, the fluctuation noise 
of the secondary emission from the target. For every target in the 
multiplier we shall have these two effects occurring simultaneously. 

As yet, vm::y little work has been done on the question of statistical 
fluctuation in secondary emission, either from a theoretical or an ex­
perimental standpoint, and there is some disagreement among the few 
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experimental results available. However, these results indicate that 
the general magnitude of the effect is the same as the temperature 
limited shot noise from a thermionic cathode delivering a current equal 
to the secondary emission current.• 

Let us, then, inake the two following assumptions: 

1. Shot noise from an emitter is multiplied by the subsequent 
stages in the same way in which an ordinary signal is multiplied. 

2. Secondary emission from a target is subject to shot effect such 
that 

i,.2 - KI 
• A. W. Hull and N. H. Willlams1.Phy1; Re11., vol. 25, p.147 (1925); Penning 

and Kruithof, Phyaica., vol. 2, P-P· ·193-804; August, (1935); L. J. Hayner, 
Phg1ia., vol. 6, pp. 323-333; Octo6er, (1935). 
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where, 
I is the output current, 
K=2cF, 
e = the chariz;e on an electron, 

F = frequency band over which noise is mc>asurcd. 

391 

On the basis of these two assumptions, th<' total noise output from a 
phototube multiplier having an over-all gain G and n stages of uniform 
gain per stage, would be 

G<n+l)/n - 1 
in2 = -----2eFI = K'I. (5) 

GI!n - 1 

The table given below indicates the agreement between the meas­
ured noise output of several types of multipliers, and the values cal­
culated from (5). 

==='--=-=-==­
No of 
Stages Gam 

T>\BLE I 

K'/K 
Olisen~d 

K'/K 
C'alculated - ----- -------

3 
3 
3 
2 
l 

60 
28 

6 R 
2'l 5 
6 0 

77 
40 
12 1 
36 2 

7 2 

so 
41 
12 3 
36 0 

7 0 

This agreement is sufficiently close to indicate that (5) based on 
the two assumptions made above is accurate to the extent necessary 
for any practical noise calculation. 

Rewriting (5) in terms of R and nPglecting 1 in the numerator in 
comparison with G we have 

Rn+i 
i,.2 = --2eFI 

R-1 

or in t'erms of the original photoelectric current 
R2n+1 

i,.2 = -- 2eFio. 
R-1 

(5a) 

Let us compare the noise output with the signal output, where the 
light producing the original photocurrent is modulated so as to produce 
a signal i, = kl, k being the modulation factor. Under tlwse conditions, 
the signal-to-noise ratio SM is given by 

( 

R2n 
k2 I R 2n-+ 1 ) cathode 

--2eF 
R - 1 

k2 R - 1 
= 2eF R Ioathode• (6) 
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The signal-to-noise ratio S for the original photocurrent is obviously 
given by 

i.2 k2 
S2 =-=-I. 

i,.2 2eF 

The signal-to-noise ratio froll.l the multiplier, therefore, only differs 
from the fundamental limit imposed by the photoelectric emission, by 
the factor 

(7) 

It should be pointed out here that if, instead 0£ assuming that'the shot 
noise due to secondary emission was the same as that from a saturated 
thermionic emission, we had assumed 

i,. 2 = p2eFI 

where p is some factor which has a value near unity, (7) becomes 

R - 1 

R - (l - p) 
(7a) 

From these equations it is evident that if R is large, the signal-to-noise 
ratio obtainable from these multipliers is practically that determined by 
the shot effect in the original photoelectric current. 

Let us consider the improvement obtainable over the conventional 
amplifier by the use of a phototube multiplier. In the case of the 
thermionic amplifier, the noise limit is determined by the thermal 
noise in the first coupling impedance. The noise voltage input to the 
first tube is 

e,.2 = 1.6 X 10-2° Fr 

r = input resistance 

while the signal will be 

e,2 = k2r212 

and the signal-to-noise ratio 

SA = • je,2 = k • / r I. 
'V e,.2 V L6 X 10-2° F 

This is to be compared with the corresponding ratio for the multiplier 

SM=k'[R=T I. 'VRW 
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For example, let us calculate the value of photoelootric current in each 
case which will give a signal-to-noise ratio of five when k • l/2. Using 
the following condition (typical of those met with in television prac­
tice): 

P = 106 cycles 

r = 104 ohms 

R = 5 per stage 

we find the current mm,t be 

8 X 10-9 amperes 

when a conventional amplifier is used; whereas the current need only be 

4 X 10-11 amperes 

in the case of the multiplier photocell. Thus, it is seen that only 1/200 
of the light is required to produce this signal-to-noise ratio when a 
multiplier photocell is used. 

It is interesting to consider the case where the secondary emission 
ratio is not the same for every stage. If the gains per stage be Ri, R2, 
R,, R, · · · R,., the total gain will be the product of these factors, while 
the noise output will be 

i,.2 = 1 + R,.(1 + R,._1(1 + · · · (I + R1)))2eF Io 

and the signal-to-noise ratio is therefore 

SM= J 1 + 2-(1 + 2_ +-1-+ .. ·) }-1(2(!_)"2. 
l R1 R2 R2Ra 2eF 

(8) 

In this expression R1 is the most important factor determining the 
signal-to-noise ratio. A multiplier which is to combine high signal-to­
noise ratio with very efficient voltage operation should, therefore, be 
run with a high gain for the first one or two stages and the remaining 
stages set for greatest over-all gain per volt. 

Where a multiplier is to be used in connection with an electron 
source other than a photoelectric cathode, as for exa.mple a television 
transmitting tube or "iconoscope," the noise output will be 

G-1 
i,.1 == m2G2 + ---- 2peFI 

011 ... - 1 
(9) 

where m is the root-mean-square fluctuation on the cathode-ray beam 
to be multiplied. The second term is, of course, the noise generated in 
the multiplier and is in general much lower than the first term. 
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There are two other factors which limit the sensitivity of these 
multipliers. The first of these is thermionic emission from the secondary 
emission targets. Since all good secondary emitters have a low work 
function, they emit electrons in appreciable numbers even at room 
temperature. This difficulty may be overcome by running the tube at 
low temperatHre. However, this precaution need only be taken when 
the device is being used to detect an absolute minimum of current. 
Under any ordinary condition of operation, even where a gain of 
several millions is employed, the tube can be satisfactorily run at 
room temperature. 

The final factor to be considered is noise due to positive ions. The 
magnitude of this effect will depend upon the configuration of the 
tube, the degree of exhaust, and the temperature of the walls of the 
tube. The last two factors mentioned, while troublesome, can be over­
come if proper precautions are taken. Therefore, it may be said that 
the shot noise of electron emi$sion sets the fundamental limit to the 
sensitivity of the secondary emission multiplier. 

4. Frequency Response 

The frequency response of the secondary emission multiplier is 
flat over a very wide rn.nge of frequencies. As far as the lower limit of 
frequency response is concerned, the multiplier performs equally well 
at very low frequencies (including direct current) as at an intermediate 
frequency. A number of factors influence the high-frequency response. 
Basically, the limits are due to the spread of the time of flight of elec­
trons in the tube and to the time of secondary emission. This will set 
an upper limit at many hundreds of megacycles. In addition to this, 
the upper limit is deterrr,ined by the nature of the voltage supply for 
the targets and the output circuit. The latter factors are controllable 
and can be made as high as desired. Between the upper limit and a 
direct-current signal, the frequency response is essentially uniform. 

II. MAGNETIC SECONDARY EMISSION MULTIPLIER 

I. Theory of Operation 

The magnetic multiplier is based upon the use of a crossed magnetic 
and electrostatic field to separate and focus the-secondary electrons 
from one target to the next. This configuration of fields and electrodes 
was first suggested by Slepian in 1919, for use as a high current cathode. 

The general arrangement of a multiplier based on this principle is 
shown in Fig. 5. It consists of two rows of electrodes, the bottom row 
being secondary emitters, while the upper row serves solely to main­
tain a transverse electrostatic field between the two sets of elements. 
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Each target in the bottom row is made positive with respect to the 
preceding one so that it will produce secondary electrons when struck 
by electrons originating from the latter. A magnetic field is established 
in the tube at right angles to its axis and to the field between the two 
rows of plates. Electrons leaving any of the lower plates are bent by 

Fig. 5-Magnetic secondary emission multiplier. 

the combined fields in such a way that they strike the next target, 
giving rise to secondary electrons which are in turn deflected on to 
another target, and so on through the tube. 

This will be made clear by a consideration of the paths of the elec­
trons under the influence of crossed fields. Let us assume, as a first 
approximation, that the potential difference between successive tar-

y 

E 

z 

H/ 
/ 

/ 

Fig. 6 

, , 

gets is small compared with the potential between the targets and the 
top plates. Also, assume that the initial velocities are zero. The system 
as described can be represented by a rectangular co-ordinate system 
shown in Fig. 6, the targets lying along the axis of the tube, the electro­
static field E between the two rows of plates being in the y direction 
and the magnetic field H being in the negative z direction. The equa­
tions of motion of the electrons are therefore 
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mx = eHil 
my= eE - eHx 

mz = O. 

(10) 

A solution of these equations of motion leads to the following ex­
pression for the electron paths 

x = ..!_ m(eHt _ sin eHt) 
H 2 e m m 

y = ..!_ m(t - cos eH t) 
H 2 e m 

(11) 

z = 0. 

These are the equations of a cycloid. The paths of the electrons will, 
therefore, appear as shown in Fig. 6, leaving cathode A along path 1, 
then after striking target B ·cause electrons to leave along path 2 
following a cycloidal trajectory to target C. 

From these equations it can be seen that the distance between 
points of impact will be 

E m 
Xo = 21r- -

H 2 e 
while the maximum vertical displacement will be 

2E m 
Yo=--· 

H2 e 

(12) 

(13) 

Actually, the conditions we have used in making these calculations 
are not exactly those found to exist in the tube, for under the con­
ditions assumed the electrons would reach each target witq zero 
velocity. In the multiplier tube, the targets are made successively more 
positive, so that the electrons will strike them with sufficient velocity 
to produce secondary electrons. In order to maintain an equal field 
between each target and its top plate, it is necessary also to make the 
top plates successively positive with respect to each other. This intro­
duces a component of electric fields in the x direction. Furthermore, 
the fields in the x and y directions are not constant, but become, under 
operating conditions, very complicated indeed. It is not possible to 
determine analytically the electron paths in the fields actually known 
to exist in these multipliers; therefore, for the present, we must base 
our calculations on the approximations given above. 

So far, we have neglected the effect of initial velocities on the 
trajectories. If the initial velocities >.o, p.o, and vo in the ~, 'II, and , 
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directions are introduced as boundary conditions into the solution of 
(10), the equations of the paths become 

where, 

x = a.{3t + µo - {3 1 sin (at + 8) 
a 

>.o 
'If = {3 - - - {3' cos (at + 8) 

a 

z = 11ot 

e 
a =-II 

m 

I E E 
{3=--=--

a H lf2e/m 

• I 

{3' = ({3 _ :oy+ (:oY 
µo/a 

8 = tan-1---­
{3 - (Xo/a) 

Fig. 7 

E•AOO~ 

H•1zo GAUSS 

(14) 

(15) 

(16) 

• ISli"IGI.[ WMl(Mlt,llfllrol. 
P•IJl(TION 011'" MOT ON 
M,M[S 'ttlf1"1 ~IZCN,11~ 

These equations represent trochoidal paths, which degenerate into 
cycloids when the initial velocities become zero. Fig. 7 shows a family 
of these paths traced out by electrons having four volts initial velocity 
and emitted in various directions in the x, y plane. 

It will be seen that the defocusing even at its maximum is only a 
very small fraction of the distance between points of impact. A general 
expression for the fractional defocusing (i.e., the distance AX that an 
electron with a given initial velocity strikes the target from the point 
where an electron with zero initial velocity impinges divided by the 
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total path distance X 0 along the :r axis) can be dPrived from (10) and 
(14). This eqnnt.ion tak<'s the form 

1,~ = ~(~ - 0) 
Xo 1r a/3 

(17) 

and can be usrd to calculate the axial defocusing for any value of 
initial velocity. 

From (16) it can be Reen that there will be a transverse defocusing 
if the initial velocity in thr z dirPction iR not zero. This transverse 
spreading can bP calculated by substituting the time of flight between 
two stages into the equation 

Z = Pot. 

This leads to an equation for the displacement t.Z from the center of 
the targets as follows 

t:.Z JI 
- = ·-- -\,1~Vo,e/m 
Xo '2E 

(18) 

where Vo, is the initial velocity of the electron in the z direction ex­
pressed in units of potential. 

It should be noted that the transverse displacement is cumulative 
from stage to stage. However, due to the statistical nature of the effect, 
the spreading of all the electrons as they traverse the tube will be pro­
portional to the square root of the number of stages, rather than to 
the number of stages. 

It was shown that the ratio of maximum height that the electrons 
rise above the targets is 

Yma:,: 1 

Xo 1r 

in the case where the initial velocities are zerp. The existence of initial 
velocities increase the maximum height slightly. Using (10) and (15), 
it can be shown that the equation for the maximum becomes 

Y max /3 + /3' - (>-.o/a) 

Xo 21r 
--=------ (19) 

As yet, no accurate measurement has been made on the velocity dis­
tribution for secondary emission from cesiated surfaces; however, 
measurements have been made which show that 85 per cent of the 
electrons leaving a target have less than three volts initial velocity. 
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Using the value Vo=three electron volts to calctllate the defocus­
ing in an actual multiplier operated under the following conditions 

we find, 

E = 400 volts per centimeter 
H = 120 gauss 
Vo = 3 volts 

tl.X 
- = 0.02 
Xo 
tl.Z 
-= 0.3 
Xo 
Xo = 0.97 crntimctcr. 

.x. 

Fig. 8 

This means that electrons leaving from a point on the cathode spread 
into an elliptical spot on the first target. This in turn is spread into a 
larger ellipse on the second target, the size of the spot increasing as the 
electrons progress down the tube. This is illustrated schematically in 
Fig. 8. 

Eventually, the spot becomes so large that some of the electrons 
miss the target entirely, and there is a dropping off of the efficiency of 
the subsequent stages. The transverse spreading is such that there 
would be a serious loss after a comparatively few stages unless special 
precautions, that will be described later, are taken to prevent this type 
of defocusing. 

Finally, the relative height above the targets to which the electrons 
rise will be 

Ymu = 04 
Xo .. 
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Thus the top row of plates must be placed at a distance slightly 
greater than this above the targets, to avoid collecting any current. 
The actual spacing used is one half the distance between tariet centers. 

2. Design and .Construction of Magnetic Multiplier 

A schematic diagram of the actual application of the principles, 
described above, to a multiplier phototube is shown in Fig. 9. Photo­
electrons are _focused upon a target 2a. Secondary electrons from this 
electrode will be focused on target 3a giving rise to further electrons, 
and so on, for as many stages as are desired. 

The plates are mounted in the tube in such a way that the upper 
and lower plates are as close together as is possible in order to make 
E 11 large and thus increase the current that can be drawn away from 
a target before space-charge limitations occur. This minimum spacing, 
as was shown above, is half the distance between centers of successive 
targets. With this constructiol). it is found that the current that can 
be drawn from the tube is limited only by the power that can be dissi­
pated from the fihal stages in overcoming the heat generated by elec­
tron impacts. 

In order to limit the sidewise spreading, the electrodes are mounted 
on vertical strips of mica. Charges which accumulate on these vertical 
walls so alter the field as to introduce an additional lens action which 
limits sidewise spreading. With this arrangement, the limit to the 
number of stages which may be used is set by the axial defocuaing. 
However, this defocusing is so small as to permit the use of a great 
many stages. The upper limit to the number of stages has not been 
determined experimentally although multipliers employing as many 
as twelve stages without a decrease in gain per stage have been con­
structed. 

When multipliers are operated at high gains into high impedance 
loads, some difficulty is encountered from oscillation. This can be 
eliminated by surrounding the collector electrode with a shield grid 
as shown in Fig. 9. The grid serves as an electrostatic shield and 
prevents changes of collector potential from reacting upon earlier 
stages. It also results in the alteration of the output characteristic 
from that of a triode to that of a conventional screen-grid tetrode. 

For operation of the device, it is necessary that the upper electrodes 
be at a fixed positive potential with respect to the corresponding lower 
electrode, and. that the voltage steps between adjacent electrodes be 
equal. In order to decrease the number of leads required, it has been 
found advantageous to connect upper electrodes to lower targets 
farther down in the tube. Satisfactory result,a have been attained when 
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each upper electrode is connected to the next succeeding lower target. 
Since the first few targets draw almost no current, their potential 

can be supplied very satisfactorily from a voltage divider or bleeder. 
In order to decrease furthc-r the number of leads in a mult.iplirr employ­
ing many stages, it has been found practicabk• to incorporate the 
bleeder for the initial stugcs inside the tube. Resistors for this purpot-1c 
must be able to withstand the evacuating, baking, and activating 
processes involved in the tube construction. In the case of the tube 
shown in Fig. 9, the first five stages are supplied from an internal di­
vider. The remaining stages may be supplied from an external bleedPr. 
However, for the sake of economy in power requirrd for operation, it 
may be well to supply the output stage and the lust few targets from 

LIO..M1' 

,. 
~~~..£.._~..2!__~~ 10~ 

..... .......... ' 

Fig. 9 

a separate voltage supply, as the target currents may become quite 
high. In"Fig. 9, the output is supplied from a separate source, the other 
stages being supplied from resistance voltage dividers. 

It has been found possible to operate the device with alternating 
voltages on the electrodes. The operation will, of course, occut over 
only a. portion of each cycle. The frequency of the applied alternating 
current must exceed the highest frequency which the multiplier is to 
transmit. 

As a means of supplying the requisite magnetic field, permanent 
magnets have been found to be very satisfactory. These are superior 
to electromagnets from the standpoint of size and the fact that no 
external power is required. 

In Fig. 10 is shown the effect of varying the magnetic field, while 
Fig. 11 is a similar curve for the effect of the over-all voltage. Both 
of these curves exhibit secondary maxima as well as the major peak. 
The secondary maxima are caused by more complex electron paths 
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where one or more of the lower electrodes are missed by the electron 
stream . 

... --
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Fig. 10 

The primary maximum is sufficiently broad so that ordinary fluctua­
tions in line voltage do not result in appreciable variations in the 
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Fig. 11 

output from the multiplier. If the current to any one stage is plotted 
as a function of the voltage to that stage alone or as a function of 
over-all voltage, characteristic curves are obtained similar to those of 
Fig. 11. 
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A photograph of the internal structure of a twelve-stage multiplier 
in which the voltage divider ror the first five stages is incorporated in 
the tube, is shown in Fig. 12. 

Fig. 12 

III. ELEC'TROSTATIC MULTIPLIER 

Where the ttpplication of a serondary emission multiplier does not 
permit the use of a magnetic field, it is necessary to use a multiplier 
in which the electrons arc focused by electrostatic fields alone. 

The problems involved in designing the focusing system for such a 
multiplier are similar to many of those encountered in an electron 
microscope. It can be shown that in general a radially symmetric elec­
trostatic field will have the properties of a lens over portions of the 

~I I =-JT 
' I I / / D 
', \ I I ~ J_ !"------','~-,,, ____ _ 

I--u.----v----! 

Y.:!'..b 
ti'.. ;2 

Fig. 13 

field near the axis of symmetry. The radial distance from the axis over 
which this condition applies will depend upon the field configuration. 
The focusing system of the electrostatic multiplier is based on the field 
between two coaxial cylinders. Since it is desirable to have a minimum 
of separate voltages to operate the tube, one cylinder is made part of 
one target, while the other is connected to the next succeeding emitter. 
The configuration js made such that electrons from an area in the 
oenter of the first tarpt will eome to a f oeus at the center of the next 
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target and that the magnification of the electron image formed will be 
unity. 

This electron "optical" system will be made clearer by reference 
to Fig. 13. In this diagram the lens is formed between the cylinders A 
and B, A being at ground potential, while R is at the potential E. The 
electrons are emitted from the cathode in A with a very low velocity, 
are deflected by the "lens'' formed between the two cylinders, and are 
focused on to the screen or electrode in B striking it with a velocity of E 
electron volts. The magnification of this system will d<:'pend upon the 
object and image distance from the lens, but instead of m=v/u, we 
have, from the varying index of rl'fraction of the medium along the 
"optical" path (i.e., electron path), m = v/2n. 

Fig. 14-L type multiplier. 

The focal length is independent of the voltage between A, B, but 
is dependent on the diameter of the cylinders. It is found that in order 
to get good focus and unity magnification, the dimensions should be 

u + v = 2D 
with, 

2D 4D 
u = - and v = -· 

3 3 

The dimensions are only approximate, as the exact dimensions de­
pend also upon the separation between cylinders. There will be some 
defocusing and lack of sharpness resulting from the initial velocities of 
the electrons (i.e., "chromatic" aberration) and also from aberrations 
in the lens system. This is not serious when the arrangement is u.sed 
in a multiplier unless a very large number of stages is to be u~. 

The application of this optical system leads to the so-called L type 
multiplier whose construction is shown in Fig. 14. This multiplier is 
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quite satisfactory from the standpoint of focus. However, the :field at 
each target drawing away the secondary electrons is rather weak and 
the multiplier becomes space-charge limited at rather small current 
values. Further, the emitting spot on the initial cathode must be small 
if accurate focus is to be maintained. 

,,--, 

d_,, 
Fig. 15-T type multiplier. 

A second type of multiplier has been designed which does not de~ 
pend upon so sharp a focus and which has a higher collecting field at 
the targets. This is the T type multiplier which is shown in Fig. 15. 
This multiplier is puilt so that the cylindrical exits from the targets 
are as short as possible and yet long enough so that electrons entering 

Fig. 16 

through the stem of the T will not be deflected sufficiently by the field 
from the suooeeding electrode to miss the target. The targets are 
formed by sensitizing the whole inside of the cylindrical crossarm of 
the T. Even with this arrangement, where currents of the order of a 
mttJiampere are to be uaed, it is necessary to operate the multiplier at a 
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fairly high voltage per stage, that is, 200 to 400 volts, if space-charge 
effects are to be avoided. Figs. 16 and 17 show multiplier phototubes 
of the L and T type. 

IV. APPLICATIONS 

The most obvious application of these multipliers is as a photo­
electric amplifier. This use is very much simplified in view of the 
similarity between the photoelectric and secondary emissive surfaces. 
The most convenient type of multiplier to use for this purpose is the 
one combining electrostatic and magnetic fields. This is because of its 
excellent focusing characteristics and because of the high current out­
put obtainable. A tube of this type having a gain of" several millions 
or an output of ten or more amperes per lumen is but httle larger than 
an ordmary receivmg tube. A voltage of about 1500 volts is required 

Fig 17 

for operation, and since the current consumed is small, may be supplied 
from a small socket power umt. 

Since the tube serves to replace not only a phototube but also its 
accompanying amplifier, there is obviously a great gain in simplicity 
and a saving in bulk. In addition, these multipliers are very stable, are 
insensitive to external interference, and have an excellent frequency 
characteristic. An even more important factor is that the noise out­
put is determined by the shot noise of photoelectric effect and there­
fore allows an increase of sixty to one hundred times in signal-to-noise 
ratio under ordinary operating conditions for extremely low values of 
light. These facts combine to make this type of multiplier a very ex­
cellent means of converting a light signal into an electrical signal. In 
order to compare the size of this tube with that of a conventional re­
ceiving tube Fig. 18 is included comparing a ten-stage multiplier with 
an RCA 69. 

The applications of multiplier phototubes are extensive including 



SECONDARY EMISSION MULTIPLIER 407 

in particular pickup from sound film, facsimile, automatic door con­
trol, alarm systems, automatic sorting machines, etc. 

Although at present the most important application of the second­
ary emission multiplier is as a phototube it has a number of other 
applications which may become increasingly important. In general, 
these multipliers can be used m connection with any device where the 
signal to be amplified 1s generated m the form of an electron current. 
This use includes types of electron commutator tubes such as are used 
for high speed sw1tchmg, secret sound systems, and frequency multi-

Fig. 18 

pliers. One use in particular should be mentioned; that is, the applica­
tion of the multiplier to the "1conoscope." For this purpose, an electro­
static multiplier is found to be the most satisfactory in that it avoids 
the use of a magnetic field which interacts detrimentally with the low 
velocity electrons in the tube. A multiplier used in this way serves not 
only as a very efficient means of coupling the tube to the television 
terminal equipment, but also replaces part or all of the picture ampli-
fier. . 

As a voltage-controlled amplifier, the device does not lend itself so 
readily. This is because, in general, to couple the input of a voltage­
controlled amplifier to its external circuit, it is necessary to use some 
form of coupling impedance and this, as in the case of a conventional 
thermiOD.ic amplifier, will limit the signal-to-noise ratio obtainable. 
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If the conventional type of thermionic cathode and control grid are 
used in connC'ction with a multiplier, the problem of securing results 
superior to those obtainable with an ordinary vacuum tube presents 
considerable difficulties. There is the possibility of obtaining a higher 
per cent control per volt applied to the grid by deliberately throwing 
away a large fraction of the cathode current to gain this control, then 
using a multiplier to bring the average current back to a higher level. 
This is still in its initial expC'rimental stages, and it is too early yet 
to say what the outcome will be. It should be noted also that this type 
of tube offers excellent opportunities to be usrd as a multiple-duty tube 
by using the control obtainable at various targets operated on different 
parts of their emission or focusing characteristics. 

The secondary emission multiplier is too new an instrument to 
be able to foretell the full extent of its application; however, even 
now there is evidence that it may become a serious rival to the ther­
mionic amplifier in many of the fields which that device has occupied 
alone for so long, and may also open up new fields in the realm of 
the electronics of small currents. 
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ELECTRON OPTICS OF AN IMAGE TUBE*t 

BY 

G. A. MORTON AND E. G. RAMBERG 

RCA Manufacturing Company, Inc., 
Cnmdrn, N. ,I. 

Summarg-(1). Introduction: Description of fixed-focus and variable­
focus electrostatic image tube; scope of paper. (2). Focusing properties: 
Measurement of the variation of image distances and magnification with 
object distance and ratio of applied voltages for both types of tubes; calcula­
tion of potential distributions and electron paths; comparison of experi­
mental and theoretical results. (8). Aberrations: Classification of aberra­
tions; measurement of tangential and sagittal image surfaces for fixed-focus 
tube; calculation of axial (chromatic and spherical) aberrations; calculation 
of field aberrations; comparison between measurements and calculation; 
reduction of field aberrations by curving the cathode. 

1. INTRODUCTION 

IN a recent paper, Drs. Zworykin and Morton1 have described several 
electron optical systems for producing, on a fluorescent screen, 
slightly magnified or unmagnified images of extended objects, 

such as photosensitive surfaces on which light images are projected. 
The combination of such a photocathode, a suitable electron lens 
system and a fluorescent screen for observing the electron image, we 
shall call an "image tube." In the image tubes considered in the paper 
referred to above, the focusing of the electrons was accomplished by 
purely.electrostatic means. The simplest ("fixed-focus") type of tube 
(Fig. 1, a) consisted of two narrowly separated cylinders of equal 
diameter at cathode and screen potential, respectively, the juncture of 
the two being described as the "lens." By replacing the cathode cylinder 
by a system of rings at uniformly increasing or decreasing potential 
(Fig. 1, b), simulating a resistive cylinder between whose ends a volt­
age is applied, it was found possible to obtain exact focusing for a given 
object and image distance by varying the ratio of the voltages applied 
across the system of rings (V2) and that between the anode and 
cathode (V1 ). Finally, it was found that, in either case, giving the 
cathode a curvature such that its center of curvature falls into the lens 
(Fig. 1, c), greatly improves the quality of the image, especially in 
the peripheral portions. 

* Decimal Classification: R138.8. 
t lteprint.ed from Plt.71trioa, December, 1986. 

,lV. L ZW'Ol')'ld~ and G. A. Morton, J. Opt. Soc. Am., 26, 181 (1986). 
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In the present paper, a more detailed experimental and theoretical 
study of the focusing properties and image defects of the above image 
tubes will be presented. It is hoped that such a study may help to 
outline the scope of these image tubes by pointing out the natural limitR 
imposed by the focusing characteristics and aberrations, and suggest­
ing in what directions future improvement must be sought. 

I, 

C 

-·l•-v-
-------------------, 

U.-•I· -v-

1& --+-•I· --v--

Fig. 1-Schematic diagram of image tubes. 

2. FOCUSING PROPERTIES 

In order to measure the variation of image distance 11 with object 
distance u, both measured from the "lens," in the fixed-focus type of 
tube, the tube shown in Fig. 2 was constructed. The cathode and screen 
are movable and can be shifted by tilting the tube. Catches are pro­
vided which hold the cathode in place when the tube is tilted in one 
position, and the screen in place when it is rotated about its axis 
through 180°. This allows the two elements to be moved independently. 
The lens-to-image distance v, for which the center of the image ap­
peared sharp, as well as the corresponding magnification 111,, were 
measured for a set of cathode-to-lens distances u. 

Fig. 8 shows a correaponding modification of the focusing ring 
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Fig. 2-Experimental tube with movable cathode 
and screen. 

411 

type tube shown in Fig. 1, b. Here, the screen is made movable, and 
the cathode fixed at a distance of 1.8 lens radii from the lens, the image 
distance and magnification being measured for different values of 
V:i/V1, the ratio of the voltage applied between the cathode and outer­
most ring, and that applied between the cathode and anode. 

To obtain similar information by calculation, it is necessary first 
to find the variation of the refractive index n, of the medium, which is 
conveniently given by the square root of the potential, if we choose the 
latter to be zero at points where the velocity of the electrons vanishes 
(e.g., at the cathode if we neglect the initial velocities) .2 Then, with 
the aid of Fermat's law, 

Sf nds=O, (1) 

ds being an element of path of the ray considered, and the variation 
applying to paths with fixed endpoints, the paths actually taken by 
electrons emitted from the cathode and, hence, the position and mag­
nification of the image can be determined. 

The variation of potential within the tube is governed by Laplace's 
equation and conditions imposed at the boundaries, i.e., the potentials 
applied to the cylinders and the cathode. We shall, for convenience, 
imagine the anode cylinder to be extended to infinity. This introduces 
no appreciable error, as electrons which have ent:3red the anode cylinder, 
owing to their high velocities, are but slightly affected by any "end­
effects," including among these the presence of the fluorescent screen. 

Fig. 3-Variable focus tube with movable screen. 

1 See e.g., E. Brllche and 0. Scherzer, Geometrische EZektronenoptik 
(Sprintrer, 1934), p. S. 
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Cylindrical coordinates, with their origin at the center of the 
cathode, are most convenient. z will denote the distance from this 
point along the axis of symmetry, and r the separation of any point 
from this same axis. The radius of the focusing cylinders ("lens 
radius") will be taken as unit of length. The substitution 

x(r, z) = F(z) · G(r) (2) 

in Laplace's equation 

(3) 

reduces its solution to that of the two ordinary differential equations. 

(l/F) (d2F/dz2 ) =-- -- 1c2, 

(l/rG) (d/dr) (rdG/dr) = k 2, 

k2 being a separation parameter, with the general solutions 

G = cJ0 (ikr) + dN0 (ikr). 

(4a) 

(4b) 

(5a) 

(5b) 

The solution for the potential must have the form of a linear combina­
tion of products of such functions with the same value of k, which 
may be any value in the complex plane. The requirement that the 
potential remain finite as z - oo, eliminates terms with complex k. 
Furthermore, the condition that it be finite on the axis, eliminate.ti 
those containing the Neumann function N 0• Finally, the fact that the 
potential vanishes (in the case of the flat cathode) all over the cathode 
plane, limits the trigonometric functions to be considered to sines. 
The solution for the potential thus becomes 

cp(r, z) = 1.• bkJ0 (ikr) sin kzdk. (6) 

The coefficient b11 can be evaluated by substituting the values of 
cp(r, z) for r = 1 by the usual methods used for evaluating Fourier co­
efficients. For the fixed-focus tube, assuming the gap between the 
cathode and anode cylinders to be negligible, the potential along the 
axis becomea 
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cI>(z) =q,(O,z) =- V1 ------dk, 
2 !. 00 • cos ku sin kz 

71' o k J0 (ik) 

the first two derivatives being given correspondingly by 

2 !.°" cos kz 
cI>'(z) =- V1 cos ku dk, 

71' 0 J0 (ik) 

-2 !.°" sin kz 
4>"(z) =- V1k cos ku dk. 

71' 0 J0 (ik) 

Fig. 4-Axial potential for fixed-focus tube and its first 
four derivatives. 
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(7) 

(7') 

(7") 

Fig. 4 shows the axial potential distribution of the fixed-focus type of 
tube with u = 1.8, together with its first four derivatives. 

Similarly, for the focusing ring type tube, replacing the set of 
rings by a cylinder of uniiormly increasing or decreasing potential, the 
result for the potential along the axis is 

21.•( V11 sin ku cosku) sinkz 
4'(z) =- ---+ (V1 -V2)-- --dk. 

.- • u k1 · k Jo(ik) 
(8) 
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For any given object distance u, it is thus possible, by numerical 
or graphical quadrature of the above integrals, to find the potential 
along the axis for different values of z. Furthermore, the potential off 
the axis is given in terms of the axial potential and its derivatives by 
the relation8 

r2 r4 
cp(r,z) =<T>(z) --<T>"(z) +-4>IV(z) -· • •. (9) 

4 64 

Replacing, temporarily, the cylindrical ordinates r, (} by Cartesian 
coordinates x, y (r2 = x2 + y2), Fermat's law can be written 

8 f F (x, y, x', y', z) dz:-:: 8 f { q, (x, y, z) 

X [ x'2 + y'2 + 1 J} ~dz = 0, (10) 

where a prime denotes differentiation with respect to z. The corre­
sponding Euler equations for the electron paths, 

(d/dz) F.u-Fa- = 0, 

thus become 

x'y'y" 
x"====--- 1 ( x'2 ) -x' 1+---

2cp 1 + y'2 

( 
o [ ' + ' ] o ) (1 + x'2 + y'2 ) 2 x 1 oqi X _cr _x_x __ Y_Y +-cp +---------, 
or r oz 1 + y'2 r 2qi or 

x'y'x" 1 ( y 12 ) 
y"=-----y' 1 +---

1 + x' 2 2cp 1 + x'2 

(lla) 

(llb) 

(12a) 

X ( ocp [ x'x + y'y] + acp ) + ( 1 + x'2 + y'2 ) 2 :!_ _1_ ocp (l2b) 

or r oz 1 + :,12 r 2cp or 

When the rays considered are in meridian planes only, attention 
may be confined to the first of these equations, and x may be replaced 

8 Reference 2, p. 66, Eq. (16). 
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throughout by r, Y being set equal to zero. If, finally, the expression 
(9) is substituted for <p we may drop, for "paraxial rays," i.e., such 
that deviate infinitesimally from the axis of the system, all terms 
involving higher powers than the first of r and r' yielding: 

r" :.... -- ( <I>' /2<1>) r' - ( <1>'' / 4<1>) r. (13) 

If the radial distance from the center of the cathode to the starting 
point of an electron ray, r(O), and its initial slope, r'(O), are given, 
this equation, by a process of numerical integration, enables us to find 
the distance of the ray from the axis, r (z), for any value of z. 

To locate the image position, we shall consider the path of an 

electron leaving the center of the cathode with an infinitesimal initial 
radial velocity. The determination of the path is simplified by intro­
ducing, as dependent variable, 

b = l/2z -1/r (dr/dz). (14) 

which reduces Eq. (13) to a first-order equation. The term - (dr/dz) /r 
is the convergence of the ray at the point z, i.e., the reciprocal of the 
segment of the axis measured from the abscissa of the point considered 
to the intersection with the tangent to the ray; - 1/2.z, on the other 
hand, is the initial convergence of the ray, which describes a parabola 
of the form r 2 = pz (p = a constant) in the uniform field immediately 
in front of the cathode. The convergence variable, b, is thus chosen 
so as to vanish for z = 0, where the convergence itself becomes nega­
tively infinite. 

Substituting (14) in (13), the equation governing b becomes 

This equation, again, cannot be integrated analytically but must be 
evaluated numerically. The value of b is determined by a step-by-step 
process of integration, for some particular value of z, far enough to 
the right of the lens so that the ray path is essentially a straight line. 
From the convergence of the ray at this point the image position is 
located. 

To determine the magnification, as illustrated in Fig. 5, the point 
of intersection of the image plane, as determined above, and the path 
of an electron leaving the cathode, with zero initial velocity, at a 
radial distance ''O'' from the center of the cathode, is located. The 
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Fig. 5-Electron paths. 

radial distance "I" of this intersection, divided by the distance "O," 
gives the magnification. To calculate this path Eq. (13) must be used. 

A comparison of the results of the measurements and calculations 
for the fixed and variable focus type tubes is given by Figs. 6 to 9. 
The relatively large deviations for very small image distances, v, may 
be ascribed to the interference of the screen with the field distribution 
within the lens. The closeness with which the magnification is given 
by v/2u is striking for both types of tubes. 

3. ABERRATIONS 

The aberrations which detract from the quality of the electron 
image observed on the fluorescent screen can conveniently be separated 
into two classes; axial aberrations and field aberrations. The former, 
chromatic and spherical aberration in the customary nomenclature, 
affect the quality of the image on the axis, as well as in other 
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s 

-=­i41----~~----~---
It: 

I, 
~ -• 21----~~----~----
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Fig. 7-Magnification (fixed focus). 

41'1 

parts of the field, while the latter, in first line astigmatism and curva­
ture of field, become noticeable only in the outer portions of the 
image. It will be seen that these constitute the most serious defects 
of the systems here studied. 

An experimental investigation of all the image defects of electron 
optical systems has been carried out for a point source by Diels and 

•,CJlll--....i.--'----..__-..J..... _ _.__ _ _.._ __ 
1.0 4.0 ,.o 

v (LENS 'R"l>ll) 
J'ig, 8-Foeusing relation (variable focus). 
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Knoll,4 to demonstrate their identity with the aberrations encountered 
in light optics. H. Johannson5 has made a special study of the aberra­
tions of the electron microscope. On the theoretical side, Glaser6 has 
developed the theory of electron optical aberrations very completely, 
though not in the form in which it is directly applicable to our case, 
where the electrons enter the refracting field with infinitesimal 
velocities. Henneberg and Recknagel7 have, making suitable simplify­
ing assumptions, given a theoretical treatment of the chromatic (and 
spherical) aberrations of various types of image tubes. 

~ ,_ 

o.s 1-i 

Fig. 9-Magnification (variable focus). 

It was not practical, in the present case, to carry out measurements 
of the axial aberrations, as these are not of sufficient magnitude to be 
readily determined except for so low accelerating voltages that no 
bright images could be obtained on the screen. For the measurement 
of the field aberrations, curvature and astigmatism, the procedue was 
the following. In the tube of Fig. 2 the object duitance was kept fixed 
at the value u = 1.8 and pictures were taken of the image on the fluores­
cent screen at various distances from the lens; · such a series of pho­
tographs is shown in Fig. 10. The object consisted of a grid of fine 
vertical lines superposed on an array of black squares. The point along 
a vertical line through the optical axis of the system at which the fine 

4 K. Diels and M. Knoll, Zeits. f. Tech. Physik 16, 617 (1935). 
DH. Johannson, Ann. d. Physik 18, 385 (1933); 21, 274 (1934). 
8 W. Glaser, Zeits. f. Physik80, 451; 81,647; 83,104 (1933); 97,177 

( 1935) ; Ann. d. Physik 18, 557 ( 1933). 
7 W. Henneberg and A. Recknagel, Zeits. f. Tech. Physik 16,230 (1935). 
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• 
Object: u = 1.7R 

v=2.96R 

Image: v = 3.46R 
R = 1.5" 

Fig. 10a . 

v = 3.33R 

•••• v = 2.51R v = 2.18R v = 1.B0R v = 1.57R 
Fig. 10b. 

Fig. 10-Sections through image space of flat cathode tube for various 
distances from lens v. 

lines appear sharpest, indicates the location of a sagittal, that along 
a horizontal line through the axis where they appear sharpest, that 
of a tangential image point, just as in ordinary optics. Having located 
the sagittal and tangential image points in every plane, it is possible 
to construct also the sagittal and tangential images surfaces. 

In order to calculate the axial aberrations, we consider pencils of 
rays leaving the center of the cathode with a fixed initial kinetic 
energy eA~ under different angles, e.g., 0°, 45°, and 90°, and find 
their points of convergence on the axis. 

To treat the first case, () = 0, we place ~ in Eq. (18) by 
<1> + A~ and then introduce as new dependent variable (which 
vanishes for z = 0) : 

1 1 dr 
b.= ---------------- ----- - - -

r dz 

(16) 

If b0 is a solution of Eq. (15) corresponding to the case of zero initial 
velocity and Ab = b - b0 is small up to the point where ray paths 
become substantially straight (z = z1 ), we can write for ilb (z1): 



-420 ELECTRON TUBES, Volume I 

Ab(z1) = /. .. B(z') exp (1 .. A(z") dz") dz', (17) 

where A= (1/z + 4>/2cI>) + 2b0, (18) 

( ( A4> )l) b0 ( AcI> )l <I>' ( AcI> )i 
X l- ~'(0)z --; cI>'(O)z + 4z,p cI>'(O) 

To find the solutions for rays with finite initial lateral velocity com­
ponents, we introduce the variable t:..r = r - r0 where r0 is the solution 
of the paraxial Eq. (13) for an equal initial lateral velocity and 
integrate the equation 

4>" cl>' 
Ar"= - ---- Ar - ----- t:..r' 

4(cI> + t:..cI>) 2(4> + t:..4>) 

-To---- ri ------ +2ro'2 [ ( 
4>" cI>IV) ] 

4(4>+A4>) 4(cI>+A4>) 84>" 

(19) 

This is obtained from Eq. (12a) if terms involving third powers of 
r and r' are retained. The proper initial conditions follow in every case 
from the form of the parabolic path described by the electron ip the 
uniform accelerating field immediately in front df the cathode. 

For the case of the fixed-focus tube with unity magnification and 
with A(lt/V1 =0.001 (e.g., A4> = 0.4 volt, V1 = 4000 volts), the axial 
deviations from the focal point corresponding to infinitesimal initial 
velocities are found to be 0.44, 0.24, and - 0.03 lens radii for 6 == 0°, 
45°, and 90° respectively. As the solution of Eq. (18) for our par­
ticular case indicates that the vertex angle of a beam, with initial 
lateral velocity [2 (e/m) A•,Ji, is equal to 2.17 (A•,/V1)i the diameter 
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A of the circle of least diffusion is found to be about 0.003 lens radii, 
or 0.004" (= 0.1 mm), increasing approximately in proportion to the 
initial energy of the electrons. The formula given by Henneberg and 
RecknageF yields A= 2m.AcJ.>/cJ.>'(0) = 0.004 lens radii or 0.006" (= 
0.15 mm). It is based on considering the image tube field as con­
sisting of a uniform initial field terminated by a short lens. It is seen 
that the axial aberrations, while not important in the present case, 
may be of significance when the field before the cathode is reduced 
(as when a very small image is desired), or in cases when the initial 
velocities are on the average substantially larger and the accelerating 
voltage is reduced. 

Of greatest importance are, however, the field aberrations, image 
curvature and astigmatism. To calculate these, the paths of a set of 
principal rays, corresponding to electrons starting from rest on the 
cathode at various distances from the axis, must first be obtained by 
integrating the equation 

rcJ.>" [ ( cJ.>" if>IV ) ] r"=-- 1+,-2 ---- +2r'2 

4if> 4if> 8cJ.>" 

'f"q,' [ ( cJ.>" if>"' ) r'if>" ] -- l+r2 ---- -r--+r'2 , 
2if> 4if> 4if>' 24>' 

(20) 

which is found by substituing Eq. (9) in Eq. (12a), retaining terms 
up to the third power in r and r'. Pencils of rays starting from the 
same point on the cathode, with infinitesimal lateral velocities, will in 
generlll come to a focus only if they lie either in the meridional plane 
or a plane normal thereto, the focal points being termed the tangential 
and sagittal image points, respectively. These image points, cor­
responding to all possible principal rays, form the tangential and 
sagittal image surfaces which are the object of the calculation. The 
separation of the two surfaces gives a ~easure of the astigmatism, 
their curvature determines the image curvature. Fig. 11 illustrates 
the tangential and sagittal pencils belonging to a particular principal 
ray, as well as the two image surfaces T and S. 

To obtain the tangential image point corresponding to a given 
principal ray r 0 (z), which is a solution of Eq. (20) for r 0'(0) = 0, 
we introduce the difference variable Ar= r - r 0 and, furthermore, the 
convergence variable 

b == 1/~- (1/Ar)Ar', (21) 
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which obeys the equation 

-=--+- 1+3r02 ----
db 1 <I>" [ ( cf>" q,IV ) 

dz 4z2 4<J> 4cJ> 8<I>" 

( 
g,' <I>"' ) ] + 2roro' - - - -- + ro'2 

2<1> 2<I>" 

+- --b 1 + ri/ ----4>' ( 1 ) [ ( <I>" q,"' ) 

2<1> 2z 4<I> 44•' 

- ---v,211.'R -- -

(22) 

--"1 
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Fig. 11-Schematic diagram of lens structure and sagittal and tangential 
pencils. 

This can be integrated numerically in the same fashion as Eq. (15) 
giving the tangential image point on the principal ray, The calculation 
of the tangential image curvature on the axis can readily be reduced 
to quadrature if ilb = b - b0, where b0 is the solution of Eq. (15), is 
introduced in Eq. (22). 

To find the sagittal image point, the second Euler equation, (12b), 
is utilized, considering the displacement y as inllnitesimal; then Eq. 
(12b) becomes 

[ 
ro'r0" 1 ( ocp 'acp )] 

y"=y' ----- -1·0'+- + 
1 + r0' 2 2cp 01· oz 

Introducing 

b = l/2z - (1/y)y', 

(1 + ro'2) 

2cpr0 

aq, 
y. 

or 
(28) 

(24) 
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as well as the expansion of the potential (9), a convergence equation 
analogous to (22) is obtained: 

------+- 1 + 1•i - ---- +ro'2 db 1 cJ," [ ( <f>" cJ,IV ) ] 

dz 4z2 4cJ> 4<f> 8<f>" 

ro'r0" cp' ( 1 )[ ~ ( ti>" <$'" ) ----+- --b 1 +r0- ----
2z 2<1> 2z 4<1> 44>' 

~"] b 
-ruro'- --1 br0'ro'' - - + b2. (25) 

24>' z 
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T • 02. 

~o 3.4 36 42 4C. so 54 z 
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Fig. 12-Curvature of image field. S, calculated sagittal image surface; 
T, calculated tangential image surface; o, measured sagittal image points; 

x, measured tangential points. 

The numerical work and the obtention of the sagittal radius of curva­
ture on the axis proceed as in the case of the tangential pencil. 

In Fig. 12, the measured image points are compared with the 
calculated image surfaces, computations being made for object points 
on the cathode separated by 0.2, 0.4 and 0.6 lens radii from the axis, 
as well as for the radii of curvature on the axis. Vertical and horizontal 
scales are identical so that the figure gives a true picture of the appear­
ance of the image surfaces. Fig. 18 gives the corresponding large 
diameters of the ellipses of diffusion in the plane of the paraxial image 
point neglecting axial aberrations. The axial radii of curvature of the 
tangential and sagittal image surfaces are only 0.044 and 0.075 lens 
radii, or 1.7 and 2.9 mm, respectively. 

It was found as already reported in the earlier paper,1 that this 
very serioua defect could be largely removed by giving the cathode a 
curvature such that its center of curvature fell, approximately, into the 
center of the Jene. The comparison of the images given by the flat and 
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the curved cathode tube, shown in Fig. 14, brings this out strikingly. 
Without, as yet, g1vmg a quantitative treatment of the curved cathode 
tube, the main reason for the improvement may readily be pointed out 
By curving the cathode in the above mentioned fash10n, the principal 
rays are practically undeflected in the first part of their path, and the 
sagittal and tangential pencils of all the rays encounter practically 
identical var1at10ns of potential. As, due to the low velocities of the 
electrons in this region, their paths are most easily influenced in the 
early portion of their transit, it 1s clear that thIS must minimize the 
astigmatism, i.e., the difference between the convergence of the tan­
gential and sagittal rays, and similarly reduce the curvature due to 
the similar conditions along different principal rays. 

In conclusion, the authors wish to express their thanks to Dr. V. K. 
Zworykin, the director of the Electronic Research Laboratory, and to 
the members of the 
laboratory staff whose 
cooperation made this 
work possible. 

Fig. 14 - Comparision 
of images from tubes 
with flat (left side) 
and curved (right side) 
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A REVIEW OF THE DEVELOPMENT OF SENSITIVE 
PHOTOTUBES*t 

BY 

ALAN M. GLOVER 

RCA Manufe<'turlng Company, Inc., 
Harrison, N. J. 

Summary-The development of phototubes is traced from early investi­
gations of the nature of the photoelectric effect to the development of modern 
sensitized photosurf aces. The photoelectric properties of suck surf aces are 
contrasted with! those of pure metals. A discussion is given of the technical 
developments which have contributed to the importance of modern photo­
tubes. A comprehensive bibliography covering both general and specific 
references on the subject of pkotoelectricity with emphasis on photoemissive 
surf aces is incfuded. 

HISTORICAL INTRODUCTION 

T HE TERM "photoelectric cell" may be applied to three different 
devices which respond to the incidence of light or other electro­

. magnetic radiation by the flow of an electric current. Of these 
three, the photoemissive cell or phototube is historically the most re­
cent. In 1839, Becquerel1·2 discovered that the illumination of one of 
two silver electrodes in an electrolytic or voltaic cell resulted in the 
production of an electromotive force which thus caused a current to 
pass through the cell. Such cells are now known as photovoltaic cells 
because the generation of the electromotive force was long thought 
to be the primary mechanism involved. The discovery that the resist­
ance of selenium is altered upon illumination has been attributed to 
W. Smith who, in 18783, was engaged in developing materials for use 
in the transatlantic cable. Light-sensitive materials in which a change 
in current is thus produced are known as photoconductive cells. In 
general, such substances are found to be semiconductors, although 
insulators exhibit a small photoconductive effect. 

• Decimal Classification: 535.88. 
t Reprinted from Proc. 1.R,E., August, 1941. 

E. Becquerel, "Recherches sur les eft'ets de la radiation chimique de la 
lumiere solaire, au moyen des courants electriques," Oompt. Rend., Vol. 9, 
pp. 144-149; July, 1889, 

a E. Becquerel, "Memoire sur les etl'ets electriques produits sous l'influ­
ence des rayons solaires." Compt. Rend., Vol. 9, pp. 561-667; November, 1889. 

a S, Bidwell, "On the sensitiveness of selenium to light, and the develop­
ment of a similar property in sulphur," Phil. Mog., Vol. 20, pp. 178-190; 
Au.pat, ~6. 

'96 
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In 1887, Hertz• was engaged in an experiment which d.emonstrated 
the validity of Maxwell's prediction that energy should be radiated 
from a conductor in which a rapidly changing current flows. Hertz 
discovered that when a spark discharge took place in a circuit, a small 
spark was observed at a gap in a similar neighboring circuit. Inci­
dentally, this experiment laid the basis for the development of radio. 
In the course of the ,experiment, Hertz found that the length of the 
spark induced in the auxiliary circuit was reduced if the light from 
the primary spark was not allowed to fall upon the second gap. The 
effect was traced to the ultraviolet light from the spark and was found 
to be primarily due to the illumination of the negative electrode. The 
investigations of Hallwachs5 showed that negative electricity was re­
leased from a negatively charged zinc plate under the influence of 
ultraviolet light. This current was identified in 1899 by Lenard6, and 
by J. J. Thomson7 with the electrons which constituted the current in 
the discharge of a Geissler tube. Elster and Geitel8 showed in 1899 
that certain metals such as potassium and sodium, when amalgamated 
with mercury, were sensitive even to visible light. Within a short time, 
they realized that a considerably enhanced and more stable emission 
current could be obtained if the negative element and a positive colleC'­
tor were enclosed in an evacuated bulb9•10• Hence, the phototube may 
be considered as one of the first of the family of electronic tubes. As 
early as 1892 Elster and Geitel11.12 devised an instrument which incor­
porated a photosensitive surface for measuring the ultraviolet light 
from the sun. 

4 H. Hertz, "Ueber einen Einfluss des ultravioletten Lichtes auf die 
clectrische Entladung," Aim. der Pkys., Vol. 31, No. 8(B), pp. 983-1000; 
1887. 

5 W. Hallwachs, "Ueber den Einfluss des Lichtes auf electrostatisch 
geladene Karper," Ann. der Phys., Vol. 33, No. 2, pp. 301-312; 1888. 

6 P. Lenard, "Erzeugung von Kathodenstrahlen durch ultraviolettes 
Licht," Ann. der Pkys., Vol. 2, No. 6, pp. 359-375; 1900. 

1 J. J. Thomson, "On the masses of the ions in gases at low pressures," 
Pkil. Mag., Vol. 48, pp. 547-567; December, 1899. 

8 J. Elster and H. Geitel, "Notiz ueber die Zerstreuung der negativen 
Electricitat durc-h das Sonnen und Tageslicht," Ann. der Pkys., Vol. 38, No. 
9, pp. 40-41; 1889. 

9 J. Elster and H. Geitel, "Ueber die Verwendung des Natriumamal­
games zu lichtelectrischen Versuchen," Ann. der Pkys., Vol. 41, No. 10, pp. 
161-176; 1890. 

18 J. Elster and H. Geitel, "Notiz ueber eine neue Form der Apparate 
zur Demonstration der lichtelectrischen Entladung durch Tageslicht," Ann. 
der Phys., Vol. 42, No. 4, pp. 564-567; 1891. 

11 J. Elster and H. Geitel, "Beobachtungen des atmospharischen Pot.en­
tialgefalles und der ultravioletten Sonnenstrahlung," Ann. der Phys., Vol. 
48, No. 2, pp. 888-373; 1893. 

19 J. Elster and H. Geit.el, "Ueber die Vergleichung von Lichtstarken 
auf photoelectrischen Wege," Ann. der Pkys., Vol. 48, No. 4, pp. 625-685; 
1893. 
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The photoelectric current was also shown to be directly proportional 
to the intensity of the light producing it. However, the kinetic energy 
of the released electrons was found to be independent of the intensity 
of the light, but to be dependent upon the frequency of the light6• 

These facts, which were inconsistent with a wave theory of the nature 
of light, led Einstein13 to postulate that light was corpuscular in nature 
and that each light corpuscle or "quantum" could give up its energy to 
an electron of the metal. He assumed that the energy of each quantum 
of light of a given frequency was proportional to the frequency and 
was equal to hv where v is the frequency and h is Planck's constant. 
The kinetic energy E of the electron released would then be equal to 
hv less any energy lost by the electron in passing through the surface. 
This latter amount is usually expressed in terms of the potential which 
the electron must overcome in leaving the surface and is called the 
work function of the 11urface </>p• Hence, E = hv - </,pe where e is the 
charge carried by one electron. 

The immediate implication of this equation is that no current will 
be produced for light frequency such that hv is less than </,pe. This 
conclusion has been verified in many experiments, although in recent 
years some modification of the interpretation of </,p has been required. 
For pure metals, <f,p has been found to be related to the position of the 
metal in the periodic table being, in general, small for the alkali metals, 
and decreasing with increasing atomic weight. </,p has also been shown 
to be equal or very neary equal to ¢r, the thermionic work function in­
volved in Richardson's equation for the emission of electrons from 
heated bodies. The surface photoelectric effect has proved to be basic 
in the development of the quantum theory of light as well as in the 
developmept of modern theories of the structure of metals. The large 
number of photoelectrons released from metals is attributed to the 
presence of "free" electrons within the metal which are relatively free 
to move within the metal lattice. These electrons are responsible for 
the high conductivity of metals. A smaller surface photoelectric effect 
is also found for insulators but the absence of conductivity makes it 
difficult to obtain a continuous emission since the insulator eventually 
assumes a positive charge. The reaction of the light quantum with the 
electron is now thought to be the primary mechanism involved in the 
"photoconductive" as well as in the "photovoltaic" effect. 

All three of these effects are now incorporated in commercial photo­
electric cells. Their respective advantages and limitations have resulted 

18 A. Einstein, ''Ueber einen die Erzeugung und Verwandlung des 
Llchtes betreft'enden heuristischen Gesichtspunkt," Ann. der Phys., Vol. 17, 
No. 6, pp. 132-148; 1905. 
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in widely different fields of application. The current sensitivity of the 
photoconductive cell considerably exceeds that of the other types but 
disadvantages such as a large time lag have limited its use. Since 
no external source of voltage is required with the photovoltaic cell, one 
variety of this type, "the barrier-layer" or "blocking-layer" cell has 
found wide use in connection with low-resistance current meters in 
light-measuring devices such as photographic exposure meters. The 
photoemissive tube, or phototube, on the other hand is a high-resistance 
device ideally suited for use with a modern thermionic amplifying 
tube either of the high-vacuum or gas-filled type, the combination being 
capable of controlling large amounts of power. Close relatives of the 
phototube are the electronic "pickup" tubes used in television; these 
utilize large multielement photoemissive surfaces. 

THE PHOTOSENSITIVITY OF PURE METALS 

Returning to the investigations of Hallwachs5, it will be remem­
bered that the initial experiments on the surface photoelectric effect 
were made in air and that in this case ultraviolet light was required to 
produce the electric current. As further experiments were made and 
as an explanation of the effect was developed based on Einstein's equa­
tion, the wavelength threshold, that is, the longest wavelength radia­
tion which will liberate photoelectrons, was moved into the visible 
region of the spectrum. As the metals which possess the lowest sur­
face work function are sensitive to visible light, continual attempts 
were made to obtain surfaces of lower work function. Since a low 
work function has been found to be intimately associated with high 
chemical activity, the alkali metals which possess these properties 
must be examined under the best vacuum conditions. The difficulties 
which beset the early experimenters must be considered as being tre­
mendous compared with experiments made today with modern vacuum 
pumps. However, the alkali metals were soon found to be the materials 
most photoelectrically sensitive to visible radiation. 

The early investigators believed that the presence of gas might 
even be required for the passage of the photocurrent. Elster and 
Geitel11•12 indeed found that a maximum current could be obtained if 
the envelope contained hydrogen at a certain optimum pressure. Such 
a device may be said to be the :first gas-filled phototube. The photo­
electric effect, however, was eventually found to be independent of 
anything bat the nature of the metal surface and the character of the 
incident radiation. However, a subsequent amplification of this cur­
rent could be obtained by ionization of a gaseous atmosphere included 
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in the envelope. Since the active sensitive surface would be destroyed 
by anything other than an inert gas, such gases are always employed 
in gas-filled phototubes. Argon is most suitable since it possesses a low 
ionization potential and is relatively cheap. The value of 'Pp for a 
given metal differs widely, however, depending upon the condition of 
the surface. Contaminations such as occluded gases or the presence 
of thin oxide layers change the work function markedly. The values of 
'Pp for many gas-free pure-metal surfaces have gradually been estab­
lished and the maximum wa]elengths for their photoelectric emission 
measured. The response of a metal surface to light of frequency greater 
than the threshold value increases until a maximum is reached. This 
effect was formerly attributed to the loss of energy by electrons 
coming from deep within the metal but is now believed to be due to 
the distribution of energy among the free electrons of the metal, the 
faster electrons being more readily emitted. Wentzel1', followed by 
others15-J9, has computed the form of the spectral-distribution curve 
to be expected based on wave mechanics and a Fermi-Dirac distribu­
tion of the energies of the free electrons. Fair agreement with experi­
ment has been obtained. The spectral-distribution curves for the 
alkali metals20 are shown in Fig. 1, which gives the relative spectral 
response as a function of the wavelength of the incident light. Caesium 
may be seen to possess the longest wavelength sensitivity being sensi­
tive even to red radiation. For the measurement of ultraviolet radia­
tion, various metal surfaces whose thresholds lie within that region 
have been used. It is frequently advisable that an ultraviolet sensitive 
phototube be insensitive to visible radiation; hence, the use of such 
metals as tantalum, titanium, and thorium21, the spectral curves for 
which are" shown in Fig. 2. 

a G. Wentzel, in "Probleme der Modernen Physik," Sommerfeld Fest­
schrift, p. 79; 1928. 

1G W. V. Houston, Rev. Mod. Phys., Vol. 5, p. 41; January, 1988. 
ie I. Tamm and S. Schubin, "Zur theorie des Photoeffektes an MetaHen," 

Zeit. fur Phys., Vol. 68, pp. 97-118; March 11, 1981. 
u H. Frohlich, "Zurn Photoetfekt an Metallen," Ann. der Phys., Vol. 7, 

pp.108-128; October 28, 1930. 
11 W. G. Penney, "The photoelectric effect in thin metallic films," Proc. 

Roy. Soc., Vol. A188, pp. 407-417; October, 1981. 
11 K. Mitchell, "The theory of the surface photoelectric effects in 

metals," Proc. Ro11. Soc., Vol. A146, pp. 442-464; September, 1984. 
•• E. F. Seiler, "Colour sensitiveness of photoelectric cells," A1troplt11, 

Jour., 'Vol, 52', pp. 111Ml53; October, 1920. 
1:1. B:. C. RefttMbler, D, E. Henry, and K. O. Smith, "Photoelectric emis­

aion &ow dithNRt maals,'• B~v. Sci. Iutr., Vol. 3, pp. 794-802; December, 
1912. 
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Fig. 1 - Spec­
tral-distribution 
curves of the 
alkali m e t a 1 s 

(Miss Seiler). 

The first successful attempt to produce an artificially enhanced 
photoelectric emission was that of Elster and Geitel22•H who found 
that upon filling a potassium cell with hydrogen, the photoemission 
was completely destroyed but that after the passage of a glow discharge 
in the hydrogen atmosphere, a considerable increase in sensitivity over 

Fig. 2 - Spectral dis- bf 101----11--+-1----.---+-----1---+---1 
tribution of tantalum, z 
titanium, and thorium ~ &i---t-1-1--1---+-+a.-+-.....+-----1---+---1 
in ultra-violet-trans- I!! 
mitting glass (Cour­
tesy of Lamp Division, 
Westinghouse Electric 
and Manufacturing 

Co.). 

3 
WAVl:L£NC.TH -ANGSTROMS 

HJ. Elster and H. Geitel, "Ueber gefarbte Hydride der Alkalimetalle 
und ihre photoelektrische Empfi.ndlichkeit," Phys, Zeit., Vol. 11, pp. 257-262; 
April 1910. 

ii J. Elster and H. Geitel, "Bemerkungen ueber die Natur der durch 
elektrlsche Entladungen auf Alkalimetallen in Vacuumrohren gebildeten 
farbigen Schichten," Phys. Zeit., Vol. 11, pp. 1082-1088; Novembel', 1910. 

h J. Elater and H. Geitel, "Weitere Untersuchungen an photoelek­
trischen Zellen mit pfarbten Kaliumkathoden," Ph11s, Zeit,, Vol, 121 pp. 
609-614; August, 1911. 
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that of pure potassium was obtained. The hydrogen was then pumped 
out and argon introduced. Various improvements on this process have 
been made2H 8 and indeed until about 1926, practically all commercial 
phototubes were of this general type. In Fig. 3 are shown the spec­
tral-sensitivity curves for potassium (K) and potassium hydride (K­
H) as the surface is commonly called. The maximum sensitivity of 
the potassium-hydride surface is located in the blue portion of the 
spectrum, this maximum occurring at 4350 angstroms, the long-wave­
length threshold occurring at 6900 angstroms. A sensitivity of 1 to 2 
microamperes per lumen to a tungsten incandescent light operating 
at a color temperature of 2870 degrees Kelvin is obtained. Gas filling 
is employed to increase this value about ten to twenty times. 
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Fig. 3-Sensitization of potassium 
by glow discharge in hydrogen. 
Curve 1-postassium before sensi­
tization. Curve 2-potassium sen­
sitized with hydrogen ( Campbell 

and Ritchie) . 

Very recently Tykociner, Kunz, 
and Garner29 have reported the de­
velopment of an improved form of 
the potassium-hydride surface. A 
reaction with carefully purified hy­
drogen was found to be incapable 
of increasing the sensitivity of a 
potassium tube even when the tube 
was submitted to a glow discharge 
according to common practice. This 
effect was traced to the absence of 
water vapor. Further analysis re­
vealed that the 'necessary constitu­
ent for maximum sensitivity was 
atomic hydrogen which was derived 

from the'water vapor. Suhrman and Theissing30 have also reported 
the same observation. Sensitivities for tubes made under careful con­
trol have been reported with values as high as 10 microamperes per 

20 R. Pohl and P. Pringsheim, "Bemerkung ueber die lichtelektrischen 
etrekte an kolloidalen Alkalimetallen," Verh. der Deutsch Phys. Ges., Vol. 
13, pp. 219-223; March, 1911. 

28 R. Pohl and P. Pring_sheim, "Der selektive Photoetrekt bezogen auf 
absorbierte Lichtenergie," Verh. der Deutsch Phys. Ges., Vol. 16, pp. 178-
185; March, 1913. 

27 W. B. Nottingham, "Manufacture of potassium-hydride photoelectric 
cells," Jour. Frank. Inst., Vol. 206, pp. 637-648; May, 1928. 

28 N. R. Campbell, "Wasserstotf und die photoelektrische Emission aus 
Kalium," Phys. Zeit., Vol. 30, pp. 587-538; September, 1929. 

119 J, T. Tykociner, J. Kunz and L. Garner, "Photoelectric sensitization 
of 1dkali surfaces by means of electric discharges in water vapor," Uni­
versity of Illinol1; Bulletin Series No. 825; 1940. 

30 R, Suhrmana nd H. Theisaing, "Inftuence of hydrogen on the photo­
electric emission of potusium/' Zeit. filr Phys., Vol. 52, No. 7-8, pp. ,&s-
463; 1928. 
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lumen (light-source color temperature not stated). This sensitivity is 
several fold that previously reported for potassium-hydride surfaces. 

During the preparation of alkali-metal tubes, the presence of the 
volatile alkali vapor results in a condensation of a thin film of the 
metal on all the ,exposed parts of the tube such as the glass press or 
even the anode. The photocurrents arising from these films are often 
found to be comparable in size to the main photocurrent. lves31 and 
Suhrman and Theissing32 have investigated films of this sort, for 
example, potassium or sodium deposited on platinum. Ives found that 
as the thickness of the film was increased, a shift in the threshold to 
the red to a point beyond that of the alkali metal in bulk took place. 
As the thickness was further increased, the threshold decreased until 
it approached that of the alkali in bulk. While surfaces of this type 
have had no commercial significance, the study of the effect has led 
to a better understanding of the modern thin-film surface to be dis­
cussed shortly. Ives and Olpin,3 determined the maximum excursion of 
the long-wavelength threshold to be equal to the first line of the pri­
mary series or resonance line of the element in question. Although 
this correlation has been shown to be true for the alkali metals, it has 
not contributed materially to an understanding of the effect. Later 
measurements by Brady34 indicate that such a correlation may be 
invalid. The spectral selectivity found with surfaces of this sort has 
recently been interpreted by Ives and Briggs35 in terms of the optical 
constants of the alkali-metal films. The maximum sensitivity is found 
to occur at that wavelength at which the electromagnetic-energy 
density at the surface in the standing wave which is set up in the 
film by interference is a maximum. The necessity for the dual relation 
between the wave theory and the corpuscular theory of light is nowhere 
more clearly required than in this aspect of photoemission. 

As might be expected from the close relation between thermionic 
emission and photoemission, the attention of experimenters was given 
to the materials used for cathodes in radio receiving tubes. An early 

81 H. E. Ives, "Photoelectric properties of thin films of alkali metals," 
Aatroph'IJB, Jour., Vol. 60, pp. 209-230; November, 1924. 

81 R. Suhrmann and H. Theissing, "Selective photoelectric effect with 
thin layers of potassium absorbed on polished platinum," Zeit. fur Pk'II••• 
Vol. 56_,_No. 11-12, pp. '101-716; 1929. 

88 .ti. E. Ives and A. R, Ol~in "Photoelectric long wave limit of the 
alkali metals," Pl,,'11•· Rw., [2], voi. 34, pp. 11'1-128; July, 1929. 

"J. J. Brady, "The photoelectric proJ>erties of alkali metal films as a 
function of their thickness," P1'111. Re11., [2], Vol. 411 p. 618; September, 
19St. 

• 5 H. E. b• and H. B. Brigl9, "Optical propcmieii and photoelectric 
emiaaion in tbi.ri alkali metal tlhns, Jour. Opt. Soc, A,n;f'I',. Vl)J, 28, pp. U0-
8a8; Septemhu, 1"8-
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phototube of this type was the barium tube developed by T. W. Case88• 

Huxford87 has measured the spectral sensitivity of barium-strontium­
oxide cathodes which is shown in Fig. 4. It is apparent that the 
barium-strontium cathode so widely used today in receiving tubes is 
quite photosensitive to visible light. A shift in threshold with applied 
voltage is quite marked. During the life of the tube, some of this 
material may be evaporated on to the control grid. When such tubes 
are used for the measurement of extremely small amounts of current, 
the light from the filament may create a troublesome source of un­
desirable grid current. 
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Fig. 4- Spectral-distribution curve of 
oxide-coated cathode as a function of the 

collertor voltage (W. S. Huxford). 

The investigations of 
Langmuir and Kingdon38 

showed that a thin film of 
volatile metal, such as caes­
ium, may be bound to a 
base metal such as tungsten 
at temperatures far above 
that at which the caesium 
would normally be evapo­
rated from caesium metal 
in bulk. Such films were 
found to possess a very 
high thermionic emission. 
It was further found that 
oxidation of the tungsten 
before deposition of the 

. ,_ caesium intensified the 
binding forces. The value of the thermionic work function for caesium 
on oxygen on tungsten is given by Dushman39 as being cf,,,. = 0.695 volt. 
While this value is not necessarily equal to the photoelectric threshold, 
the low value of cf,,,. would indicate the probability of high photoelectric 
sensitivity. A photosurface of similar nature was developed by Zwory­
kin and Wilson•0 by the deposition of caesium upon a magnesium base. 
The excess caesium was then driven off by heating and the resultant 

ae T. W. Case, "New strontium and barium photoelectric cells," Ph'JIB, 
Rev., [2], Vol. 17, pp. 398-399; March, 1921. 

" W. S. Huxford, "Eft'ect of electric field on emission of photoelectrons 
from oxide cathodes," Phva, Rev., [2], Vol, 38, pp. 879-395; August, 1931. 

81 I. Langmuir and K. H. Kingdon "Thermionic effects caused by vapors 
of alkali metal•," Proo. Rov, Soo., Voi. A107, pp. 61-79; January, 1925. 

• K. Duehmaiil:'ThermiGnic emillsion," Rev. Mod. Pk'IJ•·• Vol 2, pp. 
381-416• .Januat1, u,80. '° V. JC.. Zworykbl. •nd E. D. Wilson, "Caesium-magnesium photocell," 
lour. 0,t. Soo. Jl'1U/1'., Vol. 19, pp, 81-89; August, 1929. 
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photosurface was found to have a high sensitivity with a peak at 4850 
angstroms. The maximum response was about 2 microamperes per 
lumen to a tungsten lamp at 2870 degrees Kelvin. The spectral re­
sponse is shown in Fig. 5. Gas filling has usually been employed to 
increase the sensitivity. It may be notE-d that this surface rould with­
stand a temperature of l 50 degrees centigrade and that its life is 
indefinite under very severe operating conditions. 

At about the same period, Bainbridge and Charlton41 developed a 
surface of a somewhat similar nature in which silver was employed 
aM the base metal. It was later found if oxygen was admitted to the 
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Fig. 5-Spectral-distribution curves for several sensitized surfaces. Curve 
1-caesium-magnesium (Zworykin). Curve 2-sodium-sulphur (Olpin). 
Curve 8-sodium-oxygen-sulphur (Olpin). (Curve 1 used by permission 

of John Wiley and Sons, Inc.) 

envelope after the silver layer was prepared, the tube heated, and then 
the oxygen pumped out, that subsequent distillation of caesium on to 
the surface gave a more reliable and uniform result. The surface is 
usually denoted as a caesium-silver surface since no reaction between 
the oxygen and the silver was promoted other than absorption. The 
spectral curve is shown in Fig. 6, curve l. Development by Koller«s 
and by Campbel1'8 showed that if the silver was superficially oxidized 

•1 Bainbridae and Charlton, see reference 42, page 1689. 
u L. R. Koller, "Photoelectric emission from thin films of. caesium/' 

PA11•. Re11., [2l, Vol. 86l pp. 1689-1647; December, 1980. 
• N. R. <fa.mpl:!ell, 'Photoelectric emission of thin ftlms," Phil, Mag., 

Vol. 12, pp. 173-186; July, 1981. 
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by a glow discharge in an atmosphere of oxygen at a pressure of 1 or 
2 millimeters the sensitivity was found to be markedly increased. This 
surface will be identified subsequently as caesium-oxygen-silver, in­
cluding the many modifications which may be obtained by varying the 
proportions of the constituents. A peak in the spectral sensitivity was 
then found in the red and near infrared. The long-wavelength limit 
was extended to 10,000 to 12,000 angstroms, and sensitivities as high 
as 30 microamperes per lumen have been obtained. This surface is 
the most widely used commercially today. Various modifications of the 
process have been made which have led to an understanding of the 
mechanism involved. A solid-silver cathode or a copper cathode on 
which silver has been electroplated usually serves as the base for the 
surface. Other metals may be employed but silver is found to be the 
most satisfactory. Campbell found that the surface could be further 
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Fig. 6--Spectral-distri­
bution curves of sensi­
tized caesium surfaces. 
Curve 1-caesium­
silver (Koller) . Curve 
2 - caesium-oxygen­
s il v er ( deficiency of 
caesium) (Campbell 
and Ritchie). Curve 3 
- caesium-oxygen­
silver ( excess of caes­
ium) (Ritchie). Curve 
4 - silver-caesium-oxy­
gen-silver (Asao and 

Suzuki). 

sensitized by a glow discharge in argon for a short period of time, 
although continued bombardment would destroy the surface. Prescott 
and Kelly" have published a detailed account of one procedure giving 
very satisfactory results in which great care was taken to obtain a 
careful balance between the amount of oxygen and the amount of 
caesium employed. 

N. R. Campbell43 established that the amount of caesium required 
to obtain maximum sensitivity was proportional to the amount of 
oxidation of the silver. Two types of such surfaces are shown in Fig. 
6, curves 2 and S. in which the ratio of caesium to oxygen is larger 

"'0. H, PN18cott, Jr. and X. J. Kelly, "The caesium-oxygen-sihrer 
photoelectric cell," B,U Sp. Teoh. Jour., Vol. 11, pp. 384--86'7; July, 1982. 
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for the surface of curve 3. Campbell believes that surfaces of this 
type may be considered as consisting of a layerlike structure in which 
a thin film of alkali, probably monatomic in nature, is superimposed 
on a matrix of an oxide of caesium which is in turn built upon the 
silver base by reduction of the silver oxide. The nature of the oxide 
of caesium is rather indeterminate. Probably the intermediate layer 
is a mixture of various oxides of caesium, unreduced silver oxide, and 
free silver. According to deBoer and Teves45 the presence of a certain 
amount of free sliver enhances the sensitivity by providing a source 
of conductivity in an otherwise poorly conducting layer. They assume 
that the electrons emitted are the result of a photoionization of the 
surface caesium atoms. By a partial reduction of the silver oxide in a 
hydrogen atmosphere, they obtain the presence of a certain amount of 
free silver. By such a technique, surfaces have been obtained in which 
the sensitivity extends into the infrared region to 17,000 angstroms. 
Asao and Suzuki46 have shown that it is possible to enhance the sensi­
tivity by evaporating a thin film of silver upon the surface subsequent 
to the normal procedure outlined above (see Fig. 6, curve 4). Caesium 
will probably distill through the silver to reform a monatomic film 
on the surface, especially if the surface is subjected to a subsequent 
baking. The evaporation of silver is also used to alter the spectral 
sensitivity of the iconoscope and orthicon, types of television pickup 
tubes employing this surface47• In this case silver is evaporated upon 
the completed surface without any subsequent baking. A reduction of 
the infrared peak with improved sensitivity in the blue and green 
regions of the spectrum is thus obtained. In a discussion of forms of 
the caesium-oxide-silver surface, deBoer and Teves suggest various 
complicated structures to explain the different types of sensitivity and 
spectral response obtained. There seems to be little question that the 
presence of an electronegative element is the essential constituent in 
producing a reduction of the work function of the metal surface. 
Others have substituted sulphur for the oxygen with somewhat similar 
results, although the sensitivity reported has not been as high. Camp­
bell interprets the sensitivity in terms of a transmission of electrons 
through a surface potential barrier consisting of a series of maxima 
and minima in the potential as a function of the distance from the 

a J. H. deB-Oer and M. Teves, "Electron Emission and Absorption 
Phenomena," The Macmillan Company, Cambridge, England, 1986, p. aao • 

.. S. Aaao and M. Suzuki, "Improvement of thin film caesium photo­
electric tube," Proc. Ph11•• Math. Soc. (Japan), Series 8, Vol. 12, pp. 247-
260; Octoberz. 1no. "a. B. ,anea and W. H. Hickok, "Recent improvements in the design 
and =t.eNtilcs of the iconoscope/' Proc. I.R,E., Vol. 27, pp. 585-540; 
Septem , 198t. 
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surface. On a wave mechanical theory, such a potential barrier will 
have a selective transmission for electrons of certain energies. Olpin48 

has computed the atomic spacing which would be expected to give a 
selective transmission on the basis of a crystalline structure, through 
which the electrons would pass according to the wave mechanical 
theory. He shows that such distances as computed from the observed 
wavelengths of the spectral maximum show a direct ratio to the atomic 
diameters of the atoms involved and that the correlation is remarkable 
considering the uncertainties in the theory and in the experimental 
quantities involved. Olpin's results are probably somewhat fortuitous 
as pointed out by Zachariasen49• 

An extensive series of investigations on the sensitization of alkali 
surfaces has been carried out by Olpin50• Among various inorganic 
substances, Olpin tried oxygen, water vapor, and sulphur. Among the 
organic materials tested were benzene, acetone, and organic dyes such 
as are used for sensitization in photography, for example eosine, 
kryptocyanine, and dicyanine. Olpin found that practically every sub­
stance tried increased the sensitivity of the alkali metal to red light. 
He concluded that a contamination common to all the substances might 
be the cause and suggested water vapor. A more reasonable explana­
tion now appears to be that the presence of any electronegative element 
in the surface layer is sufficient to distort the potential barrier so as 
to increase the threshold wavelength. Hence, oxygen or sulphur may 
be the most likely sources of the increased sensitivity in all the above 
cases. Olpin notes the effect of depositing a thin film of sodium on 
a surface of sodium already exposed to sulphur. A surface very 
similar to the caesium-oxygen-silver in structure is probably obtained. 
Curves shdwing the spectral sensitivities for some of the surfaces 
produced by Olpin are shown in Fig. 5. The commercial importance ~f 
these discoveries has been limited by the widespread use of the caesium­
oxygen-silver types of surface, but as in the case of Ives' work on 
thin films, the general conclusions obtained have been very valuable 
in forming a picture of the type of sutface most likely to result in a 
high sensitivity within the visible region of the spectrum and in the 
near-infrared region in which much of the energy 'f."adiated from a 
tungsten lamp is concentrated. 

• A. R. Olpin, "An interpretation of the selective photoelectric effect 
from two component cathodes," Phys. Rs'IJ., [2], Vol, 38, pp. 1745-175'7; 
November; 1981. 

•• W. H. Zacbariaaen, "On the interpretation of the selective photo­
electric e1fect from two cc,mponent cathodes," Plt11s, Rev., [2], Vol. 88, p. 
2290 • Decembel-, 1981. 

'8 A. a. Olpin; •t~ oi enhancing the aenaitlvenes11 of alkali metal 
photoetectrie cells,' PT.,a, Bet>,, (2], Vol 86, pp. 2151-295; July, 1930. 
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As the development of the caesium-oxygen-silver photosurface 
progressed, sensitivities as high as 50 microamperes per lumen (to 
tungsten light at 2870 degrees Kelvin) have been obtained. However, 
the average sensitivity is about 15 to 25 microamperes per lumen. 
Gas filling of caesium-oxygen-silver phototubcs permits of an increase 
in the sensitivity to 100 to 150 microamperes per lumen with the in­
crease obtained somewhat at the expense of constancy and stability. 
The yield obtained from caesium-oxygen-silver when expressed in terms 
of electrons per incident quantum of the light is very low, being only 
0.6 per cent (for a sensitivity of 40 microamperes per lumen) at the 
peak in sensitivity in the infrared. At the peak in the near ultra­
violet, the value is somewhat higher, being about 1.6 per cent. 

Glover and Janes51 have reported the development of a composite 
caesium photosurface in which the sensitive surface is formed upon 
a metal base such as nickel. The spectral maximum for this surface is 
found to occur at 3750 angstroms and is accompanied by a long-wave­
length threshold in the neighborhood of 6300 angstroms. Sensitivity 
as high as 90 microamperes per lumen (to tungsten light at 2870 
degrees Kelvin) has been obtained which correspor.ds to a quantum 
efficiency as high as 26 per cent at the wavelength of peak sensitivity. 
This surface is found to be very stable at conditions under which the 
caesium-oxygen-silver surface is subject to loss of sensitivity. The 
spectral sensitivity for this surface enclosed in a lime-glass bulb is 
shown in Fig. 7. The sensitivity in the ultraviolet region between 
2000 and 3000 angstroms is undoubtedly higher than for any surface 
yet available. 

Gorlich52 has reported the development of a transparent surface in 
which the sensitivity is largely limited to the blue and green region 
6f the spectrum, but for which the yield is remarkably high in this 
region. The surface is obtained by the deposition of a layer of anti­
mony upon the glass envelope. The antimony is then treated with 
oxygen and subjected to caesium vapor. This surface may be deposited 
in a transparent layer sufficiently thin so that the sensitivity may be 
obtained by lighj; incident upon the surface from the side opposite to 
that from which the current is collected. Gorlich reports that the 
selective maximum lies between 4000 and 6000 angstroms and that 
the position of the maximum is largely unaffected by the substitution 
of sodium, potassium, rubidium, or lithium in place of the caesium. 

11 A. :M. Glover and R. B. Janes, "A new high-sensitivity photosurfaee," 
Electrrmica, Vol. 13, pp. 26-27; August, 1940. 

11 P. GarHch, "Sensitization of transparent compound photocathod.es," 
Zeit. fiir Teeh. Pb.111., Vol. 18, pp. 460-462; Novembet, 1987. 
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Gopstein and KhoroshG3 report measurements on such surfaces and 
upon surfaces in which the antimony is replaced by bismuth and 
arsenic for illumination both from the front and from the rear of the 
surface. They quote values for the sensitivity as : 
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The color of these 
surfaces is a burnt red, 
indicating a possible 
correlation between the 
photoemission and the 
optical absorption of the 
surface5'. Further devel­
opment52 has included the 
sensitization of these 
surfaces by con trolled 
amounts of oxygen to 
produce a shift of the 
wavelength of the peak 
sensitivity towards the 
red end of the spectrum. 
The spectral-sensitivity 
curve for the caesium­
an ti mony surface re­
ported by Gorlich is 
shown in Fig. 8. 

4000 8000 12000 
WAVELtNGTH-ANG~TROM UNITS 

Fig. 7-Spectral-distribution curve of compo­
site caesium surface in lime-glass bulb ( Glover 

and Janes). 

TECHNICAL DEVELOPMENT 

The development of commerical phototubes has, of course, accom­
panied the development of radio receiving tubes. Thus, improvements 

53 N. M. Gopstein and D. M. Khorosh, "Photoetfect and secondary emis­
sion with alloy cathodes," Jour. Teck. Phys. (U.S.S.R.), Vol. 8, pp. 2108-
2106· 1938. 

J, P. Lukirsk:, and N. N. Lusheva, "Photosurfaces with high selective 
se:raitivity," Jf)Ur. TecA, P1'r•• (U.S.S.R.), Vol. 7, pp. 1900-1904; 1937. 



440 ELECTRON TUBES, Volume I 

in the latter, both of technical and of economic significance, have been 
largely incorporated in the manufacture of phototubes. Some of these 
are so obvious as to need no mention but others may be of some 
interest. In general, it may be said that the surface of a phototube 
is more sensitive to contamination than the cathode of a receiving 
tube. The cathode surface of a receiving tube is believed to be covered 
with a thin film of barium which is replenished during the life of the 
tube by transfer of barium toward the surface of the cathode by 
electrolysis. The result is that as traces of residual gas react with 
the metallic barium on the surface, this gas is gradually cleaned up 
until insufficient to do any further harm. On the other hand, the alkali 
elements which are usually present in phototubes and which are also 
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Fig. 8 - Spectral-distribution 
curve of transparent caesium­

anitmony alloy (Gorlich). 

very active chemically react during 
processing with residual gases pres­
ent in the tube or released from 
the walls and parts by electron bom­
bardment. No electrolysis of alkali 
atoms toward the surface takes 
place subsequent to formation of 
the surface. Hen..:e,. if the surface 
should be contaminated there would 
be no additional supply of alkali 
available to replenish the surface 
atoms. The sensitivity obtained 
thus would be decreased. As a con­
sequence, phototubes require special 
care on exhaust procedure. A getter 
is not generally used because of the 
high activity of the alkali elements 
since the free alkali present during 
the formation of the surface pro­

vides the final gettering. On the other hand, once a sensitive surface 
has been formed, its life is practically indefinite since the cathode is 
operated at low. temperature with no loss of material by evaporation. 
If an inert gas is used to provide amplification of the electron current, 
it must be one of the noble gases, such as helium, argon, or neon. The 
gas is usually purified by an electrical discharge to misch-metal or 
some other active surface in a bulb containing the supply of gas. 
Argon is usually used because of its low cost and relatively low ioniza­
tion potential. Vacuum diffusion pumps of good quality are univer..Uy 
used in conjunction with liquid-air traps to remove traces ot water 
vapor and othflf eondensable gues. 



DEVELOPMENT OF SENSITIVE PHOTOTUBES 441 

If the active surface is a pure metal, this may be prepared by 
cathode sputtering or by evaporation of the metal in vacuo. The latter 
method is being used widely for the preparation of metal surfaces 
sensitive to the ultraviolet. In early phototubes in which the presence 
of an alkali metal was desired, the alkali was usually obtained by 
distillation from bulk metal contained in a side tube. This method is 
tedious and unsuited to large-scale production. Burt51 found that 
sodium could be electrolytically formed upon the inner surface of a 
soda-glass bulb, if the bulb were placed in an electrolytic bath which 
would furnish the sodium ion to the glass. Zworykin used a potassium­
containing glass for the purpose of obtaining a potassium surface in 
similar fashion. In recent years, the alkali metal has been obtained 
by the reduction of a suitable salt. A reducing element is provided 
with the salt incorporated in a pellet which is brought to high tempera­
ture usually by high-frequency induction. For obtaining caesium, it is 
usual to employ a mixture of caesium dichromate and silicon. An 
alternative mixture is a combination of caesium chromate, aluminum, 
and tantalum. This method is convenient and provides a controlled 
amount of the desired alkali directly within the tube. Hydrogen which 
is required for the potassium-hydrogen cell may be obtained by heating 
palladium in a side tube or by dosing from a bottle of gas connected 
to the exhaust system. 

In the preparation of the caesium-oxygen-silver or similar surfaces, 
an excPss of alkali is useful in the preparation of the surface. This ex­
cess must then be removed in order to prevent electrical leakage across 
any films condensed upon the stem press or interior of the bulb surface. 
The removal may be accomplished by the introduction of a compound 
such as oxidized copper or stannic oxide or by the reaction of the excess 
caesium with the lead of the glass stem press. Since this reaction 
causes a darkening of the glass, the bulbs of alkali-containing photo­
tubes must be of lead-free glass such as lime glass or one of the 
borosilicate glasses. 

For convenience, it is usually desirable that the cathode surface 
be formed upon a metal element which may be directly connected to 
one of the lead-in wires in the stem press. This metal support may 
be of nickel, copper, or even be of solid silver. The last is used fre­
quently in the preparation of the caesium-oxygen-silver surface. The 
anode is usually a nickel wire also directly connected to a lead-in wire 
in the press and, then, to one of the base pins. For many purposea, 
however, it la desirable to provide an exc1:1ptionally high-reaiatance 

1$$ a. 0. Burt, "Sodiu.tn b:, electrolyds through glass," lour. Opt, Soc. 
Am«r. and B,t1. Soi. lftltr., Vol. 11, pp. 87-91: July, 19215. • 
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path between anode and cathode. This is accomplished by sealing the 
anode connection through the glass envelope separately. A guard ring 
consisting of a strip of metallic paste painted on the glass between 
the anode connection and the cathode connection is also of use in by­
passing undesirable leakage currents from the measuring circuit. 
Surface leakage.may also be reduced by c?ating the bulb surface with 
a nonhydroscopic wax such as ceresin. 

For many years, applications of phototubes were limited to the 
scientific laboratory because of the small size of the currents obtained 
and because of the delicate nature of the instruments required for 
measuring such currents. The development of the vacuum tube, how­
ever, has changed the situation completely. Because of the high-resist­
ance characteristic of phototubes, the small current output of a photo­
tube may be converted into a voltage of sufficient size to be used as 
the grid voltage of a commercial radio tube. No extraordinary pre­
cautions need be taken other than to insure that base and socket leak­
ages be kept to a minimum and that a suitable amplifying tube be 
used. (A tube with a top grid cap is normally desirable because of the 
increased grid resistance thus provided.) For the detection or measure­
ment of extraordinarily small amounts of light, amplifying tubes have 
been developed in which all sources of extraneous grid current have 
been minimized by providing high internal-leakage paths and by ad­
justing the operating characteristics so that the applied voltages are 
insufficient to ionize any residual gas present in the tube after manu­
facture5M7. These tubes have largely replaced the delicate laboratory 
electrometer and are, therefore, frequently referred to as electrometer 
tubes. Balanced bridge circuits58 have also been employed to decrease 
the effect of changing conditions of light and fluctuations due to 
changes in battery or line voltages. 

The limited sensitivity of the phototube may be partially overcome 
by gas filling. Campbell59 has studied the performance of tubes for 
varying gas pressures. He shows that the voltage at which the tube 
breaks down, that is, the voltage at which the ionization becomes cumu­
lative, is a function of both the amount of light and the pressure of 
gas used. The effect of the gas upon the frequency response of such 

116 G. F. Metcalf and B. J. Thompson, "A low grid current vacuum 
tube," Pkys. Rev., Vol. 86, pp. 1489-1494; November 1980. 

57 H. Nelson, "A vacuum tube electrometer," Rev. Sci. lmtr., Vol. 1, 
pp. 281-2'84; May, 1980. 

58 L. A. DuBridge and H. Brown, "An improved d.c. amplifying circuit," 
Rev. Sci. Instr., Vol. 4, pp. 582-536; October, 1938. 

59 N. R. Campbell and D. Ritchie, "Photoelectric Cells," Sir Isaac Pitman 
and Sona, Ltd., London, England, 1934, p. 66. 
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tubes is shown in Fig. 9. A portion of this effect has been attributed 
to the finite time required for positive ions of the inert gas to reach 
the cathode. Also, the positive ions on reaching the cathode, release 
secondary electrons which contribute to the current. The amount of 
this secondary emission is quite high for the caesium-oxygen-silver 
surface as compared with the potassium-hydrogen surface. A more 
rapid increase in current with an increase in applied voltage is thereby 
found (see Fig. 10). Kingdon and Thompson60 attributed the major 
portion of the effect to the time required for neutralization of the 
positive ion after it reaches the cathode. They assumed that during 
this interval, the work function of the cathode will be lowered and that 
increased secondary emission would be expected. Skellet61 has shown 
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Fig. 9-Frequency response of gas-filled phototube (Courtesy of RCA 
Manufacturing Co.). 

a definite correlation between the time lag and the geometry of the 
tube, indicating the importance of the first factor. More recently, 
Huxford82 and Kruithof63 have shown that the presence of metastable 
atoms can explain the excessive lag at low frequencies. The increased 

eo K. H. Kingdon and H. Thompson, "Some experiments with gas-filled 
Cs-0-Ag phot~lectric cells," Pk'llsica, Vol. 1, pp. 843-851; 1931. 

• 1 A. Skellet, "Time lag in gas-filled photoelectric cells," Jour. Appl. 
Phv11., Vol. 9, pp. 631-634; October, 1988. 

n W. S. Huxford, "Townsend ionization coefficients in Cs-Ag-0 photo­
tubd tll1ed with argon," Pl,,p. Re11., [2], Vol. 56, pp. 754-762; April, 1989. 

• A. A. Kruitbo~ "Time lac phenomena in gas-fl.lled photocel1-," 
PMUp, T,olt., Rn., Voa. 4, pp. 48-66; February, 198$1. 
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lag when helium is used is then readily explained since the probability 
of excitation of metastable atoms is known to be greater for helium 
than for argon. While the poorer frequency response of a gas-filled 
tube, as compared with a high-vacuum tube, is annoying, the falling 
off at higher freq_uencies is readily compensated by adjustment of the 
amplifier characteristics. The effect, therefore, has been no bar to the 
use of such tubes in the motion-picture industry. 

In an attempt to avoid the disadvantages which accompany the use 
of gas to increase the sensitivity, amplification by the use of secondary­
emission currents released by electron bombardment of auxiliary elec­
trodes has been employed. Secondary emission is an effect whose 
presence has been noted in receiving tubes for many years. In gen­
eral, the secondary emission obtained from pure metals is low; how-
ever, at a few hundred volts, re­
lease of as many as 6 to 8 electrons 
per primary electron has been ob­
tained from caesium-oxygen-silver 
surfaces, and somewhat lower ratios 
are readily obtained from oxides. 
The emission varies rapidly with 
voltage and passes through a maxi­
mum for a value of a few hundred 
volts on the bombarded electrode. 
The emission is stable at the cur­
rent densities encountered in photo­
tubes but in order to obtain a maxi­
mum benefit, several stages of am­
plification are desirable. A scheme 
for directing the electron streams 
to successive electrodes has been de­
vised64. This method employs the 
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focusing effect of the combined action of crossed electrostatic and 
electromagnetic fields. A somewhat simpler arrangement dispenses 
with the magnetic fields by the use of a number of secondary-emissive 
grids arranged in a row65. A large portion of the current passes 
directly through each grid, however, thus reducing the over-all ampli-

Bf V. K. Zworykin, G. Morton, and L. Malter, "The secondary emission 
multiplier," Proc. 1.R.E., Vol. 24, pp. 351-375; March, 1936. 

• W. Kluce, O. Beyer, and H. Steyskal, "Photocells with secondary 
emission amplification," Zeit. fur Tech,, Phys., Vol. 18, No. 8, pp. 319-228· 
1987. ' 



DEVELOPMENT OF SENSITIVE PHOTOTUBES 445 

fication. Pierce66 and Zworykin and Rajchman67•68 have employed me­
chanical models to develop all-electrostatic focusing structures which 
conserve all the electrons available and give maximum amplifications. 
In addition, the structure of Zworykin and Rajchman is so designed 
that it is difficult for positive ions, formed in the inevitable residual 
gas, to reach the photocathode and thus produce unwanted currents 
which might lead to uncontrolled regeneration. An electron multiplier 
employing this principle has recently been described by Janes and 
Glover69, the construction of which is shown in Fig. 11. A gain of 
250,000 is readily obtainable at a total of 1250 volts between the 
collecting anode and the photocathode. Considerably higher figures 
have been obtained in laboratory models. The size of the tube is no 
greater than that of a simple phototube. 

LIGHT 
SHIELD 

o:,-HOTOCATHODE 
IO=ANODE 
1-9= DY'NODES 

The phototube is the 
heart of most sound-picture 
systems. Its use is also 
general in "facsimile" sys­
tems which accomplish the 
transmission of pictures by 
wire or wireless. For this 
service, the picture is bro­
ken up into a series of ele­
ments in a fashion some­
what similar to that of a 
half tone and the light re­
flected from each element 

Fig. 11-Electrode structure of electro- is directed successively to 
statically focused electron multiplier (Janes 

and Glover). a phototube by some me-
chanical means. The time 

required to transmit a reproduction of a page of this size may be 
several minutes. For television, the requirement is, of course, to trans­
mit the reproduction almost instantaneously. 

For this purpose, a two-dimensional system is required; that is, 
all elements of a picture or a live scene must be scanned and transmitted 
within a time sufficiently short for the eye to recreate by persistence 

81 J. R. Pierce, "Electron multiplier design," Bell Lab. Rec., Vol. 16, 
pp. 805-809; May, 1988. 

GT V. K. Zworykin and J. Rajchman, "The electrostatic electron multi­
plier," Proc. 1.R.E., Vol. 27, pp. 558-565; September, 1989. 

88 J. A. Rajchman and R. L. Snyder, "An electrically focused multiplier 
phototube," Electnmica, Vol, 18, pp. 20-28, 58-60; December, 1940. 

ea R. B. Jane• and A. ll. Glover, "Recent developments in pbototubee," 
BCA Re1>iew, Vol. 6, pp, 43-54; July, 1941. 
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of vision the original picture from light signals supplied by the re­
producing mechanism to the eye. A photosurface consisting of a multi­
tude of sensitive elements is one ani,;wer to this problem70• The caesium­
oxygen-silver surface used is obtained by methods analogous to those 
previously described. However, the surface is broken up into a large 
number of individual elements by depositing the silver in a thin film 
upon a sheet of mica and heating the film until it coagulates into 
hemispherical lutnps of silver. The process from this point on is very 
similar to that used in phototubes. To obtain good resolution, no excess 
caesium may be left upon the mica, however, so that an amount less 
than that required for obtaining a maximum photosensitivity is usually 
employed. The surface may be processed further to match its char­
acteristics more nearly to the spectral response of the eye by the subse­
quent deposition of a very thin film of silveru. In other television 
pickup devices, it has been found desirable to make use of semitrans­
parent photocathodes deposited either upon the wall of the glass envel­
ope or upon a thin transparent sheet of mican,72_ The caesium-oxygen­
silver surface is again tnost universally used, although in this case 
the film is usually continuous. 

Little mention need be made of the countless applications of photo­
tubes in which the various surfaces described above have been incor­
porated. ln general, it may be said that a trend toward a more com­
pact design is apparent. Uniformity of ~onstruction and of character­
istics is a much-sought-after goal, toward which considerable progress 
has been made. 

The phototube has thus become a tool suitable for commercial use 
as a rugged, reliable, light-sensitive device. The considerable quantity 
of phototubes used by the motion-picture industry is evidence of this. 
For this application and, of course, for many others, the incandescent 
lamp has been the most suitable light source available. For use with 
this light source, the caesium-oxygen-silver surface is highly desirable, 
particularly if the lamp is operated at reduced voltage in order to 
provide increased life. On the other hand, for many applications, day­
light is the source of light to be detected, and in many chemical 
processes or in color sorting, blue or green light is the predominant 

'° V, K. Zworykin, G. A. Morton, and L. E. Flory, "Theory and per­
formance of the iconoscope," Proo. 1.R.E., Vol. 25, pp. 1071-1098; August, 
1937. 

71 C. C. I.anon and B. C. Gardner, "Image diuector," Electrrmioa, 
Vol. 12, pp. 24-2'1; October, 1989. 

1• Albert Rose and Harley Iams, "Television pickup tubes uiq low­
velocity electron-beam scanning," Proo. I.R.E,, Vol. 27, pp. 647-156; Sep­
tember, 1989. 
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color. In late years, several new sources of illumination have appeared 
such as the sodium-vapor lamp73, the high-pressure mercury arc, and 
fluorescent lamps. Since the available output from the phototube at a 
given wavelength is the product of the emission of the source and the 
sensitivity of the phototube at that wavelength, the over-all sensitivity 
curve of the combination may be measured or computed. The effect of 
the light source on the response of caesium-oxygen-silver and a potas­
sium-hydrogen cell is given in Fig. 12, showing the relatively high 
sensitivity of the caesium-oxygen-silver surface with an incandescent­
light source. For many applications, a phototube whose sensitivity 
matches that of the eye would be desirable. A close approach to this 
requirement has been obtained with various types of barrier-layer 
photovoltaic cells. However, when amplification of the output current 
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Fig. 12-Effect of light source upon the response of phototubes (Walker 
and Lance). 

is required, this type of cell is seldom suitable. In this case, the use 
of a phototube, together with the proper choice of filter, will be the 
more satisfactory solution. 
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which are available for a survey of the theory of the photoelectric effect. 
In addition, several surveys are listed on the photoconductive and photo­
voltaic effects which should be of value to anyone interested in the subject 
of photoelectricity. 
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A type of phototube is described in which the secondary electron emis­
sion from an auxiliary cathode (bombarded by the photoelectrons) is utilized 
to obtain amplification of the primary photocurrent. Phenomena of second­
ary emission, particularly as applied to the vacuum phototube, are discussed. 
The operating performance of a typical developmental embodiment is illus­
trated, and 1t is shown that its static sensitivity is comparable with that 
of a corresponding gas phototube; that as regards fidelity, it retains the 
freedom of the vacuum photo tube from the considerable loss in response at 
the higher audio frequencies which is inherent in the gas phototube; and 
that on the basis of noise produced by the microscopic fluctuations of its 
current, it is somewhat superior to the comparable gas tube, and approxi­
mately equivalent to a vacuum phototube having the same emission and 
fallowed by an amplifier having an over-all gain equivalent to the secondary 
emission amplification. Life tests indicate that the stability of these tubes 
is entirely comparable with that of the vacuum phototube, both as regards 
secondary emitter and photocathode behavior. In addition to the usual 
applications, various incidental uses of these phototubes are suggested. 

(10 pages,· 6 figures) 

* Decimal Classification: 535.38. 
t Proc. I. R. E., January, 1935. 

DEVELOPMENT OF CATHODE-RAY TUBES FOR 
OSCILLOGRAPHIC PURPOSES*t 

BY 

R. T. ORTH, P.A. RICHARDS, AND L.B. HEADRICK 

RCA Manufacturing Company, Inc., 
Harrison, N. J. 

Summarg 

Some typical electrical characteristics of a cathode-ray-tube electron 
gun are shown and the function of the various gun elements described. 
Light output, luminescent screen efficiency, space distribution of radiation, 
as well as decay and spectral distribution characteristics of willemite 
screens, are shown and the relations of the various factors discussed. The 

• Decimal Claasitication: R388, 
t Proc. I. R. E., Ncwember, 1986. 
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starting and dyna,mic cha,racteristics of the tube are discuBSed. Magnetic 
a,nd electrostatic deflection are discussed with regard to sensitivity, fre­
quency range of application, and impedance of deflection plates. In conclu­
sion, a few general precautions in the operating of cathode-ray tubes are 
given. 

(16 pages; 14 figures) 

THE ELECTRON-IMAGE TUBE, A MEANS FOR 
MAKING INFRARED IMAGES VISIBLE*t 

BY 

G. A. MORTON 

RCA Manufacturing Company, Inc., 
Camden, N. J. 

Summary 

The construction and theory of operation are described of the electron­
image tube, which consists of a photosensitive cathode, a fluorescent screen, 
and an electron-optical system which focuses the electron "image" from the 
cathode upon the viewing screen. Due to the wide spectral response of the 
cathode, the tube can be used to convert infrared, visible, or ultraviolet 
images into visible images upon the fluorescent screen. 

The electron optical system is discussed and its analogy to the conven­
tional optical system is shown. To reproduce an image faithfully the 
electron "lens" system must be corrected for various a,berrations. Methods 
of making these corrections are indicated, a,nd applications of the device are 
described. 

{10 pages,· 1ft figures) 

• Decimal Classification: R839. 
t Jour. Soc. Mot. Pie. Eng., September, 1936. 

THEORETICAL LIMITATIONS OF 
CATHODE-RAY TUBES*t 

BY 

DAVID B. LANGMUIR 

RCA Manufactwing Company, Inc., 
Harrllon, N. J. 

s,,....,., 
The cuN'ent denaitt1 in ti /oC'Uffd beam of cathode rat1• is sllowri to haw 

an uppw limit 46/ined 1J71 l = I. (Be/kT + I) Bin• ,, wAere I it tAe tt1Ganmum 
current densitt/ obtainable in tM f oc,ael, ,pot, I. it the ONf'f'ent densitf/ at 

• Decimal Clauification: R888. 
t Proo. I. R. E., AQ&'Wlt, 1987. 
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the cathode, E is the voltage at the focus relative to the ca.thode, T is the 
absolute temperature of the cathode, e is the electronic charge, k is Boltz­
mann's constant, and If) is the half angle subtended by the cone of electrons 
which converge on the focused spot. The cases in which the focused apot iB 
an image of the Cllthode, and in which it is a pupil, or "crossover'', are 
considered separately, and the above formula is shown to apply to both. 
The necessa1·y initial assumptions are (1) that electrons leave the cathode 
with a Maxwellian distribution of velocities, and (2) that the focusing 
system is free from aberrations and obeys the law of sines. Aberrations 
may reduce the current density, but nothing can raise it above the va.lue 
defined. 

In the Appendix the focusing properties of a uniform accelerating 
field are calculated. The virtual image of a plane cathode formed by suck 
a field suffers from spherical aberration. The diameter of the circle of least 
confusion formed by electrons from a single point is approximately equal 
to the distance the electrons can travel against the field by virtue of their 
initial velocities. This aberration may be the factor which limits the resol'IJ­
ing power of some kinds of electron microscopes. 

(15 paues; 6 figures; 1 table; 1 appendix) 

VACUUM-TUBE ENGINEERING 
FOR MOTION PICTURES*t 

BY 

L. C. HOLLANDS AND A. M. GLOVER 

RCA Manufacturing Company, Inc., 
Harrison, N. J. 

Srmunar11 

Manufacturing and developmental technics of vacuum tubes are de­
scribed with particular reference to their use in motion picture equipment. 
A brief discussion of how application requirements a,ffect the choice of 
materials, atructural design, and electrical characteristics of phototubes and 
amplifiers of both power and 'IJOltage types is included. How tubes are 
designed to meet specific needs is illustrated by reference to recent tube 
development.. Work on producing tubes ka'IJing low-hum, low-microphonica, 
and lo10-noise okaracteristicB is described as of special interest to the motion 
picture engineer, Tke pap#T closes with recommendations as to how to UH 
tubea to best ad'IJantage. 

(IO ~; I fi,gu'f'es; 1 table) 

"' Decimal ClaoiAeatiea: R881. 
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THE ELECTROSTATIC ELECTRON MUL TIPLIER*t 

BY 

V. K. ZWORYKIN AND J. A. RAJCHM:AN 

RCA Manufacturing Company, Inc., 
Camden, N. J. 

Summar11 

This paper describes the design of improved types of elecfl'on mnltip/iers 
in which the electrodes are so shaped and positioned as to pro11ide accurate 
electrostatic focusing and to minimize spare-charge limitations. The first 
section of the paper describes the general methods available for determining 
electron trajectories in electrostatic fields. The second section describes the 
details of design of several experimental self-focusing electron-multiplier 
tubes. 

(9 pages: 13 figures) 

• Decimal Classification: 535.38. 
t Proc. I. R. E., September, 1939. 

AN ELECTRICALLY-FOCUSED MULTIPLIER 
PHOTOTUBE*t 

BY 

J. A. RAJCHMAN AND R. L. SNYDER 

RCA ManufaL'turlng Company, Inc., 
Camden, N. J, 

Summarg 

A compact secondary-emission multiplier structure using curved targets 
or "dynodes" is described which develops a maximum current gain of over 
a million and a luminous sensitivity of over ten amperes per lum,m, with 
signal-to-noise ratio considerably better than conventional phototubes. This 
is a practical tube useful in sound-track reproduction, light-operated relays 
and the like. 

(6 pages; 10 figures) 

• Decimal Clasaiflcation: 535.88. 
t Electronioe, Decen,ber, 1940. 
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THE BEHAVIOR OF ELECTROSTATIC ELECTRON 
MULTIPLIERS AS A FUNCTION OF FREQUENCY*t 

BY 

L. MALTER 

RCA Manufacturing Company, Inc., 
Harrl~on, N. J, 

Summnrg 

This paper consists of a theoretical and experimental study of the 
frequency variation of transconductance of electrostatic elecfron multipliers. 
It is shown that the decrease of transconductance with frequency up to 500 
megacycles, the highest frequency studied, can be ascribed to a spread in 
transit angle resulting from the emission velocities of secondary electrons 
and the varying paths of electrons through the stages of the multiplier. The 
spread in transit angle may be represented by an equivalent angle that is 
linearly related to the total transit angle unless the latter is quite large. 

For a given scale and with multiplie1s of the form herein studied an 
upper limit can be set upon the frequency at which multipliers may be 
profitably employed. A brief analysis of the effect of leads within the tube 
is included. 

An upper limit of 2 X 10-9 second was set upon the time taken for the 
phenomenon of secondary emission to occur. 

(12 pages; 16 figures) 

* Decimal Classification: R139. 
t Proc. I. R. E., November, 1941. 

THE ORBITAL-BEAM SECONDARY-ELECTRON 
MULTIPLIER FOR ULTRA-HIGH-FREQUENCY 

AMPLIFICATION*t 

BY 

H. M. WAGNER AND W, R. FERRIS 

RCA Manufacturing Company, Inc., 
Harrison, N, J. 

Summnrg 

A developmental ultra-high-frequency receiving tube in which sec­
ondary-emission electron multiplication has been applied to a conventional 
high-transconductance tube structure to increase the transconductance 
without a corresponding increase in interelectrode capacitances and input 
conductance is described. It was designed primarily for wide-band amplifi­
cation at a frequency of approximately 500 megacycles, as required /01' 
television radio rela11 111stems. The tube uses con11entienal circuits and 
requires a. power sunly of leas than 400 volts. Tke structure adopted 
permits tke most elfioietit use of the 1econda,ri,-emi8rion multiplier con­
sisumt with satisfactori, life and good h.it,k-frequency performa.n.ce. 1'11.11 
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structure also permits the use of beam deff,ection to provide a convenient 
gain-control method, free from the input capacitance and conductance varia­
tiom attending the usual grid-bias control. A nO'IJel method of measuring 
interstage gain, involving the use of transmission lines, is discussed. 

(6 pages; 7 figures) 

• Decimal Clallsification: R330XR262.4. 
t P1oc. I. R. E., November, 1941. 

VOLTAGE-CONTROLLED ELECTRON 
MULTIPLIERS*t 

BY 

B. J. THOMPSON 

RCA Manufacturing Company, lnr., 
Hi1rrtson, N, J. 

Summary 

The application of secondary-emission multiplication to conventional 
grid-controlled amplifier tubes is discussed from the viewpoints of prac­
tical voltage gain per stage of amplification, signal-to-noise ratio, and 
ultra-high-frequency applications. It is pointed out that the gain per stage 
is limited by the practical output current and the quotient of transcon­
ductance by current (N) and that electron multiplication increases the gain 
only as it permits the attaining of higher values of N. If the output current 
is assumed to be to milliamperes and N is taken as 1 milliampere per volt 
per milliampere, the output transconductance would be to milliamperes ptr 
volt--little, if any, better than could be achieved without multiplication. If 
N is assumed to be 11.6 (the theoretical ma~imum for conventional grid 
control with a cathode temperature of 1000 degrees Kelvin) the output 
transconductance could be greater than !400 milliamperes per volt per mil­
liampere. Higher values of N might be attained by some other method of 
control. In this case, the ultimate limit of transconductance would be set 
by the difficulty in stabilizing the effective control-electrode bias voltage. 

The signal-to-noise ratio of the voltage-controlled multiplier is deter­
mined chieff,11 by the input system of the multiplier, the multiplier being a 
relatively noiseless amplifier following this input system. The. noise le11el 
of the input 81/Btem is determined by the input transconductance. If the 
use of a multiplier leads to reduced input transconductance, the noise level 
will be increased as compared with conventional tubes. 

The principal advantages to be attained from the use of the multiplier 
are found in ultra-high-frequency a.pplications where input loading and 
input capacitance are serious, The reduction in transconductance of the 
input s:r,atem for ,.i gi1'en oHr-aU go.in which is permissible let.ids to t.i eor­
r6f1)ondi,ig reduction of input conductance (whether arising from electrou­
tra'IIBit-time or lead effetJt.) ,.ind iupKt etipczcitance. 

(5 pages; B figu:res; 1 appndiai) 

• Decimal CJasaifteation: B.132. 
t PnHJ. I. R. E., November, 1941. 
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APPENDIX II 

LIST OF APPLICATION NOTES 

(1933-1941) 

While the RCA Application Notes published by the RCA Tube Department 
before World War II are out of print and extra copies are no longer 
available, the list below is included to provide a convenient additional 
reference source for the many organizations and engineers who have main­
tained files of the notes. 

NUMBER 

AN-1 

AN-2 

AN-3 

AN-4 

AN-5 
AN-6 

AN-7 
AN-8 

AN-9 
AN-10 
AN-11 
AN-12 

AN-13 

AN-14 
AN-15 
AN-16 

AN-17 
AN-18 
AN-19 

AN-20 

AN-21 

AN-22 

YEAR 
1933 

1933 

1933 

1933 

1933 
1933 

1933 
1933 

1933 
1933 
1988 
1933 

1933 

1938 
1983 
1933 

1933 
1933 
1933 

1933 

1933 

1983 

APPLICATION NOTES 

TITLE 

Use of the 77 as a Biased Detector with 100 
Volts Plate Supply 

Use of the 57 as a Biased Detector Resistance­
Coupled to a 2A5 

Use and Operation of the 2A7 and 6A7 as 
Pentagrid Converters 

The 2B7, 6B7, 55, 75, 77 & 85 as Resistance­
Coupled Audio-Frequency Amplifiers 

Application of the Type 79 Tube 
Higher Voltage Ratings for the 36, 37, 38, 

39/ 44, and 89 
250-Volt Rating for the 79 
2A6 as a Resistance-Coupled Audio-Frequency 

Amplifier 
Recent Advances in Tube Design 
Hum Elimination in Universal Receivers 
The Use and Operation of the 25Z5 
Half-Wave Operation of the 25Z5 with Sep­

arate Load Circuits for each Rectifier Unit 
Recommended Operating Conditions for the 38, 

41, 42, 43, and 89 
Operating Conditions for the Type 53 Tube 
The Operation of the Type 48 Tube as a Triode 
The Operation of the 2B7, or 6B7, as a Reflex 

Amplifier 
Special Applications of the Type 53 Tube 
Operation Conditions for the Type 19 Tube 
Operating Conditions for the 1A6 as an Oscil-

lator-Mixer 
An Increase in the Maximum Allowable Grid 

Resistor for Types 38, 41, 42, 89, and 2A5 
Operation Characteristics of the Type 1-v and 

the Type 12Z3 Tube 
The Operation of the 2A6, 2B7, 6B7, 55, 75, 77, 

and 85 as Resistance-Coupled Audio-Fre­
quency Amplifiers 

4.72 
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AN-28 

AN-24 
AN-25 

AN-26 

AN-27 

AN-28 
AN-29 

AN-80 
AN-81 

AN-82 

AN-83 
AN-34 
AN-35 

AN-36 
AN-37 
AN-38 

AN-39 

AN-40 
AN-41 
AN-42 

AN-43 

AN-44 
AN-45 

AN-46 

AN-47 

AN-48 

AN-49 

AN-50 
AN-51 
AN-52 

AN-58 

AN-54 

AN-55 

YEAR 
1988 

1988 
1938 

1933 

1933 

1933 
1933 

1934 
1934 

1934 

1934 
1934 
1934 

1934 
1934 
1934 

1934 

1934 
1934 
1934 

1934 

1934 
1935 

1935 

1985 

1985 

1935 

1935 
1935 
1935 

1935 

1935 

1985 
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TITLE 

The Operating Characteristics of the Type 84 
Tube 

Use of the 1A6 as a Half-Wave Diode-Tetrode 
Influence of Circuit Constants on Receiver Out­

put Noise 
The 37, 56, 57, and 77 Tubes as Resistance­

Coupled High-Voltage Amplifiers 
Use of Pentagrid Converter Tubes in Multi­

Range Receivers 
Special Applications of the Type 79 Tube 
Design of Audio Systems Employing Type 2A3 

Power Amplifier Triodes 
Characteristic& of the 6F7 Tube 
Operating Considerations of Cathode-Ray Tubes 

905 and 906 for Oscillographic Purposes 
Revision of Characteristics for the Type 48 

Tube 
RCA-800 in Class B Audio Amplifiers 
Characteristics of the 868 Phototube 
Triode Operation of Type 42 and Type 2A5 
Pentodes 
Lissajou's Figures 
100-Volt Operation of 6C6 and 6D6 Tubes 
A Simple Method for Converting Pentode Char­

acteristics 
The Design of a Voltage Supply for the 905 

and 906 Cathode-Ray Tubes 
High Power Output from Type 45 Tubes 
The 1C6 
Short-Cut Method for Determining Operating 

Conditions of Power Output Triodes 
Cathode-Ray Curve-Tracing Apparatus for 

Aligning Tuned Circuits 
Operating Conditions for the 6A6 
Use of the 57 or 6C6 to Obtain Negative Trans­

conductance and Negative Resistance 
The Design of Six-Volt Battery-Operated Re­

ceivers 
The Use of the 954 as a Vacuum-Tube Volt­

meter 
Graphical Determination of the Decrease in 

Inductance Produced by a Coil Shield 
Construction of a Top-Cap Shield for Metal 

Tubes 
Operation of the 6L7 as a Mixer Tube 
The 6F5 
Class AB Operation of Type 6F6 Tubes Con­

nected as Triodes 
The 6L7 as a Volume Expander for Phono­

graphs 
Class AB Operation of Type 6F6 Tubes Con­

nected as Pentodes 
Operation of the 6A8 
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NUMBER 

AN-66 
AN-67 
AN-68 
AN-69 
AN-60 
AN-61 

AN-62 

AN-63 
AN-64 
AN-65 
AN-66 

AN-67 
AN-68 

AN-69 
AN-70 

AN-71 

AN-72 

AN-73 
AN-74 

AN-75 
AN-76 

AN-77 
AN-78 

AN-79 

AN-80 
AN-81 
AN-82 
AN-83 

AN-84 
AN-86 
AN-86 
AN-87 
AN-88 
AN-89 
AN-90 

AN-91 
AN-92 

AN-93 

YEAR 

1936 
1936 
1936 
1936 
1936 
1936 

1936 

1936 
1936 
1936 
1936 

1937 
1937 

1937 
1937 

1937 

1937 

1937 
1937 

1937 
1937 

1937 
1937 

1937 

1937 
1937 
1938 
1938 

1938 
1938 
1938 
1988 
1938 
1988 
1988 

1938 
1988 

1988 

ELECTRON TUBES, Volume I 

TITLE 

Receiver Design 
The 6L7 as an R-F Amplier 
Receiver Design 
Operation of the 6Q7 
Operation of the 6L6 
The Conversion of a 6L6 Plate Family to New 

Screen Voltage Conditions 
A New Operating Condition for Two Type 6F6 

Tubes Connected as Pentodes 
A High-Gain Single-Tube Phase Inverter 
Inverse-Feedback Circuits for A-F Amplifiers 
Tuning-Indicator Circuits for the 6E6 and 6G6 
Equal Plate and Screen Voltage Operation of 

the 6L6 
Resistance-Coupled Audio-Frequency Amplifiers 
A 65-Watt Amplifier Using Two Type 6L6 

Tubes 
250-Volt, Low-Current Operation of the 6L6 
An Exposure Meter for Cathode-Ray Oscillo­

graphs 
Low-Current, High-Power Operation of Two 

6L6's Connected in Push-Pull 
A 40-Watt Operating Condition for Two Type 

6L6 Tubes 
Operation of the 25L6 in Typical Circuits 
A New High-Voltage Choke-Input Rating for 

the 6T4 
Receiver Design 
An Audio-Frequency Curve Tracer Using a 

Cathode-Ray Tube 
Dimensions of Popular Tube Types 
Use of the Plate Family in Vacuum-Tube 
Power-Output Calculations 
Significance of Ratings for Power Output 

Tubes 
Operation of the 6V6-G 
A Two-Terminal Oscillator 
Wide-Angle Tuning with the 6E5, 6G6, or 6U5 
Resistance-Coupled Amplifier Data for the 6L5-

G, 6T7-G, and 6S7-G 
The Operation of Phototubes 
Operation of the 6AC5-G 
Operation of the 6Y6-G 
The 6K8 - A New Converter Tube 
Hum in Heater-Type Tubes 
Receiver Design 
Resistance-Cou_J>led Amplifier Data :for the 6C8-

G, 6F8-G, 6J5, 6J5-G, and 6Z7-G 
Operation o:f the Gas-Triode 0A4-G 
Operation of the Imi,roved Type 906 Cathode­

Bay Tabe at Low Voltages 
An Invene-Feedback Circuit for Resistance­

Coupled Amplitlers 
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NUMBER YEAR TITLE 
AN-94 1938 Operation of the 6AF6-G 
AN-95 1988 Operating Positions of Receiving Tubes 
AN-96 1938 A Voltage Regulator for D-C Power Supplies 
AN-97 1938 A Self-Balancing Phase-Inverter Circuit 
AN-98 1938 The Operation of Single-Ended Tubes 
AN-99 1938 Revision of 6K8 Ratings 
AN-100 1938 Operation of the 6SA 7 
AN-101 1939 Input Loading of Receiving 

Frequencies 
Tubes at Radio 

AN-102 1939 The 6SK7 as an I-F Amplifier 
AN-103 1939 Operation of the 35L6-GT 
AN-104 1939 A Television Bibliography and RMA Television 

Standards 
AN-105 1939 A Change in Maximum Ratings of Receiver 

Tubes 
AN-106 1940 The RCA Miniature Tubes 
AN-107 1940 A Miniature-Tube Hearing-Aid Amplifier for 

use with an Air-Conduction Earpiece 
AN-108 1940 Effect of Temperature on Frequency of 6J5 

Oscillator 
AN-109 1940 Operation of Fifty Milliampere Tubes by the 

117N7-GT 
AN-110 1941 Instantaneous Plate-Voltage Capability of 

RCA-6L6 
AN-111 1941 The New High-Transconductance R-F Pentode 

RCA-6SG7 
AN-112 1941 Use of the RCA-6SF7 
AN-113 1941 Precaution in Assembly of Receivers Employ-

ing Button-Base Tubes 
AN-114 1941 Use of Cushioned Sockets in Small Receivers 
AN-115 1941 A Discussion of Noise in Portable Receivers 
AN-116 1941 Properties of Untuned R-F Amplifier Stages 
AN-117 1941 Design Precaution for Oscillators Employing 

Filament-Type Tubes 








